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We prove that in some families of com-
pact there are no universal elements.

It is also shown that...

Some relevant counterexamples are in-
dicated.

We wish to investigate ...

Our purpose is to ...

It is of interest to know whether...
We are interested in finding ...

It is natural to try to relate to ...

This work was intended as an attempt
to motivate (at motivating) ...

The aim of this paper is to bring to-
gether two areas in which ...

we review some of the standard facts
on ...

we have compiled some basic facts ...

we summarize without proofs the rele-
vant material on ...

we give a brief exposition of ...
we briefly sketch .....

we set up notation and terminology.

we discuss (study/treat/examine) the
case...
we introduce the notion of

we develop the theory of ...
we will look more closely at ...

we will be concerned with ...

it is shown that some of the recent re-
sults are ...

it is shown that reviewed in a more gen-
eral setting,

it is shown that some applications are
indicated,

w
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thiéu

Ta chiing minh géng trong mét sb ho
compact khong ton tai cac phan ti toan
the.

N6 ciing chi ra rang

Mot s6 thi du ¢6 lién quan dudc chi ra.

Ta mudn khao sat ....

Muc dich cta ching ta la ...

biéu quan tdm dudc biét khi ma...
Ta quan tam t6i viéc tim kiém ...
Diéu tu nhién 14 thi quan hé véi .

Céng trinh nay dugc cha y nhu su cb
ging thic déy ...

Muc dich ctia bai bdo nay 13 két hop hai
Inhx vuce trong d6 ma ....

Ta t8ng quan lai mét s6 dit kién co ban
trén ....

Ta da két hop mét sb yéu t co ban

Ta tém tit khong ching minh vat chat
c6 lién quan trén ...

Ta dua ra giai thich ngin vé ...

Ta tom tat ...

Ta dua ra ky hiéu va dinh nghia.

Ta thdo luin trusng hop ...

Ta gi6i thiéu ky hiéu caa

Ta phat trién dinh ly cta ....

Ta xem xét vin dé gén voi ..

Ta sé thuc hién lién quan v6i ..

Diéu nay chi ra rang mét sb ket qua
hién thoi la ...

Diéu nay chi ra su téng quan trong viéc
thiét 1ap tong quan hon,

Diéu nay cho thdy mét sb tng dung
dugc chi ra,



Nguyén Hitu Pién - Thudt ngit Todn hoc - huudien@vnu.edu.vn 6

25.

26.

27.

28.

29.

30.

31.

32.

33.

34.

35.

36.

37.

38.

39.

40.

41.
42.

43.

44.

45.

46.
47.
48.
49.

it is shown that our main results are
stated and proved.

Section 4 contains a brief summary (a
discussion) of ...

Section 4 deals with (discusses) the
case

Section 4 is intended to motivate our
investigation of ...

Section 4 is devoted to the study of ...

Section 4 provides a detailed exposition
of ...

Section 4 establishes the relation be-
tween ...

Section 4 presents some preliminaries.

We will touch only a few aspects of the
theory.

We will restrict our attention (the dis-
cussion/ourselves) to ...

It is not our purpose to study

No attempt has been made here to de-
velop

It is possible that but we will not de-
velop this point here.

A more complete theory may be ob-
tained by...

However, this topic exceeds the scope
of this paper,

However, we will not use this fact in
any essential way.

The basic (main) idea is to apply ...

The basic (main) geometric ingredient
is...

The crucial fact is that the norm satis-
fies

Our proof involves looking at

The proof is based on the concept of
similar in spirit to

The proof is adapted from

The aim of this paper is ...

The purpose of this paper is ...

In this paper we shall be concerned
with ...
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Diéu nay chi ra két qua chinh ctia chiing
ta da dudc phat biéu va chiing minh.
Doan 4 ¢6 téng quan ngin (mot thao
luén) cua ...

Doan 4 dé cip t6i trudng hop nay (thdo
luan)

Doan 4 1y do thiic ddy nghién cttu clia
chung to6i theo ...

Doan 4 danh cho viéc nghién ctu cta

Doan 4 Cung cip su mo ta chi tiét clia
Doan 4 thiét 14p quan hé giita ...

Doan 4 trinh bay mot s6 van dé khéi
dau.

Ta sé dé cip dén mét vai khia canh ctia
dinh Iy;

Ta sé gi6i han chd y clia chiing ta (thdo
ludn ctia chiing ta) t6i ...

Day khong phai 1a muc dich ctia chiing
ta nghién ctu.

Ta khong nd luc dé€ phat trién & day.

D6 14 diéu c6 kha ning, nhung ta khéng
phat trién diém d6 & day.
Dinh Iy diy dt hon c6 thé nhan duge tit

Tuy nhién, cht dé nay vuot qua linh vuc
ctia bai bao nay;,

Tuy nhién, ta sé khong dung dit kién
nay trong moi cach can thiét.

Y tudng cd sé (chinh) 1a ap dung ...

Y tudng co sé (chinh) hinh hoc hop
thanh 1a ...

Yéu t6 cht yéu 14 chudn théa mén ...

Chitng minh ctia chling ta bao ham xem
X€t ...

Chting minh dya trén co s6 khai niém
tuong tu trong tinh than

CHting minh dudc bé sung thém tit
Muc tiéu cta bai nay la ...

Muc dich cta bai nay la ...

Trong bai nay ta sé dé cép tdi ...
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The paper addresses one of these ques-
tions.

we shall deal with ...
We propose in this paper to desirable ...

The paper deals with this and some
closely rolated problems.

The present section will be devoted to
developing a method ...

This paper presents some results con-
cerning ...

The problem to be considered in this
paper is that of designing ...

The paper is intended to emphasize ...

The problem of concern is ...

Specifically, the paper is concerned
with the description of ...

Such questions are worth careful atten-
tion.

The problem has received much (little)
attention from ...

This problem has attracted much (a
great deal of) attention.

Up to now ...

Up to the present ...

In recent years ...

Since the appearance of the paper, ...
Since the publication of these results, ...
It is well known that ...

It has long been known that ...

To our knowledge ...

as far as we know ...

The best known method ...

... a long known theorem

... a little known result of ...

... a long standing problem

In order to study ...

The present paper is a contnuation of
an earlier one.

We shall restrict ourselves to the case ...
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Bai nay ban vé mot trong nhitng vin dé
ay.

Chiing ta sé ban vé ...

Trong bai nay ta dé cap dén viéc mé ta
Bai nay xét t6i vAn dé dé va mét sb vin
dé khac c6 lién quan chat ché véi nd.
Muc nay dudec danh dé xdy dung
phuong phap ...

Bai nay trinh bay mét sb két qua vé

Van dé s€ dugc dé cép trong bai nay 1a
viéc thiét ke ...

Bai bdo nham nhin manh ...

Vin dé ta quan tAm 13 ...

Cu thé, bai bao dé cip dén viéc mé ta

Npﬁ’ng vAn dé nhu thé dang dugc chi y
can than.
VAn dé di nhan dugc nhiéu (it) su quan
tAm ctla ...
VAn dé nay di thu hat dude nhiéu su
chay.
Cho dén nay ...
Cho dén nay ...
Trong may nim gan dy ...
Tit khi xuét hién bai bao 4y ...
Ti khi c6ng b nhitng két qua Ay, ...
Moi ngudi déu biét ré ring ...
Ngudi ta da biét tit lau 1a ...
Theo chd hiéu biét ctia ching ti ...
nhu chiing t6i biét ...
Phuong phéap dugc biét nhiéu nhét...
.. mot dinh 1y da biét tit 1au
.. mot két qua it dugc biét cta ...
.. mdt vin dé ton tai tit lau
Dé& nghién citu ...
Bai nay 14 tiép tuc ctia mot bai trude.

Ta sé tu gi6i han trong truong hop ...
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For convenience, we shall restrict our-
selves to problem with ... only, the in-
clusion of ... causes no difficulties, and
all of the results go through with minor
modifications.

For brevity of presentation we shall ...

For simplicity of exposition ...

In what follows we shall be concerned
not no much with ... as with ...

To improve upon these shortcomings ...

To overcome this difficulty

To circumvent this difficulty

For emphasis and clarity, we note that
throughout this paper C' is not assumed
to be ...

It should be noted that ...

It makes sense to consider ...

The problem will be considered in more
detail (in greater detail) in ... specifi-
cally ... More specifically, ...

The interested reader is refered to [.]
for more details.

We shall study this phenomenon in
some detail (in great detail, in greater
detail).

We refer to Auman [.] for a complete
treatment of the problem.

Results of this nature may be found in

Our approach includes as special cases
all previously published approaches to
generalized inverses of linear opera-
tors.

In addition, it provides new results
for generalized inverses in the case of
normed spaces.

These results are included here for the
sake of completeness.

As one might expect, ...

Next 93.7 we shall be proving still
more, viz. that (3.2) is necessary for the
truth of (3.1) for all sets of two vari-
ables.
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D€ thuén tién, ta chi han ché trén vin
dé véi ..., viee dua thém ... vao khong
gdy thém kho khin gi, va tit ca két qua
con ding véi vai thay déi nhd.

DE viéc trinh bay dude ngidn gon, ta sé

DéE don gian viéc trinh bay ...

Du6i déy ching ta sé khong dé cap t6i
... nhiéu nhu 1a t6i ...

D& sita chita nhiing thiéu sét nay ...

D€ khac phuc khé khin dé

D& vuot qua khé khin dé

D€ nhdn manh va 1am sang sta, ta luu
y rang trong suot bai nay C khong can
phai gié thiét 1a ...

Nén chil y rang ...

C6 y nghia dé xét ...

Vin dé sé dugc xem xét ti mi hon trong
...cuthéla ... Cuthé hon ...

Doc gid ndo mudn c6 thé tham khao chi
tiét hon trong [.]

Ta s€ nghién cGu hién tugng nay véi it
nhiéu chi tiét (mét cach thét chi tiét,
mot cach chi tiét hon).

Xin xem mét cong trinh nghién ctiu day
da vé vAn dé nay trong tac phidm [.] clia
Auman.

Nhitng két qua vé loai d6 c6 thé tim
théy trong ...

Cach tiép cin ctia ching t6i bao ham,
nhu 14 nhitng trudng hop riéng, tit ca
cac cach tiép cin da c6 truée day vé
nghich ddo suy réng ctia cic toan ti
tuyén tinh.

Thém vao d6, né con cho nhiing két
qua méi vé nghich ddo suy réng trong
truong hop khong gian dinh chuén.

D& cho day df, cac két qua dé ciing
dudc ké ra day.

Nhu c6 thé chd doi, ...

O €3.7 dubi day ching ta sé ching
minh con nhiéu hon 13 (3.2) 13 cin dé
cho (3.1) dling v6i moi tap hai bién.
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Such theorems can be proved without
appeal to any concretely defined ho-
mology theory.

Our task is to investigate how this the-
ory may be extended to any finite num-
ber of factors.

We emphasize that ...

It is sometimes relevant to know
whether or not a function can be found
which vanishes on C.

We propose now to examine a more
general framework in which the discus-
sion of absolute continuity still makes
sense.

The situation is different if we allow
negative coefficients.

It can happen that ...

What sense, in this case, can we make
of the expression for u(F) ?

Loosely speaking, a measurable kernel
of asetis ...

Our procedure can be outlined as fol-
lows.

We shall occasionnally make use of ...
So far we have concerned ourselves
only with ... We return now to its varia-
tion under changes of y.

When speaking of kernels we will al-
ways be implying tacitly that the cate-
gory in question has a zero, for other-
wise the terms make no sense.

The author claims as new only theo-
rems ...

For wider applicability of the results, lo-
cal convexity is not assumed.

We give two examples to show the mo-
tivation for the definition of ...

At this point we remark that ...

In a sense quadratic methods are the
most natural.

The problems arising here are similar
mathematically to those encountered
(met) in the calculus of variations.

99.

100.

101.
102.

103.

104.

105.
106.

107.

108.

1009.

110.
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113.

114.

115.
116.

117.

Nhitng dinh 1y nhu thé cé thé ching
minh ma khéng cin dung t6i mét ly
thuyét dong déu nao xiy dung mét cach
cu thé.

Nhiém vu chtng ta la khao sat xem ly
thuéts nay c6 thé mé rong cho mot sb
hitu han bat ky nhén t&t dudc khéng.
Chiing ta nhan manh rang ...

Doi khi ta can biét liéu c6 thé tim dudc
mot ham triét tiéu trén C chang.

Bay gid ta dé nghi xét mot khudn khé
tong quat hon, trong d6 con c6 nghia
dé ban t6i su lién tuc tuyét doi.

Tinh hinh khéc di néu cho phép cac hé
s6 am.

Cothéxayrala ...

Trong truong hop d6 c6 thé gan cho
biéu thitc 1(E) y nghia gi ?

No6i dai khai, mot hat nhan do dudc ctia
mot tap la ...

Thii tuc clia chiing t6i ¢6 thé mo ta dai
thé nhu sau.

Thinh thoang c6 khi ta dung ...

CHo dén déy ta chi méi quan tdm dén
... By gi6 ta chuyén qua su bién thién
ctia n6 khi y thay déi.

Khi néi vé hat nhén ta sé luén luén hiéu
ngdm rang pham tru dugde xét téi cd
mot vat khéng, vi néu trai lai thi cac
thuét nglt khéng con y nghia nita.

Téc gia chi khing dinh 13 méi cac dinh
ly ...

DE cac két qua c6 kha ning tng dung
rong rai hon, ta khéng gia thiaats tinh
16i dia phuong.

Ta dua ra hai vi du d€ néu r6 1y do din
dén dinh nghia ...

T6i day ta dé y rang ...

Theo moét nghia nao dé cac phuong
phép béc hai 14 tu nhién nhét.

Cac bai toan ndy ra & diy ciling tuong
tu vé mit toan hoc nhu nhiing bai ton
gip trong phép bién phan.
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133.
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Bary and Menchoff succeeded in char-
acterizing completely the class of func-
tions expressible as superpositions of ...

In the rest of this paper ....

In the remaining part of this paper ...

Both conditions suffer from the serious
defect, with regard to numerical appli-
cation that they are not generally possi-
ble to verify computationally.
Convexity has been dealt with in detail
in many places, and the reader is ref-
ered to [.] for fuller development.

In a sense which will be made pre-
cise.

This theorem is more of theorical value
than practical use.

The rationale for modifying H is ...

There is reason to believe ...

There are weighty reasons, soon appar-
ent, why one does not want to consdere
merely the class of all convex functions
having ...

This is the reason for using the
quadratic function.

In addition to giving many new and
more general results, we hope that ...

As an application, let A be linear ....
The notation of a ring-module has, in
recent years, come to be regarded as
one of the most important in modern
algebra

These our results will apply after any
necessary minor modifications have
been made.

To bridge the gap between ...

This theory sheds a considerable light
on the sources of ...

The analogy is deeper than it seems.

On first glance it might appear that ...
Such considerationss apart, the reasons
for prefering one method over the other
seem to be a matter of taste.

118.
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123. ...

124.

125.

126.
127.

128.
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131.

132.

133.

134.

135.

136.
137.

Bary va Menchoff da thanh cong trong
viéc déc trung hoan toan 16p cac ham
¢6 thé biéu dién thanh ham hop cla ...
Trong phén con lai ctia bai ...

Trong phn con lai cta bai ...

Ca hai déu kién déu €6 mot nhuge diém
quan trong, dLrng vé phuong dién Lrng
dung sb tri 1a néi chung khong thé kiém
tra ching bang tinh toan.

V@ tinh 16i d4 c6 nhiéu tai liéu trinh bay
chi tiét, va doc gid ndo mubn hiéu day
dd hon xin tham khao [.].

theo mot nghia ma sau day sé dudgc
chinh xac hoéa.

Pinh 1y ndy c6 gia tri Iy thuyét nhiéu
hon 1a tac dung thuc tién.

Ly do dé sira d6i H 1a ...

Ta ¢6 1y do dé tin rang ...

Cé nhiéu 1y do xac dang ma lat nita sé
rd, giai thich tai sao ta khong mudn chi
xét don gian 16p cac ham 16i ¢6 ...

b6 1a 1y do vi sao ta dung ham hoan
phuong.

Ngoal viéc dua ra nhiéu két qua mdi va
téng quat hon, ching t6i hy vong riang

DE (ing dung, gia st A tuyén tinh ...
Khai niém modul vanh nhitng nim gan
day da dan dan dugc xem nhu 1a mét
trong nhitng khai niém quan trong nhat
clia dai s6 hién dai.

Nhitng két qua d6 ctia ching tdi sé ap
dung dudc sau khi di 1am mét sb sira
d6i nhé cén thiét.

DE bic cau qua hé ngén cach gitia ...

Ly thuyet dé do nhiéu anh sang vao
nguon goc cla .

Su tuong tu con sdu sic hon vé bé
ngoai.

M6i nhin qua c6 thé tuéng nhu.

Trit nhitng su suy xét do, cac ly do
dé€ chon phlIOng phap nay hay pthdng
phap kia c¢6 vé chi la van dé s6 thich
tiing nguoi.
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There is little difference between the
two ...

In general, the space B(X,Y), although
of interest by its own right, does not
play nearly as dominant a role in cur
theory as that of the normed dual of X.

It is still an open question whether A is
empty or not.

The question arises as to whether this
local solution ccan be extended to the
entire interval.

The question arises as to what happen
if ...
It is natural to ask whether ...

One can raise two questions about po-
tential functions.

The answer is in the affirmative.

During the last several decades math-
ematical programming has risen to be-
come one of the most important tools
available for dealing with certain types
of large scale problems.

a notion which will be of atmost
importance when we later turn to the
specification of what are called "theo-
rems of the alternatives"

A very simple, but in no way trivial fact

A second reason for interest in closed-
ness criteria is the bearing they have on
the existence of solutions to extremum
problems.

Before embaking on the general resolu-
tion of the problem, let us briefly con-
sider the geometry of the problem.

A general attack on problem (1) would
be at least as difficult to carry through
as the corresponding attack on prob-
lems having only equality constraints ...

Generally, things are arranged so that

We restate the problem in an alterna-
tive form that is essentially equivalent
yet hopefully more amenable to solu-
tion.

138.

139.

140.

141.

142.

143.
144.

145.
146.

147. ...

148.

149.

150.

151.

152.

153.

Khéng c6 may khéc biét gifta hai cai ...

No6i chung, Khong gian B(X,Y) tuy
tw n6 c6 tAm quan trong riéng, khong
déng mét vai tro gan nhu chit dao trong
Iy thuyét ctia ching ta nhu 1a d6i ngiu
dinh chuén clia X.

VAn dé con mé 1a liéu A c6 rbng hay
khoéng.

Nay ra cAu hoi la liéu nghiém dia
phuong nay c6 thé khuyéch ra toan
khoang hay khong.

Nay ra cAu héi 14 cai gi xay ra néu ...

CAu héi tu nhién 1a liéu ...
Cé thé dit ra hai cAu héi vé cac ham thé

Cau tra 16i 1a khing dinh.

Trong may thap nién gin day, quy hoic
toan hoc da n6i 1én thanh mot trong sb
cac cong cu quan trong nhét c6 thé st
dung dé nghién citu mot sb bai toan ¢
16n.

Mo6t khai niém sau nay sé€ co y
nghia quan trong bac nhét khi ching ta
chuyén sang phat biéu nhitng ménh da
goi 13 "dinh 1y vé cac kha ning".

Mot su kién rit don gian nhung khong
tAm thudng chit ndo.

Mot Iy do thtt hai khién ngudi ta chi y
dén céc tiéu chuéin déng 1a mbi lién hé
clia chiing d6i véi su ton tai nghiém ctia
cac bai toan cuc tri.

Trude khi bat tay vao giai bai toan mot
cach téng quat, ta hiy xét so lude hinh
hoc ctia bai toan.

Mot viée tAn céng tdng quéat vao bai
toan (1) it ra cling sé khé khan ngang
nhu 14 tAn céng vao cac bai toan chi c¢6
rang budc déng thitc.

Noi chung, su viéc dugde thu xép sao cho

Ta phat biéu lai bai toan duéi mét dang
khdc, tuy cdn ban ciing tuong duong,
nhung c6 hy vong dé tim ra 16i giai hon.
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154.

155.

156.

157. ...

158.

159.

160.

161.

162.

163.

164.

Benders was one of the first to appreci-
ate the importance of ...

A space may be locally metrisable and
still fail to be paracompact.

We may inquire into whether or not
these two categories are mutually ex-
clusive.

and investigate to what extent the
linear theory is carried over to the non-
linear case.

It is therefore of interest to know under
what conditions ...

In answer to this question, consider the
following ...

We shall take this up in the next chap-
ter.

This will be taken up in the next chap-
ter.

For making the purpose and usefulness
of ... more apparent, illustrative exam-
ples will be used.

Section 1 is devoted to the discussion of

The first section deals with ..., section 2
gives some results on ..., and section 3
studies ...

154.

155.

156.

157. ...

Benters 1a mét trong nhitng ngusi du
tién da nhén thiic tAm quan trong ctia

Mot khong gian coa thé metric héa dia
phuong dude nhung vin khéng para-
compac.

Ta c6 thé khao sat d€ xem liéu hai pham
tri1 4y c6 loai trit 14n nhau khéng.

va khdo sat xem Iy thuyét tuyén
tinh c6 thé chuyén sang truéng hop phi
tuyén dén mtic do nao.

158. Vi thé ciing 14 thd vi khi biét véi diéu

159.

160.

161.

162.

163.

164.

kién nao ...
/\7 N, . n . 7 7
Dé trd 16i cAu hoi dod ta xét ...

Ta sé ban dén diéu nay trong chuong
sau.

Cai nay sé dugc xét t6i trong chuong
sau.

DE lam r6 hon muc dich va ich 16i ctia
..., nhiing vi du minh hoa sé dugc dua
ra.

Doan 1 danh cho viéc thao luén ...

Poan diu ban vé ..., doan tht hai cho
mot sO két qua vé ... va doan th 3
nghién ctu ...
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cho mét s6 binh luén c6 ich ¢6 lién quan
toi ...

cho viéc vé 1én nhitng cht y cla tac gia
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Chuong 3

Notations - Ky hiéu

186. Let X denote ...

187. Let X be ....
188. Denote by X a locally convex space

189. X will denote ...

190. By X we alway mean a separated lo-
cally convex space.
191. Define X to be ...

192. Throughout this paper ...

193. Throughout the forthcoming, unless
otherwise specified, we shall denote by
X alocally convex space.

194. Unless otherwise stated, throughout
this section, A will denote ...

195. From now on ...

196. The notation ... will mean ...

197. We write f ~ g to mean that the func-
tions f and g are equivalent.

198. > _[...], where the sum extends over all
combinations (e) of n zeros and ones.

199. f(x) = 27 Qx, where the super-script T’
denotes transposition.

200. Two vertices are said to be adjacent if

201. We shall adopt the following notation

202. Our terminology and notation are as in
[.]
203. In the tranditional terminology; ....

204. We shall continue using the notation of
section 4.

205. Before coming to the definition we
should clarify some of our notation.

206. For simplicity of notation ...
207. For the sake of simplicity ...

208. For the sake of convenience ...

186. Cho X ky hiéu ...

187.Cho X la ...

188.Ky hiéu X 1a mét khong gian 16i dia
phuong.

189. X sé ky hiéu ...

190. Ta luén hiéu X 1a mét khéng gian 16i
dia phuong tach.

191. Dinh nghia X 1a ...

192. Trong subt bai nay ...

193. Tit day tré di néu khéng néi lai mét cach
khéc, ta sé hiéu X 13 mot khong gian 16
dia phuong.

194. Trut khi dinh nghia lai mot cach khac,
con trong subt muc nay A sé ky hiéu ...

195. Tt day trd di ...

196. Ky hiéu ... s€ c6 nghia la ...

197. Ta viét f ~ g d€ chi riing cdc ham f va
g la tuong duong.

198. 3", [...], trong t&ng l4y theo tét ca cac t&
hop (e) gdbm n s6 0 va sb 1.

199. ..., trong d6 chit T phia trén dong chi
su chuyén vi.

200. Hai dinh dugc goi 14 ké néu ...

201. Chung ta sé dung cach ky hiéu sau ...

202. Thuat ngit va ky hiéu ctia ching ta s&
giong nhu trong [.]

203. Trong thudt ngit truyén thng, ...

204. Ta sé tép tuc st dung cach ky hiéu ctia
muc 4.

205. Trudc khi di vao dinh nghia ta sé lam ro
mot sO ky hiéu ctia chiing ta.

206. D& viéc ky hiéu dudc don gian ...

207. Dé don gian ...

208. D& thudn tién ...
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209. We shall find it convenient to employ ...

210. We shall write f™ for fV if convenient.

211. We abbreviate dzydxs....dx,, by dx, and
similarly for dy

212. We also write (FE,d) for the complex
(E;,d;), or even more briefy, we write
simply F.

213.In the sequel we shall identify p with
the triple [z, r, M].

214. We shall understand by a Lambda-
module.

215. A vector v € U will be written as u =
(ul, veuy Un).

216. We shall denote by ||.||x the norm of
space X (the subscript will be deleted
if no confusion is possible).

217. When no confusion can arise, we write

218. Without fear of confusion we can omit
the index i on d; and write just d.

219. barM = ..., where the bar indicates the
topological closure.

220. = ..., where the title indicates ....

221. ... where B stands for the unit ball

222. A map F' from X into Y, in symbols,
F:X—=Y,is..

223. The last written symbol
224. Notation being as before, we have ...

225. We assume that the reader is famil-
iar with the terminology of elementary
topology.

209. Ta sé thy thuén tién khi st dung ...

210. Ta sé viét /™ thay cho fV néu tién.

211. Ta viét ta“'lt’ dz1dxs....dx, la dz va tuong
tu nhu thé doi véi dy.

212. Ta cling viét (E,d) thay cho b6 (E;, di,),
hoac thamk chi ngan gon hon ta viéet
don gian la E.

213. Dudi déy ta sé dong nhit p v6i bd ba
[0, 7, M].

214.Ta sé hiéu A-modun l1a mot A-modun

trai.
215.Véc tou € U sé dudc viét 13 u =
(ul,...,un).

216. Ta s& ky hiéu ||.||x 14 chuéin cta khong
gian X (chit X & chi so dugc bd di néu
khoéng thé nham 14n).

217. Khi khong thé nham 14n, ta viét ...

218. Khong sg nhém,lfm ta c6 thé bd chisb i
6 trong d; va viét gon la d.

219.barM = ..., & day dau gach trén dung
dé chi bao dong t6 po.

220. & day diu nga dung dé chi ...

221. ... 6 d6 B 14 hinh ciu don vi.

222. Mot anh xa F' tt X vao Y, v6i ky hiéu
F:X—-Y,la..

223. Ky hiéu viét sau cling

224. Ky hiéu van nhu trén ta c6 ...

225. Ta gia thiét doc gia da quen thudc véi
thuét nglt ctia to pd so cap.
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Chuong 4

Assumptions - Gia thiét

226. We will make (need) the following as-
sumptions: ...

227. From now on we make the assumption:

228. The following assumption will be
needed throughout the paper.

229. Our basic assumption is the following.

230. Unless otherwise stated (Until further
notice) we assume that ...

231. In the remainder of this section we as-
sume (require) g to be ...

232.In order to get asymptotic results, it is
necessary to put some restrictions on f

233. We shall make two standing assump-
tions on the maps under consideration.

234. It is required (assumed) that ...

235. The requirement on g is that ...

236. ..., where g is subject to the condition
Lg=0.

237. ..., where g satisfies the condition Lg =
0.

238. ..., where g is merely required to be pos-
itive.

239. Let us orient M by the requirement that
g be positive. [Note the infinitive.]

240. Let us orient M by requiring g to be ...

241. Let us orient M by imposing the condi-
tion: ...

242. (4) holds for (provided/whenever/only
in case) p # 1.

243. (4) holds unless p = 1.

244. (4) holds under the condition (hypoth-
esis) that ...

245. (4) holds under the more general as-
sumption that ...

246. (4) holds under some further restric-
tions on ...

226.Ta sé dit (can) nhiing gia thiét sau

228. Nhitng giai thiét sau cin cho subt bai
bao nay.

229. Gia thiét co sé clia chiing ta 12 sau day.

230. Khong diéq gl trai lai (Cho t6i khi noi
gl) ta gia tiét rang ...

231. Phan con lai cia doan nay ta gia thiét
(doi héi) g la .....

232. D& nhan cac két qua tiém can, can thiét
dat mot so han che trén f.

233.Ta sé lam hai gia thiét co ban trén van
dé ta xem xét.

234.Doi héi rang ....

235.Doi héitrén g la ...

236. ..., 6 ddy ¢ la dbi tuong diéu kién Lg =
0.

237...., 6 diy g thda man diéu kién Lg = 0.

238. ..., 8 diy g dudc doi héi la duong.

239.Ta dinh huéng M doi héi rang ¢ la
duong.

240. Ta dinh huéng M doi hoigla ...

241. Ta huéng M bdi diéu kién ...

242. (4) ding cho (mién 13/khi ma/chi trong
truong hop) p # 1.

243. (4) dung tru khip = 1.

244. (4) dtng véi diéu kién (gia thiét) 13 ....

245. (4) dling véi gia thiét tdng quat hon 1a

246. (4) dtng v6i mét sé diéu kién han ché
trén ....
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247.

248.

249.
250.

251.

252.
253.

254.

255.

256.

257.

258.

259.

260.

261.

262.

263.

264.

265.

266.

267.

268.
269.

270.

271.

(4) holds under additional (weaker) as-
sumptions.

F satisfies (fails to satisfy) the assump-
tions of ...

F has the desired (asserted) properties,
F provides the desired dirfeomor-
phism.

F still satisfies (need not satisfy) the re-
quirement that ...

F meets this condition,

F' does not necessarily have this prop-
erty,

F satisfies all the other conditions for
membership of X.

There is no loss of generality in assum-
ing ...

Without loss (restriction) of generality
we can assume ...

This involves no loss of generality.

We can certainly assume that, since oth-
erwise ...

We can certainly assume that, for .... [=
because]

We can certainly assume that, for if not,
we replace ...

We can certainly assume that. Indeed,

Neither the hypothesis nor the conclu-
sion is affected if we replace ...

By choosing b = @ we may actually as-
sume that ...

If f = 1, which we may assume, then ...
For simplicity (convenience) we ignore
the dependence of F' on g¢. [E.g. in no-
tation]

It is convenient to choose ...

We can assume, by decreasing k if nec-
essary, that ...

F meets S transversally, say at F'(0).

There exists a minimal element, say n,
of F.
G acts on H as a multiple (say n) of V.

For definiteness (To be specific), con-
sider ...

247.

248.

249.
250.

251.

252.
253.

254.

255.

256.

257.

258.

259.

260.

261.

262.

263.

264.

265.

266.

267.

268.
269.

270.

271.

(4) dtng véi gia thiét thém (yéu hon).

F 'ghéa man (khong thda mén) cac gia
thiét caa ...

F dé nghi (dua vao) tinh chit,

F dugc cho 13 d3 hét.

F vAn théa man (khéng cAn khdéa man)
doi héila ...

F ¢6 diéu kién nay,

F khéng cén c6 tinh chét nay,

F thda mén tht ca nhitng diéu kién khéc
cho thanh vién cta X.
Khong mat tinh téng quét ta gia thiét....

Khong mét tinh téng quat ta c6 thé gia
thiét ...
Diéu nay khéng 1am mét tinh t6ng quat.

Ta c6 thé gia thiét chic chin diéu d6, vi
ngudc lai ...

Ta c6 thé gia thiét chic chin diéu do,
V6i ...

Ta c6 thé gia t}}iét chic chin diéu dé,
néu khong ta doi ....

Ta c6 thé gia thiét chic chin diéu do,
that vay, ...

Hodc gia thiét hodc két luén khéng con
tu nhién nita néu ta thay ....

Bang cach chon b = a ta c6 thé tit nhién
gia thiétla ...

Néu f = 1 ma ta c6 thé gia thiét thi...
D& don gian (thun tién) ta b qua phu
thudc ctia F vao g.

Thuén tién ta chon ...

Ta c6 thé gia thiét bing gidm k néu can,
la ...

F diqua S, cu thé tai F(0).

Ton tai phan t nhé nhét, cho d6 1a n,
cta F.

G tac dong 1én H nhu boi (goila n) cha
V.

V6i x4c dinh (D€ chi ra), ta xét ...
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272. This condition is not particularly re-
strictive,

273. This condition is surprisingly mild.

274. This condition admits (rules
out/excludes) elements of ...

275. This condition is essential to the proof.

276. This condition cannot be weakened (re-
laxed/improved/omitted/dropped).

277. The theorem is true if "open" is deleted
from the hypotheses.

278. The assumption is superfluous (redun-
dant/unnecessarily restrictive).

279.The map [ will be viewed (re-
garded/thought of) as a functor ... (as
realizing ...)

280. From now on we think of L as being
constant.

281. From now on we regard f as a map
from ...

282. From now on we tacitly assume that ...

283. It is understood that r # 1.

284. We adopt (adhere to) the convention
that 0/0 = 0.

272. Qiéu kién nay khong co6 khia canh thuc
te

273. biéu kién nay la dang ngac nhién.

274. Diéu kién nay thu vio cac phan tit cla

275. biéu kién nay 1a can thiét cho chitng
minh.
276. biéu kién nay khéng thé yéu hon.

277. Dinh Iy con ding néu "'md" duoc bé di
tlr gia thiét.
278. Gia thiét 1a qua can thiét (rudm rd).

279. Anh xa f sé dugc nhin nhén (xem xét/
suy ra) nhu ham s6 ...

280. Tit béy gid ta cho 1a L 1a hang sb.
281. Tut by gio ta ta xem f nhu anh xa tu ....

282. Tit béy gid ta ngdm hiéu ring ...

283. Pa dudc hifu 1a r # 1.

284. Ta b6 qua (thém vao) quy dinh 1a 0/0 =
0



Chuong 5

Definition - Dinh nghia

285. A set S is dense if ...
286. A set S is called (said to be) dense if ...

287. We call a set dense if ...

288. We call m the product measure. [Note:
The term defined appears last]

289. The function f is given (defined) by
f=

290. Let f be given (defined) by f =

291. We define 7' to be AB + CD.

292. This map is defined by requiring f to be
constant on ...

293. This map is defined by the requirement
that f be constant on .... [Note the in-
finitive.]

294. This map is defined by I imposing the
following condition:

295. The length of a sequence is, by defini-
tion, the number of ...

296. The length of T', denoted by [(T"), is de-
fined to be ...

297. By the length of 7" we mean ...

298. Before stating the main theorem we
first define ...

299. A function F is said to be ... if ...

300. Recall that a directional derivative is
defined as follows ...

301. With this in mind, define the ... as fol-
lows ...

302. Modifying the well-known definition of

303. Basing on the the fact that ... one can
define ...

304. ..., where F), is the operator defined in-
ductively by ...

305. For the purpose of the present paper, a
more limited definition of ... is used.

285. Tap S 13 trit mat néu ...

286. TAp S dudc goi 1a trii mét néu ...
287. Ta goi mot tip tril mét néu ...
288. Ta goi m la do do tich.

289. Ham sb f dudc cho béi f =

290. Cho f béi f =

291. Ta dinh nghia 7' 1a AB + CD.

292. Anh xa ndy dugc dinh nghia doi hdi f
la hang so trén ...

293. Anh xa nay dudc dinh nghia bdi doi héi
f hang so trén ...

294. Anh xa nay dudc xac dinh béi t6i gan
thém diéu kién sau day.

295. D6 dai ctia mot day theo dinh nghia la
s6 clia ...

296. DO déi‘cﬁa T, ky hiéu b6i [(T), duge xac
dinh bang ....

297. Bang d6 dai cta 7, ta theo nghia ...

298. Trudc khi phat bi€u dinh ly chinh ta sé
dinh nghia ...

299. Ham sb F dugc goi 14 ... néu ...

300. Nhic lai rang dao ham theo hudng
dugc dinh nghia nhu sau ...

301. Nhé diéu dé, dinh nghia ... nhu sau ...

302. Stra déi dinh nghia quen biét ctia ...

303.Dua trén su kién 1a ... ta c6 thé dinh
nghia ...

304. ..., 8 d6 F, la toan t& dugc dinh nghia
theo qui nap bang ...

305.Do muc dich cia bai nay, mét dinh
nghia han ché hon cta ... dugde stt dung.
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306. Motivated by this fact, we introduce the
following notion.

307. These notions wll be needed in subse-
quent chapters.

308. ... are called the lower and the upper
base of I" respectively.

309. Consequently, writing g(z) = g¢g(x)
whenever & = =(x) unabigously de-
fines a function g.

310. Corresponding to each point z there is
a Baire open set V(x)...

311. To say that H* in coproduct preserving
is equivalent to saying that ...

312. By a complex is meant a sequence ...

313. By a simplex we mean ...

314. The translation is uniquely determined
to within a homotopy

315. We shall refer to this as the canonical
transformation.

316. The function s that assigns to x the im-
age s(x) of ...

317. Instead of saying that a translation is
inessential we can equally wel say that
it is null homotopic.

318. This important definition require a bit
of explanation and justification.

319. This notion requires some extra back-
ground material for its definition.

320. ... will often be used

321. We are now going to defined

322. We now turn to the definition of ...

323. We shall need in the sequel ...

324. Each one of its vertices ...

325. Every one of its faces ...

326. Let there now be given a complex ....

327. ... a complex without a boundary

328. ... a space without a topology

329. The following lemma states one of the
most important properties of ...

330. The main tool for our proofs will be the
following Lemma.

331. The next theorem will be fundamental
in this paper.

306. Do ¢6 su kién do, chung ta dua vao khai
niém sau.

307. Ta sé cAn nhitng khéi niém d6 trong cac
chuong sau.

308. ... dugc goi, theo thit tu 1a co sé dudi va
o s6 trén cta P.

309. Vi vay, viét g(x) = g(z) mbi khi & =
7(x), ta sé xac dinh khong nhap nhang
ham 4.

310. Tuong ting v6i mbi diém 2 c6 mot tap
md Baire V(z) ...

311. Bao rang H* bao toan ddi tich 14 tuong
duong véi bio rang ...

312. Mot phtic dugc hiéu 1a 1a mot day ...

313. M6t don hinh dudc hiéu 1a ...

314. Phép tinh tién dudc xac dinh duy nhét,
chi sai khac mét phép dong luan.

315.Ta s& goi phép bién déi d6 14 phép bién
doi chinh tac.

316. Ham s dit tuong ting v6i x anh s(z) clia

317. Thay vi néi ring mét phép tinh tién 13
khong cot yéu ta c6 thé noi no la dong
luan khong.

318. Dinh nghia quan trong nay cin c6 d6i
chtit giai thich va bién minh.

319.Khai niém nay doi hdi mét s6 diéu
chuéan bi thém truée khi dinh nghia.

320. ... sé thudng dugce dung.

321. Ta sap stia dinh nghia

322. Bay gi¢ ta chuyén sang dinh nghia ...

323. Trong phan sau ta sé cin dén ...

324. Mé&i dinh ctia no ...

325. Méi dién ctia no ...

326. Bay gio cho mdt phtc hinh ...

327. ... mot phtic hinh khong c6 bién.

328. ... mot khong gian khong co to po.

329.BS dé sau phat bi€u mét trong nhitng
tinh chat quan trong nhat cta ...

330. Cong cu chinh trong chltng minh cda ta
sé 1a bo dé sau.

331. Dinh ly sau sé la cd ban trong bai nay.
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332. This lemma will play a crucial role in
the following development.

333. The results can be summarized as fol-
lows.

334. The following theorem is a sharpening
of the results in ...

335. The following theorem generalizes (ex-
tends) a result of ...

336. The theorem reads as follows.

337. The theorem can be stated (formu-
lated) as follows.

338. Under suitable hypotheses ...

339. Under these conditions, ...

340. In order that ..., a sufficient and neces-
sary condition is that ...

341. In order that ..., it is necessary and suf-
ficient that ...

342.If F is chosen so that ..., then all the
following assertions hold.

343. There exists a function f satisfying ...

344. There exists a function f such that ...

345. There exists a function f with the prop-
erty that ...

346. There exists a set (G, neither empty nor
the whole space, which is both open
and closed.

347. The following conditions are equivalent
348. Let there be given a set A ...

349. Assume the hypotheses of theorem 2.1;
in addition assume that ...

350. Under the stated assumption
351. Under the hypotheses of ...

352. The assumption ... may be dropped.

353. In this section we make the blanket as-
sumption that ...

354. A sufficient condition that (1) hold is
that ...

355. No assumptions are made about {y*}
accept that the sequence is contained in
D.

356. This assumption is not too considera-
tion ...

357. The problem under consideration ...

358. Assume, furthermore, that ...

332.B6 dé nay sé déng vai tro then chét
trong phan sau day.
333. Két qua c6 thé dugce tém tit nhu sau.

334 Pinh 1y sau ddy la su mai sic cac két

qua trong ...
335. Dinh ly sau day téng quat (mé réng) két
qua cta ...

336. Dinh Iy nay phat biéu nhu sau.
337. Dinh Iy nay c6 thé phat biéu nhu sau.

338. V6i nhitng gia thiét thich hop ...
339. Trong diéu kién do, ...
340. D€ ..., diéu kién cAn va da 1 ...

341.D€ ..., cAnvadala ...

342. Néu F' dugc chon sao cho ..., thi nhitng
diéu khang dinh sau day la dang.

343.Ton tai ham f théa mén ...

344, Ton tai ham f sao cho ...

345. Ton tai ham f véi tinh chét 14 ...

346.Ton tai tip G, khong réng va ciing
khong trung toan bo khéng gian ma vira
déng vira mé.

347. Cac diéu kién sau day la tuong duong.

348. Cho trude tap A ...

349. V6i nhiing gid thiét ctia dinh 1y 2.1 va
ngoai ra gia thiét thém rang ...

350. Vi gid thiét da néu

351. V6i gia thiét vé...

352. Gia thiét ... c6 thé bé.

353. Trong phan nay ta gia thiét bao trum 1a

354. Diéu kién da d€ ¢6 (1) 1a ...

355. Khong c6 gia thiét nao vé day {y*}, trit
viéc n6 phéi nam trong D.

356. Gia thiét d6 khong qué ngit, vi rang ...

357. VAn dé dang xét ...
358. Gia thiét thém nita ring ...
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359.
360.

361.
362.

363.

364.

365.

360. ...

367.

368.

369.

370.

371.

372.

373.
374.

375.

376.
377.

378.

379.

380.

Assume, in addition, that ...
Conversely, the converse inclusion.

In the converse direction ...

Note, however, that the converse of this
statement need not necessarily hold.

A setis closed if ..., or, equivalently; if ...

A set is open if ..., or, which amounts to

the same, if ...

f can be factored as Af'IuB, with
/' an epimorphism and v a monomor-
phism.
has precisely (exactly, just) one ele-
ment.

Then ker o« = ker S« in the sense that if
either side is defined the so is the other
and they are equal.

However, A; and A; may be isomorphic
objects without being isomorphic sub-
objects of A.

There may be an isomorphism ~ : A; ~
A, without it being true that oI is the
same «;.

This property provides a useful alterna-
tive to the original definition of closed
sets.

It may happen that ...
then we say that ...

Should this be so

The rules for taking the product ...

A group consisting of 0 alone.

The only case in which rule 1 fails is
when F'is ...

In so doing, we are led to a generaliza-
tion ...

The theorem can be restated as follows.
The halfline emanating from a in the di-
rection of the vector b.

The are emanating frmo x
tained in D.

0 and con-

A local optimum may fail to be a global
one.

In dealing with modules we are, above
all, concerned with certain objects and
certain natural mappings of these ob-
jects ...

359.
360.

361.
362.

363.

364.

365.

366. ...

367.

368.

369.

370.

371.

372.

373.
374.

375.

376.
377.

378.

379.

380.

Gia thiét thém vio, ring ...

Ngudgc lai, bao ham thiic ngugc lai.
Theo chiéu ngudc lai ...

Tuy nhién dé€ ¥ ring dao dé cia ménh
dé nay khéng dung.
Mot tip 1a déng néu ... hay, mot cach
tuong duong, néu

Mot tap 1a md néu ..., hay, néi mét cach
khéc, cling tuong duong, néu ...

f 6 thé phan tach thanhAf'Iu B, v6i
f’ 1a mot toan cau va u la mét don cau.

¢6 vita ding mot phan t.

Khi a ay ker o = ker o, theo nghla 1a néu
mot Ve dugc xac dinh thi vé kia cling
thé va hai vé bang nhau.

Tuy nhién, A, va A co thé 1a d6i tugng
dang chu, ma van khong phai 1a dbi
tuong con dang ciu clia A.

C6 thé c6 mot dang clu v : A1 ~ A
ma oo van khéng phai 1a déng nhét
V(,)l .

Tinh chét nay cho ta mét dinh nghia
méi c6 ich, khac véi dinh nghia gbc vé
tap dong.

Co the xay ra la ... Néu nhu véy thi ta
néi rang ..
Cac quy tic dé 14y tich ...

M6t nhém chi gom 0 ma théi.

Trudng hop duy nhit ma quy tic 1
khong dung la khi F'1a ...

Lam nhu thé, ta di ¢én mét khai quét ...

Dinh 1y c¢6 thé phat biéu lai nhu sau.
Ntta dudng thdng phat xuit tit a theo
phuong vec té b.

Cung di tir 2° va chita trong D.

Mot tbi uu dia phuong ¢ thé khéng
phai 1 ti wu toan cuc.

Khi nghién cttu vé mo dun ta quan tim
truée hét dén nhitng d6i tuong va anh
xa tu nhién cta cac vat do ...
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381. As will be seen shortly

382. As will be proved later

383. To illustrate this, consider ...

384. It should be borne in mind that ...

385. In actual practice

386. The previous section

387. The foregoing section

388. The first two requirements ...

389. As previously indicated, ...

390. This theorem was first established by ...

391. ... when y is temporarily held fixed.

392. ... according to whether U is complete
or not.

393. Depending on the choice of the interpo-
lation points, there are numerous possi-
ble different specific methods.

394. ... with arbitrary accuracy.

395. We extend F' to R" by setting Fi(x) to
be F(z) if x € C, 0 otherwise.

396. ... for the mapping f concerned

397. ... where the continuity is with respect
to the strong topology of H.

398. There must exist distinct points z; and
29 in D whose connecting line segment
contains a point of C.

399. The ball of radius r centered at .

400. The ball of radius r around z.

401. If two closed convex sets C' and D each
have O as an interior point and are
bounded, then the radial projection of
C on D is a contracting mapping in C
and is also an homeomorphism.

402. As small as we please

403. In using the procedure one determines
from this bound whether z,, is accept-
able and, if not, reduces n and solves

again ...

404. ... for any interval of sufficiently small
diameter.

405. There exists ay, ..., a,, not all zero, such
that ...

381. Nhu sé thiy ro ngay sau day

382. Nhu sé dudc chiing minh dudi day.
383. & minh hoa diéu nay, ta xét ...
384. CAn phai lu6n ludn nhé réng ...
385. Trong thuc hanh

386. Doan truéc

387. Doan trudc

388. Hai doi héi thi nhét ...

389. Nhu da chira & trén, ...

390. binh 1y nay thiét 14p dau tién béi
391. ... khi y dugc tam thdi gitt ¢b dinh.
392. ... tuy theo U la d hay khéng.

393. Tity theo cach chon cac diém noi suy, ta
¢6 thé c6 nhiéu phuong phap dic thu
khac nhau.

394. ... v6i d6 chinh xac tuy y.

395. Ta khuyéch F ra toan R" béng cach dit
Fi(z) bing F(z) néu z € C va bing
(néu trai lai.

396. ... d6i v6i 4nh xa f ma ta xét.

397. ... trong d6 su lién tuc dude hiéu theo
t6 p6 manh cta H.

398. Phai ton tai hai diém phan biét 21 va 2
trong D ma doan thang nbi lién chiing
¢6 chita mét diém ctia C.

399. Hinh cAu bén kinh r, tdm & .

400. Hinh cu ban kinh 7, tim & z.

401. Néu C, D 14 hai tap 16i dong ma mdi cai
déu nhén 0 1am diém trong va déu bi
chin, thi phép chiéu tia tit C 1én D 1a
mot anh xa co trong C va cling la mot
phép ddng phoi.

402. Nhé bao nhiéu tuy y

403. Khi dung tht tuc nay ta dua vao cin dé
dé x4c dinh xem x,, c6 thé chip nhan
dugc khong, va néu khong, thi gidm n
va lai gidi ...

404. ... v6i mbi khoang c6 duong kinh da
nho.

405. C6 ton tai cac sb o, ..., o, khong ddng
thoi bang 0, sao cho ...
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406. Taking conditional probabilities 406. LAy cac xac sudt c6 diéu kién cfing
amounts to choosing H as a new tuong duong v6i chon H lam khong
sample space. gian chon mau méi.



Chuong 6

Proof steps - Cac budc chirng minh

407. We are now in a position to prove the
following theorem.

408. We shall begin with showing that ...
409. We begin by establishing ...

410. We first observe that ...

411. We proceed now to establish the funda-
mental result ...

412. Evidently, Obviously, Clearly
413. It is obvious that ...
414. It is plain that ...

415. It is clear that ...

416.1t is easy to prove (show, see, check,
verify, ...) that ...

417. 1t is easily seen that ...

418. It is easily be seen that ...

419. As an immediate consequence of Theo-
rem 1 we have ...b

420. Lemmas 5 and 6 immediately give the
first assertion of the Theorem.

421. The Theorem now follows from apply-
ing Corollary 2.

422. The first part of this Proposition is es-
sentially Lemma 2 in [.].

423. The second part of the Proposition is
obtained from ...

424. We invoke Theorem 8 to deduce that ...
425. By virtue of Lemma 2.1 one can ...

426. In view of the lemma above, there is ...
427. Taking Lemma 3 into account we get ...

428. Taking account of Lemma 3, we get ...

429.1t follows from Fubini’s Theorem ap-
plied to indicator function that ...

430. This Theorem can be proved by re-
peated application of Lemma 1.2.

407. By gi0 chiing ta di sin sang dé chiing
minh dinh ly sau day.

408. Ta sé bit ddu bing viéc chi ra ring ...

409. Ta sé bat du bang viéc thiét 14p....

410. Truée tién ta nhin xét rang ...

411. By gi0 ta chuyén sang thiét 1ap két qua
co ban ...

412. D& théy, Hién nhién, RS rang.

413.Hién nhién 1a ...

414.Rorang la ...

415.Ro rang la ...

416. D@; dang ching minh(chi ra, nhan thiy,
kiém tra, thit lai) 1a ...

417. Dé théy rang ...

418. C6 thé dé théy ring ....

419. Nhu mét hé qua clia truc tiép ctia Pinh
lyltaco..

420. Cac bf;\ dé 5 va 6 cho ngay diéu khing
dinh dau tién caa Dinh ly nay.

421. By gio dinh ly dudc suy ra bang cach
ap dung Hé qua 2.

422, thén‘déu clia ménh dé nay thuc chét 13
Bo6 dé 2 trong [.].

423. PAn tht hai cia ménh dé nhan duge tit

424. Ta dua vao Dinh 1y 8 dé suy ra rang ...

425.Do B8 dé 2.1, ta c6 thé ...

426. Do B6 dé trén, ta 6 ...

427.C4 y B8 dé 3 ta nhén dudc ...

428.Cli y B& dé 3 ta nhan dudc ...

429. Tt dinh 1y Fubini &p dung cho ham chi
dinh suy ra rang ...

430. binh ly nay c6 Eh@ chiing minh bi‘ir\lg
cach ap dung B6 dé 1.2 lap lai nhiéu
lan.
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431. We can now combine the results of The-
orem 5.1 with the method of ... and ob-
tain the following theorem.

432. Arguing as in ... we can ...

433. It follows readily from ... that

434. To do this we shall utilize the results ob-
tained in ...

435. That fact follows from (2) and the ob-
servation that At tends to 0.

436. Equality (6) follows from replacing «
by v in (3).

437. This follows from (1) with alpha in
place of j.

438. Substituting from (3) and (4) in (2)
yields ...

439. Combining (5),
(yields) ...

440. ... which together with (2.1) implies
that ...

441. we now apply (1.3) with A playing the
role of ...

442 Defining @Q; in term of F;, as () is de-
fined in term of I, one has ...

443. In exactly the same way, but replacing
@ by A and interchanging the role of
x,y, we have ...

444. In the same way as in ....

445. By an argument analogous (similar) to
the previous one. We get ...

446. By an argument analogous to that used
for the proof of Theorem 1 ...

447. In the case ... the proof is analogous to
the one above.

448. According to the method of ...

449. The main tool for our proof will be the
following Lemma.

450. The main tool we shall use to derive our
results utilizes the following concepts.

(6) and (7) gives

451. Assume the contrary, that ...
452. In the contrary case ...
453. Otherwise ...

454. Were this false, there would exist ...
455_1If it were not so, then we should have

431. By gio ta c6 thé két hop cac két qua
cta dinh ly 5.1 v6i phuong phép cta ...
va thu duogc ...

432. Ly luan nhu trong ... ta c6 thé ....

433.Tit ... suy ra ngay rang ...

434. P& 1am viéc d6 ta sé dung cac két qua
nhan dudc trong ...

435, Diéu‘dé dudc suy ra tir (2) va tu nhan
xét rang At tién t6i 0.

436. Dezmg thic (6) suy ra tu (3) bin cach
thay o bdi ).

437. Diéu d6 suy ra tit (1) v6i alpha thay cho
0.

438.Viéc thay (3) va (4) vao (2) cho ta ...

439. Két hop (5), (6) va (7) ta c6 ...

440. ... diéu d6 cting véi (2.1), cho phép suy
ra rang ...

441.Bay gio ap dung (1.3) v6i A dong vai
tro cuaa ...

442, binh nghia @, theo F;, nhu @ da dugdc
dinh nghia theo F, ta c6 ...

443. Bing chinh cach 4y, nhung thay Q bing
A va d6i vai tro clia 7,y ta ¢6 ...

444. Ciing bang cach nhu trong ...

445. Bing lap luan tuong tu (gibng) 1ap luin
trén. Ta nhan dudgc...

446. Bang 1ap luan tuong tu nhu lap luin
dung dé chitng minh Dinh Iy 1 ...

447. Trong trudng hgp ... cach chitng minh
tuong tu nhu trén.

448. Theo phuong phap cta ...

449.Cong cu chinh clia ching ta trong
chiing minh sé 13 BS dé sau.

450. Cong cu chinh ma ching ta sé dung dé
suy ra cac két qua st dung cac khai
niém sau.

451. Gia st ngugc lai 1a ...

452. Trong truong hop ngudc lai ...

453. Trong truong hop ngudc lai ...

454. Néu diéu d6 sai, thi sé ton tai ...

455. Néu khong nhu thé thi ching ta sé ¢
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456. If this were not so, there would be ...
457. This contradicts the hypothesis.

458. Which contradicts ...

459. Which contradicts with ...

460. We thus arrive at a contradiction.

461. from which the contradiction ... would
arise

462. The assumption that ... now leads to
a contradiction by the same reasoning
used in the proof of (8).

463. Since (7) is clearly violated (13) holds

464. Since ..., one of the conditions (3), (5),
(7) and (9) must fail

465. But this shows that ..., a contradiction.

466. Since {«,, } must satisfy (3)

467. Since ¢ is arbitrary chosen, we get ...

468. This is incompatible with A being dis-
joint from D

469. That (2) = (1) is trivial, so ...
470. Consequently, Therefore, Hence
471. Since ..., it follows that ...

472. Observe, further, that ...

473. We prove first the necessity of the con-
dition.
474. We now turn to the proof of sufficiency.

475. The "if" part ...
476. The "only if" part ...

477. Conditions (1) through (5) ....

478. Assuming the condition (1) fulfilled, we
shall show that ...

479. Now, by the above ...
480. ... as shown above.

481. It has already been shown that...
482. We have thus proved that ...

483. We have remarked before on the fact
that ...

484. Using the results just obtained we ...

456. Néu khong nhu thé thi sé ¢6 ...

457 Diéu d6 trai véi gia thiét.

458. Diéu d6 tréi véi ...

459. (ma) diéu dé mau thuin véi ...

460. Nhu thé chiing ta di t6i mau thuén.
461. ma tit 6 mau thuln ... sé xay ra.

462. Gia thiét ... bay gid dn t6i miu thuin
béi chinh 14p ludn da dung trong ching
minh (8).

463. Vi ro rang (7) bi vi pham, nén (13) la
dung.

464.Vi ... nén mét trong nhitng diéu kién
(3), (5), (7) va (9) phai khéng dung.

465. Nhung diéu d6 chi ra ring .. miu
thuan.

466. Vi {c,, } phai thda man (3).

467.Vi e dugc chon tuy y nén ta co ...

468. Diéu d6 mau thuln véi viée A khong cd
diém chung v6i D.

469. Diéu (2) = (1) 1a thm thutng, vay ...

470. Cho nén, T d6, Do do.

471.Vi ... nén suy ra rang ...

472. Sau nita, ta nhin xét rang ...

473. Truée hét ta ching minh tinh can cta
diéu kién.

474. Bdy gi0 ta quay sang chiing minh tinh
da.

475. Phan "néu" ...

476. Phén "chi néu" ...

477. Céc diéu kién tit (1) dén (5) ...

478. Gia st diéu kién (1) dudc thda man, ta
sé chi ra rang ...

479. By gi®, qua nhiing diéu kién trén ...

480. ... nhu da dugc chiing minh 6 trén.

481. G trén da chirala ...

482. Nhu thé ching ta da chitng minh dugc
la

483. Ta d4 nhan xét & trén vé su viéc 13 ...

484. Stt dung cac két qua vita thu dudgc, ta ...
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485.
486.

487.

488.
489.

490.

491.

492.
493.

494,

495.

496.

497.

498.

499.

500.
501.

502.

503.

504.

505.

506.

507.

508.
509.

By the results just mentioned.

With this fact in hand, we can prove the
following proposition.

The result above shows ..., the next the-
orem in addition shows that ...

The next observation shows that ...

By translating if necessary we may as-
sume that z = 0.

In view of the preceding remark, we
can limit attention to methods ...

We shall confine our attention to the
case, where ...

It suffices to treat the case where ...

Then, by taking a subsequence, if nec-
essary, we can assume that ....

By passing to an appropriate subse-
quence and renumbering if necessary,
let us assume that the sequence is con-
vergent.

Proceeding to a subsequence, if neces-
sary, we may assume that ...

Dropping to a subsequence, if neces-
sary, (9) shows that ...

Along a subsequence n’ we have M,,, <
2...

Taking C to be the class of all sequences
of form (1) we obtain ...

We pick p so large that ...

Given any « > 0, we can choose

For the validity of Lemma 1 it is enough
to suppose merely that o > 1.

Without loss of generality we may as-
sume that ...

We shall omit the easy proof of the fol-
lowing properties of ...

For the final assertion of the proposi-
tion, observe that ...

The problem is now reduced to proving
that ...

To complete the proof it remains to
show that ...

There remains the question of suitable
choice of ...

To this end, we remark ...

It is worth noticing that ...

485.
486.

487.

488.
4809.

490.

491.

492.
493.

494,

405.

496.

497.

498.

499.

500.
501.

502.

503.

504.

505.

506.

507.

508.
509.

Qua céc két qua vira ké téi.

Cé san sy kién do, ta co thé chiing minh
ménh dé sau day.

Két qua & trén cho théy ..., con dinh Iy
tiép sau déy sé chi thém la ...

Nhan xét tiép theo cho théy ring ...
Bﬁng tinh tién néu cin c6 thé gia thiét
rang z = 0.

Do nhén xét trén, ta chi cin gi6i han su
quan tim t6i cac phuong phap ...

Ta sé han ché su chd y vao trudng hop
ma ...

Chi can xét trudng hop ma.

Khi éy, bvéng cégh léy day con néu can,
ta ¢6 thé gia thiét.

Bang cach chgyén qua day con thich
hgp va danh s6 lai néu can, ta hay gia
st 1a ddy hoi tu.

Chuyég qua day con, néu can ta c6 thé
gia thiét rang ...

Rut lai mot day con, néu c6 (9) chira
rang ...

Subt thay day con n’ ta c6 M, < 2.

Liy C 1a 16p tat ca cac day dang (1) ta
nhan dugc ...

Ta l4y ra p d 16n sao cho ...

Cho truée a > 0, ta ¢6 thé chon ....

BS dé 1 ¢6 hiéu luc, chi can gia thiét 14
a > 1.

Khéng mét tinh t6ng quat ta c6 thé gia
thiét rang ...

Ta s& b qua chling minh dé dang cac
tinh chat sau déy cua ...

Dbi v6i fiiéu khing dinh cubi cling clia
ménh dé, hay luu y rang ...

Ltc nay van dé rat lai chi con chiing
minh rang ...

D& hoan thanh viéc chting minh chi con
phai chi ra rang ...

Con lai vAn dé 1a chon thich hop ...

Nham muc dich d6, ta ch y ...
bang ghi nhén la ...
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510.It holds that | f(y)| < e
511. We attempt to show that ...

512. We infer that ...
513. We then have the desired properties.

514. Since [ is finite, the proposition fol-
lows.

515. This completes (concludes) the proof.

516. The proof is complete.

517. The proof is straight-forward.

518. The proof parallels that of Theorem 10
and will be omitted.

519. ... as was to be shown.

520. We use our results to derive an impor-
tant extension of Theorem [].

521. ... a result which we shall have oppor-
tunity to use later.

522. The function f, besides being measur-
able, is summable.

523. The function L is defined to be constant
except for jumps at the points a; (i =
1,2,...,N).

524. The function attains the lower bound of
its values on this set.

525. f may not be defined on all of X.

526. We now wish to remove these restric-
tions.

527. The proof is by a standard compactness
argument

528. If, as is usually the case, A is invertible,
then ....

529. Observe, in passing, that K; and K> lie
in opposite half-spaces determined by
H.

530. The proof is by induction on the dimen-
sion of the subspace.

531. As the next step, we claim that ...

532. We contend that ...

533. We now set out to prove this assertion,
along the way we shall establish a few
other equivalent properties.

510. Ta cd | f(y)| <e.

511.Ta sé gang chi ra rang ...

512. Ta két ludn ring ...

513. Khi. 4y ta c6 nhiing tinh chit mong
muon.

514.Vi 8 1a hitu han, ménh dé di duoc
chiing minh.

515.Diéu d6 hoan thanh (két thic) viée
chting minh.

516. Chiing minh d& xong.

517. Chitng minh 13 ttc khic.

518. Chting minh gibng nhu dbi véi Dinh 1y
10 va sé khong trinh bay & day.

519. ... d6 chinh 13 cai can chitng minh.

520. Ta stt dung két qua ctia minh dé€ suy ra
mot md rong quan trong cua Dinh 1y [].

521. ... mot két qua ma ta sé c6 st dung sau
nay.

522. Ham f khong nhiing do dudc con kha
tong.

523. Ham F' dugc xac dinh la ham const
trit nhitng budc nhay cac diém a; (i =
1,2,..,N).

524. Ham 4y dat cAn dudi clia cac gia tri clia
no trén tap nay.

525. f ¢6 thé khong xac dinh trén toan b
X.

526. Bay gid ta mudn bd di cac han ché dé.

527. Chitng minh bang 14p luin quen thudc
dua trén tinh compact.

528.Néu nhu thudng hay xay ra A kha
nghich, thi ...

529. Nhan diy ta nhin xét rang K; va K,
nam trong cac nita khong gian d6i nhau
xac dinh bdi.

530. Chitng minh bang quy nap theo thit
nguyén cta khong gian.

531. Budc tiép theo, ta khang dinh rang ...

532.Ta khﬁng dinh rang ...

533.Biy gid ta bat diu chiing minh diéu
khing dinh d6, doc dudng ta sé thiét
14p mét sb tinh chit tuong duong khac.
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Chuong 7
Mot so quy tac doc ky hiéu

534. 4+ 534. plus

535. — 535. minus

536. = 536. plus or minus

537. X 537. multiplication sign (sign of multiplica-
tion)

538.: 538. division sign (sign of division)



Chu’dng 8
Mot sO quy tac nglt phap

8.1. Note definite article

1.Meaning "mentioned earlier", "that":
Let A C X.If B = 0 for every B intersecting the set A, then ..

Define exp x = Z The series can easily be shown to converge.
2. In front of a noun (possibly preceded by an adjective) referring

to a single, uniquely determined object (e.g. in definitions):
Let f be the linear form f — (g, F').
Let f be the linear form denned by (2). [If there is only one.]
u =1 in the compact set K of all points at distance 1 from L.
We denote by B(X) the Banach space of all linear operators in X.

., under the usual boundary conditions.

., with the natural definitions of addition and multiplication.

Using the standard inner product we may identify ....

3. In the construction: the 4 property (or another characteristic) +of + object:
The continuity of f follows from....
The existence of test functions is not evident.
There is a fixed compact set containing the supports of all the f7.
Then z is the centre of an open ball U.

The intersection of a decreasing family of such sets is convex.
But: Every nonempty open set in R” is a union of disjoint boxes.
[If you wish to stress that it is some union of not too well specified objects.]
4. In front of a cardinal number if it embraces all objects considered:
The two groups have been shown to have the same number of generators. [Two groups only

were mentioned.]

Each of the three products on the right of D) satisfies ....[There are exactly 3 products there.]
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5. In front of an ordinal number:
The first Poisson integral in (4) converges to g.

The second statement follows immediately from the first.

6. In front of surnames used attributively:
the Dirichlet problem
the Taylor expansion

the Gauss theorem

But:
Taylor’s formula [without "the"]

a Banach space

7. In front of a noun in the plural if you are referring to a class of objects as a whole, and
not to particular members of the class:
The real measures form a subclass of the complex ones.

This class includes the Helson sets.

8.2. Note infinite article

1. Instead of the number "one":
The four centres lie in a plane.
A chapter will be devoted to the study of expanding maps.
For this, we introduce an auxiliary variable 2.

non nn

2. Meaning "member of a class of objects", "some", "one of":

Then D becomes a locally convex space with dual space D’.

The right-hand side of (4) is then a bounded function.

This is easily seen to be an equivalence relation.

Theorem 7 has been extended to a class of boundary value problems.
The transitivity is a consequence of the fact that ....

Let us now state a corollary of Lebesgue’s theorem for .....

After a change of variable in the integral we get .....

We thus obtain the estimate with a constant C.

in the plural:

The existence of partitions of unity may be proved by ....
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The definition of distributions implies that ....
...., with suitable constants.

...., where G and F are differential operators.

3. In definitions of classes of objects (i.e. when there are many objects with the given
property):

A fundamental solution is a function satisfying ....

We call C' a module of ellipticity.

A classical example of a constant C' such that ....

We wish to find a solution of (6) which is of the form ....

in the plural:

The elements of D are often called test functions.

the set of points with distance 1 from K

the set of all functions with compact support

The integral may be approximated by sums of the form ...
Taking in (4) functions v which vanish in U we obtain ...

Let f and g be functions such that ....

4. In the plural—when you are referring to each element of a class:
Direct sums exist in the category of abelian groups.

In particular, closed sets are Borel sets.

Borel measurable functions are often called Borel mappings.

This makes it possible to apply H,-results to functions in any H,.

If you are referring to all elements of a class, you use "the":

The real measures form a subclass of the complex ones.

5. In front of an adjective which is intended to mean "having this particular qual-
ity
This map extends to all of M in an obvious fashion.

",

A remarkable feature of the solution should be stressed.

Section 1 gives a condensed exposition of ....

Section 1 describes in a unified manner the recent results ....

A simple computation gives ...
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Combining (2) and (3) we obtain, with a new constant C, ...

A more general theory must be sought to account for these irregularities.
The equation (3) has a unique solution g for every f.

But: (3) has the unique solution g = ABf.

8.3. Note article omission

1. In front of nouns referring to activities:
Application of Definition 5.9 gives (45).
Repeated application (use) of (4.8) shows that....
The last formula can be derived by direct consideration of....
A is the smallest possible extension in which differentiation is always possible.
Using integration’by parts we obtain
If we apply induction to (4), we get
Addition of (3) and (4) gives
This reduces the solution to division by Pz.

Comparison of (5) and (6) shows that

[Note: In constructions with "of" you can also use "the".]

2. In front of nouns referring to properties if you mention no particular object:
In question of uniqueness one usually has to consider ....
By continuity, (2) also holds when f = 1.
By duality we easily obtain the following theorem.

Here we do not require translation invariance.

3. After certain expressions with "of™:
a type of convergence

a problem of uniqueness

the condition of ellipticity

the hypothesis of positivity

the method of proof

the point of increase

4. In front of numbered objects:

It follows from Theorem 7 that ....

Section 4 gives a concise presentation of ....
Property (iii) is called the triangle inequality.
This has been proved in part (a) of the proof.



8.3. Note article omission 36

But:

the set of solutions of the form (4.7)

To prove the estimate (5.3) we first extend ....

We thus obtain the inequality (3). [Or: inequality (3)]
The asymptotic formula (3.6) follows from ....

Since the region (2.9) is in U, we have ....

5. To avoid repetition:

the order and symbol of a distribution
the associativity and commutativity of A
the direct sum and direct product

the inner and outer factors of f [Note the plural.]

But:

a deficit or an excess

6. In front of surnames in the possessive:
Minkowski’s inequality, but: the Minkowski inequality

Fefferman and Stein’s famous theorem,

more usual: the famous Fefferman-Stein theorem

7. In some expressions describing a noun, especially after "with" ard "of":

an algebra with unit e; an operator with domain H?; a solution with vanishing Cauchy
data; a cube with sides parallel to the axes; a domain with smooth boundary; an equation
with constant coefficients; a function with compact support; random variables with zero
expectation

the equation of motion; the velocity of propagation;

an element of finite order; a solution of polynomial growth;

a ball of radius 1; a function of norm p

But: elements of the form f = ...

Let B be a Banach space with a weak symplectic form w.

Two random variables with a common distribution.

8. After "to have":

F has finite norm.
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F has compact support.
But:

I has a finite norm not exceeding 1.

F has a compact support contained in /.



