BO DE VE TONG BINH PHUONG VA SO NGUYEN TO
(Nguyén Dang Khai Hoan-11 Toan,Chuyen Luong Thé Vinh,Dong Nai)

S6 nguyen to tiu lau da trd thanh mot van dé quan trong va hap dan trong i thuyét s6.Nhitng
tinh chat va dinh 1i vé s6 nguyen t6 luon lam déng vai tro cau noi va thiét yéu trong viec giai toan
s6 hoc néi rieng va toan hoc néi chung. Trong mudn van nhitng tinh chat dep dé va ki 4o ay,c6 mot
b6 dé duge phéat biéu va ching minh rat don gian nhung lai c6 nhiéu ting dung hay va httu ich khi
gidi quyét cic bai toan vé phuong trinh nghiém nguyén,céc bai toan vé s6 chinh phuong... Ngoai ra
day con la mot tinh chat dep,]a mot vien ngoc sang thé hien méi lien giita s6 chinh phuong va s6
nguyén to-hai van dé tha vi clia s6 hoc.

Trong bai viét nhd nay,t6i xin duge trinh bay vé bo dé néu tren.

PE VE TONG HAI BINH PHUOGNG VA TRUONG HOP TONG QUAT.

ON

I-B

1.B6 dé vé téng hai binh phuong:

Cho p 1a s6 nguyén t6 dang 4k + 3.Khi dé:z? + y?:p khi va chi khi xip va yip.
*Ching minh:

Ta sé chiing minh bang phan chiing.

Bé qua truong hop don gidn:Trong hai s6 x va y ton tai mot s6 chia hét cho p.Ta gid st cd «
va y déu khong chia hét cho p.

T diéu kien gia st,theo dinh 1f Fermat nhé ta co:

P! = 1(modp) va y?~ = 1(modp)

Suy ra:aP~! + P71 = 2(modp)

hay %2 + y*+2 = 2(modp)

o (m2)2k+1 + (y2)2k+1 = Q(modp).(*)

Mit khac: (22)21 4 (y?)%+1 (22 + y?)ip.Mau thudn véi (¥).

Vay ta c6 dpem.

*Hé qua:

+)Vé6i moi s6 nguyén x, k va k khong c6 uéc nguyen t6 dang 4k + 3 thi 22 + k? khong c6 uée
dang 4k + 3.

+)Cho céc s6 nguyén duong x,y théa ged(x,y) = 1, khi d6 moi udc nguyen to cta z? + 3>
khong c¢6 dang 4k + 3.

Cac hé qua nay tng dung nhiéu trong chiing minh cac bai toin vo nghiém va khong ton tai

trong s6 hoc.

2.Tong quat:

Gia st p = k.28 + 1 14 mot s6 nguyen to,t 1a s6 nguyén duong va k 1a sd tir nhien 18.Gia thiét
z va y 1a céc s6 tu nhien ma (22 4+ 3)ip.Ta c6 dong thoi = va y chia hét cho p.

*(Cach chitng minh truong hop tong quat hoan toan tuong tiy cach chitng minh bd dé trén.
Mot sb6 trudng hgp dic biét:

+)V6i t = 1 ta c6 ngay day la truong hop bo dé ta noi dén.

+)Véi t = 2 thi ta c6:Véi 86 nguyen td p c¢6 dang 4k + 1 thi 2* + y*ip < zip va yip.



1I-MOT SO AP DUNG.

1-Cac bai toan vé phuong trinh nghiém nguyén.

Vi du 1:Chténg minh cac phuong trinh sau khong c6 nghiém nguyén duong.

a)dzy — x —y = 2%, (Euler)

b)x? — y* = 7. (Lebesgue)

*Loi giai:

Day la hai phuong trinh nghiém nguyén kha noi tiéng va dugc dé cap nhiéu trong cac tai liu
toan hoc.Day ciing l1a cac vi du "kinh dién" clia viéc ting dung bo dé tren.

a)Ta viét lai phuong trinh dué6i dang:

(4 — 1)(4y — 1) = 422 + 1.

Tit dang thiic trén ta c6:(2y)? + 1 phai c6 wéc dang 4k + 3,theo he qui clia bo dé trén thi dicu
nay vo linén ta c¢6 ngay phuong trinh vo nghiém.

b)*Néu y chan thi ta cé:z = 3(mod4),dicu nay vo i vi z = 0, 1(mod4).

Do dé y 1é.

Pt a?+ 1= (y+2)(y* — 2y +4)

vi y 18 nén y? — 2y + 4 = 3(mod4).Theo hé qua thi suy ra diéu nay vo Ii.

Vay ta c6 ngay phuong trinh vo nghiém.

Nhan xét:

Tit hai vi du trén ta c6 thé nhan thiy ring,dé chimg minh mot phuong trinh vé nghiem
nguyén thi ta cé thé st dung hé qui ciia bo dé trén bing céch:3 mot vé tao ra 2 tong binh
phuong,thuong 1a 22 + 1,22 + 4...vé con lai 1a mot tich,xét cac truong hgp theo modulo 4 dé
tim ra diéu mau thuan hoac vo li.

O phuong trinh b),dang téng quat ciia né la 2 = 33 + k (truong hop nay k = 7),duge goi la
phuong trinh Mordell.N6 c6 rat nhiéu diéu thi vi trong 16p bai toan Diophante,vi véi mdi k bat
ki thi cach gidi c6 thé sé khac nhau.Xin mdi cAc ban thit gidi trong truong hop k = 16 va k = —4.

Vi du 2:Giai phuong trinh nghiém nguyén sau:(z + y)* + 2 = 2z + 2013y.

Loi giai:

Ciing hoan toan véi tu tudng nhut 2 bai toan trén ta sé dua vé tong binh phuong va ap dung

b6 dé.

PT & (z+y—1)2+1=2011y.

vi 2011 = 3(mod4) nén vo nghiém theo hé qua.
z24+1

Vi du 3:Tim cac sé nguyén (z,y) sao cho =15 cang la s6 nguyeén.

Lai giai:

2?2 +1

y?—5

Ta c6: y> = 0,1 (mod 4) = y* — 5 = 3,0 (mod 4)

Néuy? —5=0(mod4) = 4| 2>+ 1= 2% =3 (mod 4), dicu nay vo Ii.

Néu y? — 5 = 3 (mod 4) thi y*> — 5 c6 it nhat mot wéc nguyen t6 p c6 dang 4k + 3, suy ra

ez

Gia st ton tai cac sO nguyén x,y sao cho

p| 2% + 1, diéu ndy mau thuin v6i he qua ctia bo deé.

Két luan : Khong ton tai s6 nguyén z,y ndo théa man dé bai.
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*V6i nhitng bai toan phuong trinh nghiém nguyén nhu trén thi ta cé thé ché bién ra rat nhiéu
bai toan tuong tu bang cach thay déi s6 lieu nhung khong ddi cac tinh chat vé modulo.Céc ki
thuat giai phuong trinh nghiém nguyén nhu nhiing vi du da néu cling da tréd nén quen thuoc

va ty nhién trong 16p bai toan vé phuong trinh nghiém nguyén.
2-Céac bai toan vé s6 chinh phuong.

Vi du 1:Tim cac s6 nguyén duong a,b,c sao cho a? = b° — 3. véi ¢ = 3(mod4)
Loi giai:

Ta tiép tuc vé6i cau tric mot vé 1a 2 binh phuong vé con lai 1a tich.

Gia sit ton tai cac s6 nguyén duong a, b, ¢ thoéa man.

Ta viét dang thitc lai thanh:a® +4 = (b+ 1)(b =62+ .. +b—1).

*Néu b = 4k + 2 thi b+ 1 = 4k + 3, dé c6 ngay diéu vo 1i theo bo dé.

*Néu b =4k + 1 thi b+ 1= 2(mod4) va (bt — b2+ ..+ b—1) = 1(mod4).

Tt d6 VT = VP = 2(mod4) hay x? = 2(mod4).Vo 1.

*Néu b = 4k + 3 va ¢ = 3(mod4) nén (b1 — 02+ .. +b—1) = —1(mod4).

Theo b6 dé dé co dicu vo i

*Néu b = 4k thi b° = 0(mod8).khi d6: b — 3 = —3(mod8),vo 1i vi mot scp chia 8 khong 6 s6
du la -3.

Vay khong ton tai cac s6 nguyén duong a, b, ¢ thoéa man.

Vi du 2:Chitng minh ring:khéng ton tai sé6 nguyén t6 p sao cho:3” + 19(p — 1) la s6
chinh phuong.

Loi giai:

Tiép tuc phan chiing nao...

Gia sit ton tai s6 nguyeén to p thda man.

Dat 37 + 19(p — 1) = n? (n 1a mot s6 nguyen).

*Néu p = 2,3.Dé c6 khong c6 s6 nguyén n ndo thoéa man.
*Néu p > 3,p 18.

+)p =4k + 1

Ta c6: 3 = —1(mod4)

nén 3 = —1(mod4).

va 19 = 3(mod4); p — 1 = 0(mod4)

Do d6 VT =V P = —1(mod4)(Vo 1ill)

+)p = 4k + 3:

Theo dinh 1i Fermat ta co:

3P = 3(modp).

va: 19(p — 1) = —19(modp).

nén VT = —16(modp).

Do d6 n? + 16:p.

Tit bo déta c6:4ip. (vo I vi 4 khong c6 ude dang 4k + 3).
Vay ta ¢6 dpem.



Vi du 3:.Chitng minh rang:Khéng ton tai s6 tw nhién n sao cho n” + 7 la sb chinh
phuong.

Gia st ton tai n thoa man,khi d6 n” + 7 = m?,v6i m 1a mot s6 tu nhién.
Ta c6:n” + 27 = m? + 112

— (n+2)(n% — 2n° 4+ 4n* — 8n3 + 16n* — 32n + 2%) = m? + 112

vi m? =0, 1(mod4) va 11? = 1(mod4) nén ta suy ra VP = 1,2(mod4).
Lai ¢6:27 = 0(mod4) va n” = 0,1, —1(mod4) nén VT = 0, 1, —1(mod4).
Do d6 VT =V P = 1(Mod4) va n = 1(mod4).

T d6 n + 2 = 3(mod4) nén n + 2 sé c6 uéc nguyen to p = 4i + 3.

Theo bo dé thi 11ipnén p = 11,m = 11k

— VP:11%2 nén VT:112,

Ta lai co:n® — 2n° + ... + 2% = 8(mod11) (vi n = —2(mod11)).

nén n + 2:112 — n = 112h — 2 va h 1a uéc duong cia k% + 1.

Suy ra h = 1(mod4),Vi vay n = 3(mod4) (vo li).

Vay ta c6 dpem.

3-Céac bai toan vé day sb.

Vi du 1:Cho day sé xac dinh nhu sau:a; = 5, a,,1 = a3 — 242 + 2,v6i moi n > 2.Cho p
1a s6 nguyén td dang 4k + 3 va a1 + 1ip.Chitng minh rang p = 3.

Ta c6: apy1 — 2 = a> — 2a?

= a?(a, — 2)

=a’.a?®_|.(a, 1 —2)

=..=ad.

=t23(t* = a%.a?_,...a3)

Tu d6 suy ra: a1 +1 =3t +3=3(t*+1)

Néu p = 4k + 3|a, 1 + 1 thi 3(t2 + 1)p nén 3ip hay p = 3.

Vay p = 3.

Nhan xét:Tir cong thic truy hoi ctia day sé ching ta tao ra mot qui trinh lap dé dua ve
ding thic a,41 — 2 = 3.t2.Ki thuat nay rat hay va duge sit dung nhiéu trong cic bai toan sé
hoc day s6.Vi vay can chi § dé them b6t vao 2 vé va bién doi dé cé duge cac dang thiic phit hop.

Vi du 2:Cho day {u,} thod man u; = 2013, u,,; = u> — 4u? + 5u, ¥n € N*. Tim tat ca
cac sb6 nguyén t6 p 1a wdc ctia (ug14 + 2009) va p =3 (mod 4).

Loi giai:

Ta tiép tuc sit dung ki thuat nhu vi duy treén.

Ta 6 Upy1 — 2 = ud — 4u? + du,, — 2

= (tn—1 — 1)*(tun-1 — 2)

= (Up_1— 1% (U2 — 12 (tUp2—1) = .. = (Up_1 — 1% (tp_2 — 1)%...(ug — 1)%.(uy — 2)

= (tn_1 — D)2 (un_s — 1)%...(us — 1)2.2011.

T day, ta c6: urs — 2 = (ugo13 — 1) (ug012 — 1)%....(ug — 1)2.2011

& Uspgra + 2009 = (2013 — 1)%.(ugnr2 — 1)2....(uy — 1)%.2011 + 2011



= 2011((U2013 - 1)2.<U2012 - 1)2(U2 — 1)2 + 1)
Vi ((ug013 — 1) (012 — 1)%....(ug — 1)? + 1) ¢6 dang a® + b* v6i (a,b) = 1 nén né6 khong c6 uée
nguyen t6 dang 4k + 3. Vay tir d6 p = 2011

4-Cac dang toan khac.

Vidu 1:Cho T = (z,y)|z,yeN, 0 < 2z < y < 100, z* + y*:49.Tim |T|.
Loi giai:

Ta co: 2t + y*149 — (22)? + (y?)%7.

Theo bd dé ta co: 227 va y*7.

Suy ra:x:7 va y:7.

Dit x = Ta,y = 7b,(a,b 1a cac s6 ti nhién).Ta ¢6:0 < 14a < 7b < 14
Suy ra: 0 < a < 6.Khi dé:b = 14 — 2a.

S6 bo (a,b) thoa 1a:3°0_ (14 — 2a) = 56.

Vi du 2:Tim n nguyén duong dé tap {n,n+1,n+2,n+3,n+4,n + 5} c6 thé phan
hoach thanh 2 tap A va B sao cho tich clia tat ci cac phan tit & tap nay bang tich
cua tat ca cac phan ti 6 tap kia.

Loi giai:

Gia sit tap ban dau duge phan hoach thanh hai tap A va B.

Trong 6 s6 nguyén lién tiép thi ton tai nhiéu nhat mot s6 chia hét cho 7.

Néu trong 6 s6 n,n + 1,..,n + 5 c¢6 mot so6 chia hét cho 7 thi khi 1ay tich cidc phan ti clia A
va B sé ¢6 1 tich chia hét cho 7, mot tich khong chia hét cho 7. Loai.

Do d6 ca 6 so6 déu khong chia hét cho 7.

Suy ra tich P =n(n+1)..(n+5) = 1.2.3.4.5.6 = 6(mod7)

Diéu nay vo li vi P phai la s6 chinh phuong ma sé chinh phuong chi chia 7 du 0,1, 2, 4.

Vay khong ton tai n théa man.

Téng quat:

Chiing minh rang ton tai vo s6 nguyén t6 p théa man tinh chat : Khong ton tai tap hop gom
p — 1 phan tii 1a p — 1 s6 nguyén duong lién tiép ma c6 thé chia tap nay thanh hai tap con,

trong d6 tich cic phan tit clia mdi tap con la bang nhau.

Vi du 3:.Chitng minh riang véi moi s6 nguyén té p thi p* + ’%1 khong 1a tich hai sb
tu nhién lién tiép.

Loi giai:

Tu dé bai dé co p 1é.

Dat p® + 2% = n(n + 1).(n la s6 tu nhien).

+)p = 4k + 1:Khi d6 d& c¢6 VT 18.(vo 1 vi tich hai s6 lien tiép luon chan).
+)p =4k + 3:

T dang thic ta bién doi thanh:

4p° +2p = (2n + 1)% + 1.

suy ra (2n + 1)? + 1:p.Vo 1i theo hé qua.

Vay ta c6 dpcem.



ITII-M6t s6 bai toan luyén tap.
Bai tap 1:Giai phuong trinh nghiém nguyén:xz?°%? + 42902 = 20032%01 (23 + 33)
Bai tap 2:Cho k la s6 nguyén duong cho truéc.Tim nghiém nguyén duong cta
phuong trinh: 22 4 y? = 2011200"+1(10 — 2).
Bai tap 3:Ching minh rang véi moi s nguyén td p thi 7p + 3” — 4 khong la s6 chinh
phuong.
Bai tap 4:Tim s6 nguyén duong n sao cho ludn ton tai sé6 nguyén m théa man
2" —1|m?+09.
Bai tap 5:Tim s6 nguyén duong 1é n dé n'! + 199 1a mot s6 chinh phuong.
Bai tap 6:Cho p 1a s6 nguyén té6 dang 4k + 3.Cho z,y, z,t 1A cac s6 nguyén duong
théa:z? + y* + 2% = ¢ .Chitng minh ring it nhat trong cac sé z,y, z,t chia hét cho

p-



IV-Huéng dan-Ggi y
Bai tap 1:Giai phuong trinh nghiém nguyén:xz?°%? + 42902 = 20032%01 (23 + 33)
Goi y:
Nhan thay rang 2003 1a s6 nguyén té c6 dang 4k + 3.
Ap dung bé dé ta suy ra 2003|z va 2003|y.
bat ¢ = 2003z, y = 2003y, va thay vao phuong trinh :
20032002 (72002 | 2002) — 9()(32004 (53 | ¢/3) o 52002 | 42002 — 9032 (3 | /3)
Tu day lai ¢6 2003|x1,2003|y,. Dat x1 = 2003z2, v = 2003y,, duge :
20031997 (12002 | 42002y — 3 4 o3
R6 rang VT > V P va dang thiic chi xay ra khi z =y = 0
Phuong trinh c6 nghiém nguyén duy nhat (0, 0).

Bai tap 2:Cho k la s6 nguyén duong cho truéc.Tim nghiém nguyén duong cta
phuong trinh: 22 4 2 = 2011200"+1(10 — 2).

Goai y:

Do 2011 = 3(mod4) nén theo bo dé ta co:

x = 20112,y = 2011y;.(z1, y1 1a cdc s6 nguyén duong.)

Vi 2003* + 1 1 s6 chan nén dat 2n = 2003* 4 1. T d6 ta c6 phuong trinh:

z? +y? = 20112"72(10 — 2).

Lap lai qui trinh trén n lan ta di dén duge phuong trinh sau:

22 + 12 =10 — 2.(v6i x = 20117z, va y = 2011"y,,).(*)

Dé ¢6 (*) ¢6 cac nghiém nguyén duong sau:(z,, yn, 2) = (1,1,8);(1,2,5); (2,1,5); (2,2, 2).
Twu d6 phuong trinh da cho c6 cac nghiém nguyén duong la:

(2011™,2011™,8); (2011™,2.2011™, 5); (2.2011™,2011™, 5); (2.2011™,2.2011"™, 2).

Bai tap 3:Chiing minh ring véi moi s nguyén td p thi 7p + 37 — 4 khéng la s6 chinh
phuong.

Goi y:

Gia stt Tp + 3P — 4 1a s6 chinh phuong. Khi doé:

o+ 3P —4=g?

& Tp+3P —3=a%+1.

Dé thay v6i p = 2 va p = 3 khong théa man.

THI1: p = 1(mod4).

Ta ¢6 37 — 3 = 0(mod4) va Tp = 3(mod4)

= Tp+ 3P — 3 = 3(mod4)

Vi 7p + 3P — 3 = 3(mod4) nén n6 phai c6 1 uéc nguyen t6 ¢ = 4k + 3 nén z? + 1iq.

Ap dung bd dé c6 1ig (vo li).

TH2: p = 3(mod4)

Khi d6 theo dinh 1i Fermat nho, ta c6 7p + 37 — 3ip = 22 + 1ip v& theo bo dé c6 1ip (vo Ii).
Vay ta c6 dpcm.



Bai tap 4:Tim sb nguyén duong n sao cho luén ton tai sé nguyén m théa maéan
2" — 1 |m?+9.
Goi y:
Néu n = 1 thi hién nhién véi moi m déu thda méan.
Néun > 1thi 2" —1 = 3 (mod 4), goi p 1a uwéc nguyen t6 dang 4k + 3 ctia 2" — 1 thi p = 3, ttic
la 3|2" — 1, suy ra n chén.
Goi ¢ 1a u6c nguyen t6 1é ctia n. Thi 29 — 12" — 1A 3127 — 1.
Nhung ré rang diéu nay vo 1i vi 27 — 1|m? + 9 A 29 — 1 = 3 (mod 4) = 3|29 — 1
Do dé6 n khong c6 uéc nguyen t6 1é, n = 2%, Bay gis ta sé chitng minh v6i n = 2% thi luon ton
tai s6 m théa man dé bai.
That vay,
2" —1=322 +1)(2” +1)...(2> " +1)

Xét hé :

z=3.22 (mod 22" +1)
z=3.2% (mod 2%° +1)

=322 (mod 22" +1)

R6 rang ged(2¥ +1,2% +1) =1Vi # j,i,5 € {0,1,2, ...,k — 1} vi ching 1a céc s6 Fermat
Theo dinh 1f phan du Trung Hoa thi hé trén chic chin c6 nghiem zg

Khi do X X
3 =922 = -9 (mod 2* +1)
2=9.2% = —9 (mod 2% + 1
o (mo +1) = 224+ 9=0 (mod 2" — 1)
12 =922""= -9 (mod 22" +1)

Két luan : n = 2°

Bai tap 5:Tim s6 nguyén duong 18 n dé n'' + 199 1a mot sé6 chinh phuong.

Goai y:

Dat n'' +199=m? , meN

Vi n 1é nén n = 1; 3(mod4)

Néu n = 3(mod4d) = m? = 3" + 199 = 2(mod4) (vo 1i) Do d6 n = 1(mod4)

Taco:nt+199 =m? & ntt + 218 =m? + 432 & (n+ 2)(n'% — 20 + ... — 512n + 1024) =
m?+432 < (n+2).b=m?+43>  (x) Vin=1(modd) = b=n"" —n’2+ ... —n.294210 =
3(mod4) = b c6 it nhat mot ude nguyen t6 p = 3(mod4).

Theo bd dé thi b|(a? + 43%) = p|(a® + 432) = p|43 = p = 43 = 43|b

Néu 43|(n+2) = n = —2(mod43) = b =n'"—2n +4n® — 8n" + 16n° — 32n° + 64n* — 128n° +
256n% — 512n + 1024 = 8(mod43).

Diéu nay 1a vo Ii vi 43|b. Suy ra 431 (n + 2).

Ta ¢6 a® + 43? = (n + 2).b:43 = aid3 = (a® + 43%):43% = b(n + 2):43%. Vi 43 1 (n + 2) nén
b=43>m  (m €N, ged(m,2) =1)



Hon nita vi a:43 = a = 43¢ (¢ € N)

Dodb (n+2).b=a*>+43?=43(¢>+1) & (n+2)43Zm =43*(*+1) & ¢F+1=m(n+2)
Vi ged(1, q) = 1 nén theo bo dé thi ¢> + 1 khong c6 uéc nguyén t6 nao cé dang 4k + 3, nhung
n+ 2 = 3(mod4) (vi n = 1(mod4))

Diéu nay mau thuan.

Két luan : Khong ton tai s6 n théa man dé bai.

Bai tap 6:Cho p la s6 nguyén td dang 4k + 3.Cho z,y, z,t 14 cac s6 nguyén duong
thoa:z? + y* + 2?» = t??.Chitng minh ring it nhat trong cac sb z,y, z,t chia hét cho
p.

Goai y:

Ta chitng minh bang phan chiing,gia st trong 4 s6 x, v, z,t khong ton tai s6 nao chia hét cho p.
Khong mat tinh tong quat,ta gia st ged(w,y, z,t) = 1.Khi dé ca 4 s6 x,y, z,t khong thé cing
chan.Gia st z 1¢.

Ta co:

l,2p + y2p — t2p o ZZp — (t2 o Z2> <t2p_32p>

252

Chi ¥ rang:22=2" = (12)P~ 1 4 (£2)P2(22) + - - + (22)P L = p =3 (mod 4)

252

1é || t2p—z2r
H 222 °

Vig|z? + y* va ¢ = 3 (mod 4) neén ta c6:qChan | 22 + %
Suy ra:q|t? — 22
Ta c6: =2 = ()7~ + ()7 2(23) + -+ + (227~ = ()" 'p =0 (mod g)

Vi vay:q|pt.

Vi vay ton tai s6 nguyéen t6 ¢ = 3(mod4) sao cho:q

Néu:g = p thi ta co:p|(zP)? + (yP)?,suy ra p|z,y,vo I v6i dicu ta gia st.

2

Do d6 q|t,vi:g|t? — 2% nén q|z,va viig|(2P)? + (yP)? nén q|z,y vi vay:ged(z,y, z,t) > g > 1,vo 1i!

Vay ta c6 dpem.

Cubi cting xin gii t6i moi ngudi bai toan sau,rat mong nhan duge sy déng gép v kién tir ban
doc,bai toan nay c6 lien quan dén s6 nguyén to6 dang 4k + 3,tac gia cling chua gidi quyét hoan
toan bai toan:

Bai toan:Tim cac bo sb (z,7) nguyén thoéa:y? = > — p?x véi p 1a sd nguyén t6 dang
4k + 3.

Trén day la bai viét vé nhitng tng dung ctia bo dé tdng hai binh phuong va s6 nguyen t6,rat
mong bai viét nay c6 thé gitip ban doc thém yéu thich mon todn va nim duge nhitng ki thuat

cd ban khi d6i mat vé6i cac bai toan so hoc.

D11 tac gid da rat cd6 gang trong qué trinh lam viéc,nhung thiéu sot 1a diéu khé tranh khoi,rat
mong nhan duge nhing y kién déng goép tit ban doc.

Moi déng gop xin duge théo luan tai:http: / /forum.mathscope.org/showthread.php?t=46184
hodc gtii vé email: Cuoichutdi@yahoo.com.vn.

Xin chan thanh cam on cac thanh vién dién dan Mathscope.org da gitp dé tac gid hoan
thanh bai viét,dac biet xin cam on cac thanh vién:Juliel vd Quocbaoct10 da nhiét tinh déng

g6p va ung ho tac gia hoan thanh chuyén dé nho nay.



