B6 dé 3.6 Trong khong gian vécto V., gid si hé vécto (ay,...,a,) déc ldp tuyén

tinh va biéu thi tuyén tinh duoc qua hé (By, ..., 3). Khi dér < s.
Chirng minh: Theo gia thiét, c6 mot bicu thi tuyén tinh
a1=a1ﬁ1+---+asﬁs (ai GK)

Vi hé (aq, ..., a,) doc lap tuyén tinh, nén a; # 0. Do dé, ¢6 it nhat mot vo hudng
a; # 0. Khong gidm tong quat, ta gid st a; # 0. Khi dé, 31 biéu thi tuyén tinh
dU.'Q'C qua hé (Oéhﬁ% "'768):

Nhu vay, hé (ay, ..., q,) biéu thi tuyén tinh qua hé (8, ..., 3); hé thit hai lai biéu
thi tuyén tinh qua hé (ay, Bo, ..., 3s). Heé qua l1a (o, ..., o) biéu thi tuyén tinh qua
(a1, B ey Bs)-

Ta sé chitng minh rang (o, ..., ;) biéu thi tuyén tinh qua (o, ..., oy, Bis1, ...y Bs)
vGi moi ¢ < min{r, s} (sai khdc mot phép dénh s6 lai céc vécto fi, ..., B;). That vay,
& trén ta da chimg minh khang dinh nay cho i = 1. Gia st khang dinh da dwoc
chimg minh cho 7. Ta sé chirmg minh né con ding cho i+ 1, néu s6 nay < min{r, s}.

Theo gid thiét quy nap, a1 biéu thi tuyén tinh qua (o, ..., as, Bist, ...s Bs):
Qip1 = biog + -+ b + cipafipn + o+ s

(6 it nhat mot vo hudng ¢; # 0, bdi vi néu trdi lai thi oy bieu thi tuyén tinh
qua (g, ..., q;), diéu nay trai voi gid thiét hé (aq, ..., ) doc 1lap tuyén tinh. Néu
can thi danh s6 lai cic vécto Bii1,..., 3s, ta cé thé gid st ma khong gidm tong
quit cip1 # 0. Két hop diéu nay véi dang thire trén ta cé mot bidu thi tuyén
tinh cia By qua (ay, ..., i1, Bigas .o Bs). VI (ay,...,q,) biéu thi tuyén tinh qua
(@1, ..., @, Biy1, -, Bs), hé nay lai biéu thi tuyén tinh qua (ay, ..., Qig1, Biva, -y Bs),

nén (g, ..., ;) biéu thi tuyén tinh qua (o, ..., air1, Bisre, ..., Bs).
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Néu r > s, 4p dung dieu vira dwoc ching minh véi i = s, ta khang dinh
(a1, ..., ) biéu thi tuyén tinh qua (o, ..., o). Ditu nay mau thuan véi tinh doc

lap tuyén tinh cia hé (aq, ..., ;). Nhue vay, ta ¢ r < s. O

Chtng minh Dinh ly 2.5.

Gid st (71, ..,7s) 1& mot hé sinh hiru han cia V. VI V # {0}, nén c¢é vécto
a # 0 trong V. Hé gom mot vécto khdc khong (a1) doc 1ap tuyén tinh. Néu hé nay
khong doc lap tuyén tinh cue dai, thi ¢6 hé (ap, az) doc lap tuyén tinh.

Gia st (ay, ..., @) 1 mot hé doc 1ap tuyén tinh trong V. Heé nay biéu thi tuyén
tinh qua (71, ...,7s). Theo B dé 3.6, ta ¢c6 r < s. Nhu thé qud trinh chon céc
vécto aq, g, ... dé thu duoc mot hé doc lap tuyén tinh phai dung lai sau mot so
htru han bude. Ta ¢6 mdt hé vécto (aq, ..., ) doc 1ap tuyén tinh cue dai trong V,
véi n < s. Theo Dinh 1y 3.2, hé nay 1a mot co s& cua V.

Gid st (04, ..., Bm) cing 1la mot co s& cia V. Vi (aq, ..., a,) doc 1ap tuyén tinh
va biéu thi tuyén tinh dwoc qua (3y, ..., B), nén theo Bo de 3.6, ta c6 n < m. Tréo

A . N . . N ~ ’ A~
doi vai tro cia hai co s& ndéi trén, ta cung ¢ m < n. Nhu vay, m = n. a

Vidu 3.7 (a) K" 1a mot K-khong gian vécto n chieu. Céc vécto sau day lap

nén mot co s&, dwoc goi la co s chinh tac cia khong gian K™:

1 0 0

0 1 0
€1 = , €2 = yeeey En =

0 0 1

That vay, vécto 0 € K" 13 vécto ¢ moi thanh phin bang 0 € K, vi thé hé

thirc
aq 0
a9 0
aier+ -+ anep = . =
an 0
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