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Tuyén chon cac bai toadic sic v Hé PT va hinh ping Oxy Tdy PANG VIET HUNG [0985.074.831]

TUYEN CHON CAC BAI TOAN PAC SAC VE HE PHUONG TRINH

Thay Ping Viét Hung [PVH]

X +y?+3xy =(x+y)(xy+2)-1
Céau 1.[PVH]: Giai hé phrong trinh
[DVH]: Giai hé phuong - ,72(x2+y):1+ iy

Loi didi

PK: {j;lyzo. Taco:PT (1)  (x+y)* +xy=(x+y)xy+2(x+y)-1
= (x+y) =2(x+y)r1=xy(xry=1) < (xry=3 =xy(x+y-3
= (xry=1)(x+y-1-x) =0 (x+y-D(x=I(y- 3= (

- VoI x=1= 2+ 2y =1y - y:_%

x<1
e Véi y=1= x+J2X°+ 2= 1«:{ e X=-1

X2 +2x+1=0

. Véi x+y:1:>x+4/2(x2—x+1 =\/§+ le 1/ X° - X+ j:(l—x)h&
a+tb=0
Pit a=1-xb=+/x ta cé:1/2(a2+b2) —a+bh - {(a—b)2=o = a=bz0.

x<1
Khi d6 1-x=/x < x=3" ﬁ
X —3x+1= 0
VayHPTcangfﬁm X,y :{ - ( j(?’ E _1+2\/_5j}

XTg'— (x+3y)(y-1)

2
Joy—7+ya-x= |2 ;16

Céau 2.[DVH]: Giai hé phrong trinh

Loi gidi:
{yzz'XSZ
bK: 6’ ~.Khido: PT(1) = x+3y-3(y-1=2/(x+ 3)(y- ).
x+3y=0

bat u=/x+3y;v=,/y-1 (u;v=0)

Taco:u’-2uw-3°=0< (U+V)(U-3)=0=>U= ¥ = X+ J= §- 9= x= G- !

Thay vao (2) ta co2v2x+ 4+ &/ 2-x =/ 8¢ + 16— 4 2+ W+ 16 16+ W: O+
- 8(4-x)+16/q 4-x) =x*+ &. Pyt t = [2(4-x) 2 0 ta c6: 4L + 18 = X* + &

2t=x

2t=-x-8 (loai)

= (2t-x)(2+x+8= oc[
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x>0 42 af2+ 27
e X=—=> y=——
9% = 32 3 18

Véi 2t =x=[2(4-x) :g - {

X — 24X + /X +y? = y
Céau 3.[DPVH]: Giai hé phrong trinh

x(x2 + y2) :2—;2

Loi didi:

PK: x=0. Thé PT(2) vao PT(1) ta cox— 24/x +\/m :—V X(XZ * y2)
R (o )0 (-3 aeov )= 0n [

2
Véi x=4= [16+y’) :y? - 916 y?) =yt o yi- 97~ 14 0o y=1 2T 2657

2 2
. ax=x+y* x2+y2:47 =73 [x=0y=0
Véi dx=x"+y*= o2 = - -
2x=—- _y _y? [x=Ly=%J3
3 X==— X=2-
3 3
Két luan: Vay HPT c6 nghim (x; y):{(o;o) ;(11\/—3) 4t /9+\2/657]}
(X+3y+1)d2xy+ 2y:y(3(+ 4V+ 3 (:
Céau 4.[DbVH]: Giai hé phrong trinh
(\/x+3—\/2y—2)(x—3+4/x2+x+ y-4=4 (2
Loi gidi:
x=-1
PK: {y=>1 (*). Khi d6 (1) = (x+3y+])\/§ /2(X+3):y(3(+ 4+ 3

X +Xx+2y—-420

pat \2(x+1) =a;\/y=b (ab=2 0= (£+ mzjab:bz(%z+ mzj
- ab(a’+6b?)=b?*(3a’+ &?) = b(a®+ Gab*- ab- &= ¢
- b(a-2b)(a’-ab+40%)=0 (3)

b 1%?

2
Vi y21=b=./y>0 vaaz—ab+4b2:(a—§j +

> 0.
Dodé (3) = a-2b=0=a=d=,qx+ = 2y=>x+ E ¥
Thé 2y = x+1 vao (2) tatugc (\/x+3—\/x+1— 2)(x—3+\/x2+x+x+ - 4)= L

- (\/XT3.—\/XT1)(x—3+\/x2+ 2x—3): y 4)
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Tuyén chon céc bai toadic sic vé Hé PT va hinh ping Oxy Tdy PANG VIET HUNG [0985.074.831]
Do x=1=/x+3+/x-1>0nén(4) - (x+3—x+])(x— 3+XP+ X- %= L(\/x+ 3x- )

e X=3+X°+ 2x— 4=+/x+ 3+/x-1 (5)

Pit Vx+3+4x-1=t (t2 0 =1t*= X+ 2+ 2/x+ 3/x- E 2+ 2 &+ 2-

t=-2
t=4

t?-2

2_
— x+/Xe +2x—3 =" 22.Khi d6 (5) t thanh ~3=t - t2-2%-8=0- {

Dot>0 nénchicot=4 thoa man=Vx+3+x-1=4 = /x+ 3= 4-x-1
{4—\/x—12 0 {\/x—ls 4 {13 x<17 Tsxsn

< = < 13 = X=—
X+3=x+15-8/x-1 2/x- 1= 3 4(X—1):9 X:Z 4

3.17

17 17 (—, j thoa man B da cho.
4 8

13 .
—oy=""41="L— y==" Thirlai (xy)=
y=5 27V g ai (x)

1+4(x-y+1)’ T
Cau 5.[PVH]: Gidi h¢ phuong trinh{ y2(x—y+2) 2(x-y+1)
(x+2)(\/x+ y+3- 2\/y+1): -2 +y?+ &+ 3 (2)

1

Loi qgidi:
PK: x—y+2>0;x+y+32 0;y+ > Ox°+y?+ 5+ & ( (%),

Dit /2(x-y+2) =t= 0. Khi 46 (1) t& thanh

2 o)\2
1+(tt 2 =1+t2?2 = (P-2) +t7- 2=+t = (- D=1 (1) ©

Xétham 8 g(u)=u’+u véi uOR c6 g'(u)=3u?+1> 0, DuOR

t=-1

= g(u) dong bén trénR. Dod6 (3) = t*-2=t = L:Z

Két hop voi t=0=chi cot=2 théa man= \[2(x-y+2) = 2= Ax-y+ I= 4= x=y

Thé y = x vao (2) taduoc (x+2)(J2x+ 3- 2Jx+])= 2+ 5+ !

o (x+2)(Vax+3-a/x+ 1= £ f(x+ I 2+ } 4

bit v2x+3=a; Vx+1=b (ap= § Khid6 (4) t thanh

(az—bz)(a—Zb)=a2—232—ab = (a+b)(a-b)(a-)-(a+b)(a-d)=C

= (a+b)(a-2b)(a-b-1)=0 (5)
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a=2b
Vi x=2-1=a+b=+/2x+3++/x+1> 0 Dodd (5) = {a—b+1
x+1> 0 Xx+1>0
¢« a=2b=+/2x+3= 2/x+ 1 - 1 - x=-1
2x+3= 4(x+ 1) X=-2 2
1 o 1., ~ ~
:y:—z. Thr lai x:y:—E thoa man & da cho.
xz-1 x=-1
e a=b+l=V2x+3=x+1+ 1= =
{2x+3:x+2+ 2A/x+1 {2/x+ =X+ !
x=-1 X>-1
- Xx=-loy=-1=(x;y)=(-1-
B S { s y=ie () )(s(ea :
X=3=y=3=(Xx;y)=(3;
x+1=2 [X=3 Y
Thir lai (x; y):{(—l;—l), (3;3} thoa méan K da cho.
brs: (xy)=1(-1-1), (33 ,(—l :—Ej
2 2
2 2 2 2
R e . \/X Ty +\/X YTy =x+y @
Cau 6.[PVH]: Giai hé phrong trinh 2 3 (x,yOR).
3/6xy—x—1=5- 8+ X- I+ 4/x+ ¥+ 1 (2)

Loi gidi:
bK: 2x-1>0;x+ ¥+ 1= 0; &y—x— 2 ( (*). Khidd co
2(x2+y2)—(x+ y)2 :x2+y2—2xy:(x—y)2 > 0= 2(x2+y2)2(x+ y)2
2

x2+y2 (X_'_ij x2+y
= > >0=,|——
2 2 2

2—%2|x+y|2—12(x+y) (3)

4 +xy+y?)=3(x+y) =x*+y’ -2y =(x-y) 2 0= 4X +xy+y*) 2 {x+y)’

CHxy+y: _(x+y) X+xy+y? 1 1
= > 20= [X T 52 hy> S (x+y) (4)
3 2 3 2 2

2 2 2 2
Tu (3) va (4) taCé\/X ;y +\/X +x%/+y >x+y. Dau"=" xayra « x=y=20,

Dodd (1) = x=y=0.Thé y=x vao (2) taduoc 3V6x>—Xx—1= 5- &+~ X— 1+ 4/ 3+ .

o 3W2X-1J/X+ 1= 5 &+ 2- ¥ 4 8+ (5)
Jx+l=az0

pat |V T 8% Y gy 5= 222 +b? - 6. Khi d6 (5) t6 thanh3ab = —2a2 —b® + 6+b+ 4
V2Xx=1=b=0

= b?+(3a-1)b+ 2a*~ 4a- 6= 0 Coiday la phrong trinh fc haian b véi ala tham $.
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Tuyén chon céc bai toadic sic vé Hé PT va hinh ping Oxy Tdy PANG VIET HUNG [0985.074.831]

1-3a+a+5
b:—2 =-a+3
XétA=(3a-1)"-42°- 4- §=a+ 16+ 25(a+ p= &
1-3a-a-5
b=————=-2a-2
2
o b=-a+3=V2x-1=3-V X+ 1o X- ¥ 8+ E (6)
Véi x>1= VT (6)>+/2.1- 1++/3.% = 3= Loai.
V6i %s x<1=VT (6)<+/2.1- 1+/3.% &= 3> Loai.
Véi x=1 thé vao (6) ta thy thoa man. Dai6 (6) = x=1= y=1.D4a thha méan (*).
e b=-2a-2- 2a+b+2=0= 2/ X+ #+ - * Z (Phrong trinh vd nghim.
bis: (xy)=(11).
(x2+x)«/x—y+8:3x2+2x+y+l @
Cau 7.[PVH]: Giai hé phaeong trinh (x,yOR).
(x=2)Vx+x+1+(y+ 2y’ +y+ 2=x+y (2)

Lot didi:
bK: x-y+820 (*). Khi d6 (1) = (x2+x) x—y+8—3(x2+x)+(x—y—]): C

- (x2+x)(\/m—3)+(x—y—])= 0 (x2+x) wﬁx—y—j: C

JX—-y+8+3
(x-y-1) &+1 =0 (x—y—])(x2+x+ 3t x-y+ E%: «C (3
3+ X-y+8

2
Tacox®+x+3+ x—y+8=(x+%) +1zl+ X-y+8>0.

Dodd (3) = x-y-1=0= y=x-1,

Thé y=x-1vao (2) tafuoc (X—2)vx* +x+1+(x~ 1+ 2)\/(x— ])2+(x— 3+ 2=x+(x-]
= (X=2)Vx% +x+1+(x+DVx® - x+ 2= X~ 1 (4)
bit VX’ +x+1=a; Vx*-x+2=b (ab= 0

2 _h2 2 _h2
Khi d6 (4) te thanh a(a +; b —2j+b(a +; b +1j:a2—b2

- a(a?-b?-3)+b(a’-b*+3) = 2(a’-b?)
- (a®-b*) +ab(a-b)-3(a-b)-2(a’ -b*)= 0
= (a-b)(a’ +ab+b’+ab-3-2a-20)= 0

= (a-b)| (a+b)"~2(a+b)-3]= 0

Luyén thi tnrc tuyén tai www.Moon.vn Facebodkhung95




Tuyén chon céc bai toadic sic vé Hé PT va hinh ping Oxy Tdy PANG VIET HUNG [0985.074.831]

= (a-b)(a+b+1)(a+b-3)=0 (5)

a=b

Do a,b=0=a+b+1>0nén(5) = (a-b)(a+b-3)=0= {a—s—b

2
X“+X+1=>
X2 +x+1=20 0

e azho VX +x+1=VX-x+2 < - 1 @le
X+ X+1=xXP—x+2 x=E 2

1 1

=y= “1=-L The lai (X; y):(—;—gj thoa man & da cho.
2 2 2 2

e az=3-b= VX HX+1=3- VX2 =X+ 2= X2+ X+ 1= X?—x+ 1F @X*—x+ ¢
5-x=0 x<5
= 3WXP-X+2=5-X =

9(x* -x+2)=(5-x)" T8 +x-7=0

X=5 . x=-1=y=-1-1=-2=(x;y) =(- 1~ 2
X=-

S = 1

7 X:Z:y:Z—]_:—_lj(x'y):(z-—_j
X=— 8 8 8 ’ 8

Thir lai (xy) = {(—1;—2) , (g ;——;j} théa man k& da cho.

pls: (xy) = {(‘L‘Z) : (é ;_%j ! (_:ZL ;__;j}

X +(x+y)x+2y-1=y(y+2/3-1) &)

Céau 8.[PVH]: Giai hé phrong trinh
(YP+6x2+4)y’+y?+4=2%( %+ x*+ § (2

(x,ydR).

Lot didi:
x+2y-120 X+2y=1
PK:48y-120 < 1 () = YV’ +6x°+4>0; %+ AP+ & 0/y’+y*+ 4 (
Y +y?+4>0 Y23

Khi d6 tr (2) = x> 0. Xét phrong trinh (1) ta c6

Vi x> yz%:VT M) >y +(y+y) y+2y—1:y(y+ z/ay—J): VP (1= Loai.
V6i 0<x<y= VT ()<y’+(y+y)Jy+2y-1= y(y+ 2/3/- J): VP (1= Loai.
Véi x=y thé vao (1) ta thy d& thha man. Dai6 (1) = x=y.

Thé y=x vao (2) tadugc (x3+6x2+4)\/x3+x2+ 4= 2x( 23+ X2+ Q (3)

x> +6x°+4=a’+5x*

ot X3+XZ+4:a>0z>{2x(2x3+3x2+8): 2(( a2+x2)
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Khi d6 (3) trv thanh a(a” +5x%) = 2x( 2%+ x%) = 2¢- Iax*+ ak-a’= (

- (x-a)*(2x-a)=0 - D;aa
e XzZam>X=VX+X+4 = x=0 - x=0 = xO0.
X2 =x3+x%+4 x3+4=0
>0
e 2xX=a= X=X +X+4 - x=0 L 2 = X=2.
A =3+ X2+ 4 (x=2)"(x+1)=0

=y=2=(xy)=(2,2) . Thr lai x=y=2 théa man k da cho.

bis: (xy)=(2;2).

XXy -y =Xy +y’-x
Cau 9.[bVH]: Giai h¢ phuong trinh .3 22 -y +7
X+—=—F———.
y  2(x+))

, Lot g
Phrong trinh thr nhat caa k¢ twong duong Wi
X +xy? +x-xy-y*-y=0 (x—y)(x2+y2+1): 0w x=V.
2
Khi d6 phrong trinh th hai te thanh, [x+> = X7 . (2x+2)x¢ + 3=+ Jx.

x 2(x+1)
Pit VX2 +3=u/x =V (u> 0;v > 0)ta thudugc

(2v2+2)u=(u2+4)v = w(-u)=2 ¥-u) = B\\ii
= W=2e X+ =2 X+ X~ 4= 0= (X~ ;l(x2+x+ 4: 0= X= .

x=1
X=3
Phurong trinhan x c6 nghém S={1,3 dan dén (x;y) =(L1) (3;3. Thir lai nghiém ding ¢ bandau.

= V=U e x2+3:4x:[

AXP + Ay +y? + 2X+y = 2,

8J/1- 2 +y® = 0.

Cau 10.[PVH]: Giai hé phuong tr‘mh{

Loi gidi.
biéu kién xs% . Phrong trinh thir nhit caa hé twong dwong Voi

2x+y=t 2x+y=t
(2x+ y)2+2x+ y-2=0- { y { Y

t2+t-2=0 t0{-2;3

=u =;20
Jy u,uzO@{\N uu @u=1:>{

x=0

" Xétt=1=8/y+y* =9~ {
y=1

8u+u*=9 (u-1)(w+u?+u+9)=0

" Xétt="2=2>2Xx+ty=-2< 1- X=y+ 3> y+ 2> (.
=-3

Taco8/y+3+y’-9=0= 8/y+ 3+(y+ J(y- 3= 0- {y

8+(y-3)4y+3=0
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Tuyén chon céc bai toadic sic vé Hé PT va hinh ping Oxy Tdy PANG VIET HUNG [0985.074.831]
bit \/y+3=v,v=20=>V-6/+8=C (1).

Xétham $ f(v)=v’-6v+8yv=0= f'(v)=37-6.

Tacé f'(v)=0 = v=2J2. Khao sat ham&cé f (0) < f (\/E): f(v)>f(0)=84/2> C

Do d6 (1) vé nghgm. Két luan he c6 nghém (x;y) =(0;1) (% ;_3)

2xy° - 2y*+ X = 3y,
2/2y=3+X% + 3y - 4=/y?+ 1%~ 28

Cau 11.[bVH]: Giai h¢ phuong tr‘lnh{

. Loi didi.
biéu kién cac é@n th{rc xacdinh.
Phrong trinh thir nhat caa k¢ teong duong Wi

X=y
2xy° +3x—2y° -3y = 0o (x- + 3= 0=
Phrong trinh thir hai dia b tro thanh 242x— 3+/x2 + X — 4=~/x%+ 1X— 2§

o 2J2x= 3+ + K- 4= [ x- 3P+ B .
bit V2x-3=a;Wx’+ X~ 4=b (a= 0p> ( ta thuduoc

o X=Y.

a=0
2a+b=/8%+b? = da’+ db+b?= &’+b% a(a-b)= 0- {a-b
b a:O@ X=§'
2
. azb e VBB B Ao K Hx- I= On xm{_l_f 71{5}

Déi chiéu diéu kién va thr truc tiép suy ra nglim duy nfat x=y :g .

(x—y+1)/2y -1+ xy+x+ 1=y

9(y-1*-5x=(3-y)V3- &+ ¢

Cau 12.[bVH]: Giai h¢ phuong tr‘lnh{

Loi gidi.
Piéu kién yzé;sz -8x+ 32 (.

Phrong trinh thir nhit caa ke twong duong
(x—y+1)2y-1+xy+x=y’ —1e (x-y+ I/ - B (x-y+ JHy+ 1= (
o (x—y+1)(w/2y—1+y+])= O y=x+1

Phrong trinh thir hai khido tro thanh

9% —5x = (2-X)V 3 - &+ 3= (K- Y +x- E( 2x)J( 2x)( £ §-(x- )

bt 1-3x=t;¥ 3’ - &+ 3=y (y= ( ta thuduoc h¢ phrong trinh

t?+x-1=(2-x)y , ,_ ~ t=y
{y2+x—1:(2—x)t:>t Y E(EX)(y=t) - (ty)(try+2mx) =0 L+y:x—2
<t <2 1++/13
s t=y e 1-X=VX-&+3- 3 - 3 o X=-To

3X* —8x+ 3= K*— &+ 1 X+x-E O
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Tuyén chon céc bai toadic sic vé Hé PT va hinh ping Oxy Tdy PANG VIET HUNG [0985.074.831]

X=>=
o tty=x—-2 < V3 -8+3= &- 3= 4 (Hé vd nghém).
13x* - 16x+ 6= (
\/1_3+1_y_—\/T3+ 5
6 '

Vay pheong trinhda cho cé duy it nghiém x = - 5

(x=y+2)/x+y+1+x(4+x)=y* - 4,
Yx+y-3+415¢+ 1= 3[y- 2.

Cau 13.[DbVH]: Giai h¢ phuong tr‘lnh{

Loi gidi.
Didu kien x+y=3y= 2;x> —1—15.
Phrong trinh thir nhit caa ke twong duong Wi

(x=y+2)Jx+y+1+x2+ 4x+ 4-y? = 0 (x—y+ D x+y+ B(x+ ¥ -y?=
= (x=y+2)yx+y+1+(x+y+2)(x-y+ 2= 0= (x-y+ 3(W1+x+y+ 3: 0= y=x+ .

Khi d6 phrong trinh thir hai ts thanh4/2x - 1+4/15c+ 1= 3/x . Biéu kien xz%.

Phrong trinhda cho trong duong Wi Y2x-1 \/15(+ 1_3 - \/2—— +\/15+— =3

o
bit 4‘/2—— =a; ,4/15+— =b (a= 0p= Qta thudugc he phuong trinh

a+b=3 b=3-a b=3-a
a'+b*=17  |a'+(a-3)'=17 |a‘-6a’+27a’- 54+ 32= 0()
Taco(D) - a‘-6a°+%a’+18- 54+ 32 0- (a’- &) + 1fa’- &)+ 32

1

= (a®-3a+2)(a®-a+16= 0= (a- }(a- I(a*- a+ 1p= e a0 2= 0f- 14 x=

Két luan bai toan c6 nghim duy nhit x =1;y = 3.

x-y) + Y =1

Cau 14.[PVH]: Giai hé phaong trinh: Xty
Ax+3x+y =(X+y- 6)2+ Afx+y
Loi gidi
. Xx+y>0
biéu kién:
3xX+y=0

(1) = (x+y) -1+ ffyy—(x+y)= 0« (x+y-1)[(x=y) +x+y|=0< x+y=1(Do x+y>0)

Thay vao (2) tatuoc
V2x+1= 47 - 24+ 29- X+ F 2= - 2+ 27 ﬂz( - )8 x )

NV2X+1+ 2
w=3oy=-L
- 2 2
;IZX—Q(*)
V2x+1+ 2
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t=-3
Xét (*) : bat t:\/2x+1(t2 O) tadugc%ztz—loa t’+ 2°-10- 2= O- t:1+;/§)
- 1-+/29
2

1420 _13+J20 o2
SX=——— s y=—

2 4 4

3 gj(13+\/29_9+\/29j

2" 2 4 ' 4

Dot=0 nént =

Vay hé c6 nghém (x,y) =(

Jy=2+31-x

Cau 15.[PVH]: Giai hé pheong trinh
VX+1+ (x+1)(y=-2) +x+ 5= y+y- 2

i Loi gidi
bieu kién: x=-1,y=> 2

@ < x+ 1o i J(xr Yy- 3 - dy- 3y~ 2= ¢

Dit a=Vx+1,b=./y-2(abz 0 taduoc a’+a+ab-20°-b=0« (a-b)(a+2b+1)=C
= a=b (Do a,b=0)

Véi a=b < x+1=Jy-2 = x+1=y- 2= y=x+ 3thay vao (Lugc Ix+3-%1-x=2
u-v=2

u+vi=4

bat u=+/x+3,v=1-x véi u=0 ta cé{

:>v3+(v+2)2:4<:» V4v2P+ /=0 v= 0o X= 1o y= £(thoa man)
Vay h¢ d& cho c6 ngiéim duy nhat (x,y)=(14).

2 _1-4xy
(x-y) +1-x-y=
Cau 16.[PVH]: Giai hé pheong trinh Xty
2x% +y=2x=(x-y){y’ +2

bieu kién: x+y#0

- oy 88 -t

(1-4xy)(x+y-1) 1- 4xy
= -1 =0~ -1 =0
(x+y-1)(x+y)+ iy (x+y-1)| x+y+ ry

x+y=1
(x+y)+1-4xy=0o (x-y)’ + 1= (loai)
Véi x+y =1 thay vao (2) tauoc 2x* - 3x+1= (% - /x* - x+ 2
Pt t =+/x° - 2x + 3 taduoc t° - (2x - 1)t +x° - x- 2= 0
t:2x—1+3:

=4

x+1
TacoA=(2x-1)° - 4(x*~x~- 2 = 9nén

{= 2x—1—3:

2

X—2
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Tuyén chon céc bai toadic sic vé Hé PT va hinh ping Oxy

Tiy PANG VIET HUNG [0985.074.831]

x=-1 1 1
Vo t=X+1le VX2 —2X+3=x+ 1= e X== o y==
{ 2 2x+3= X+ 2+ 1 27773
x> 2 X=2
Vo t=Xx-2 = VX2 =-2X+3=x-2 < - v nghém.
{x2—2x+3:x2—4x+4 x:% o

Vay h¢ c6 nghém duy nlit (x,y) = (% ;)

. . o |2 -xy-y*-2x-y=0 (1)
Cau 17.[DVH]: Giai h¢ pheong trinh
VXx=2+,y+2=3 (2)

Lot qidi

y+2=20 y=>-2
Phrong trinh (1) éa k¢ pheong trinh trong duong
(2cey)(x-y)~(2x3) =0 (e y)(x-y=9= 0= [ 27V 70

Y . X_220 X2 2
biéu kién: =

Vi Xx22,y2-2= X+y=22- 2= 2 |
Véi x-y-1=0= y = x-1thay vao phrong trinh (2) tatuoc

Ix=2+x+1=3= -1+ 2/(x- J(x+ }= 3= Vx¥-x- = 2x
X< 2
) {xz—x—2:x2—4x+4:>X:3:>y:2
Vay h¢ phrong trinh c6 ngtém (x;y) =(3;2)

Yy =xt+y?+(x-y) Q)
Cau 18.[DVH]: Giai h¢ phuong trinh+ 2 X2 =3y+10 _

x+1 e @)

Lot didi

. 5-y=>0 <
biéu kién: y = yso
X+1#0 xz-1
Phrong trinh (1) @éa k¢ pheong trinh trong duong

Kyt = 22yt 2y o (xry) - 3y(x+y) = Axry)’ - by
- (X+y)2(x+y—2)—3xy(x+y—2): 0« (X+y— z(xz_xy+y2): 0w [X+y—2=0

X*=xy+y> =0
yY , 3y
TacoxX’ —xy+y>=| x—= >0

ey =(x- 4] 42

Véi x+y-2=0= y=2-x thay vao phlong trinh (2) tatuoc

D78 - 3o 4= o P B (x0 ¥ - oo Wr (Ve §

x=-1 x=-1 =1 =1
«:»(x+1—\/x+3)2:0c>x+1=\/x+3®{ { c[x =Y

(x+1)° = X*+x-2=0 |x=-2(loai)
Vay hé phrong trinh c6 nghéim (x; y) = (1,2)
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Tuyén chon céc bai toadic sic vé Hé PT va hinh ping Oxy Tdy PANG VIET HUNG [0985.074.831]

3¢ (x-y) =y +y (3 -wWy-y) @
3 +x=\y+y (2)

Céau 19.[PVH]: Giai hé¢ phueong trinh

. Loi gidi
bieu kién: y=0
Phrong trinh (1) éa k¢ pheong trinh trong duong
3¢ (x-y) 2+ 3y =y =Wy = 3(x=y=\y)-y(x-y-y)= 0= (x-y=y)(3¢-y) = C
" V&I X— y—\N =0=>x= y+\/§ thay vao phrong trinh (2) tatuoc
A +y+fy=y+y « 3¢ =0 x=0=y=C
» V§i 3x° -y = 0= y = 3° thay vao phong trinh (2) tatuoc
3 +x =3¢ + X - x:\/_3|x|:>x: O0=>y=C
Vay hé phrong trinh c6 ngléim (x; y) =(0;0)

\/x2+x+x+1:M+y

Cau 20.[PVH]: Giai hé pheong trinh y? —5x \/7
=\-xX*+2x+1
y-2

Lol gidl:
x=0
x<-1
biéu kién: {-x*>+2x+1> 0 vax2+x+(—x2+2x+1)2 0= x=>-
xy =0
y=2
Néu x = 0= y =1 khdng thba man k.

Néu x#0 thi (1) = VX2 +x—/xy +x+1-y=0- x(x+1-y) +(x+1-y)= 0
U3+ x+xy

x2+x20:{

=x=20

= X+1-y=0 (do x>0) thay vao (2jugc

2_
X TS 3);_+1: X2 +2x+1 = X2 = XN+ 1-(x— PV-x*+ X+ 1= (
-
bt t =v/-x*+2x+1 tadugc X* =3x+1=x*-2x-1-(x- 29
Taduoc —t* —(x-1)t=(x-2)= 0 t*+(x-Pt+(x- = C= (t-1)(t-x+2)=0
Voit=1< x=2 (dox>0)

X=>2
_3+4/3
_3-43
X=—
2
Vay hé c6 nghém duy niét (x,y) =(3+f3: 5+2f3].
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Tuyén chon cac bai toadic sic v Hé PT va hinh ping Oxy Tdy PANG VIET HUNG [0985.074.831]

(_+(j x+_

/—+x+2+2 3/x +—

Céau 21.[DVH]: Giai hé¢ pheong trinh

x=20
Piéu kién: 1y >0

5+x+220
y

@___+X @xyl X(-1) _ o a1
1) \/_ Vx=0 x\/§+x/_ 0 (xy 1)( x\/§+x/_J -

Thay vao (2duoc \/x2+x+2+2:\/x +X-8 o X2+ X+ 2-Yx’+x-8=-72

5 {a=\/x2+x+2 {az—b3=10
bat =

= (b-2)"-b*=0< (b+1)(b*~ D+ §= 0= b=~

b=Yx?+x-8 l(a-b=-2
. \V29-1 2
Véi b=-1o x*+x-8=-1< X*+Xx- 7= 0= X= - y= dox,y=0
2 Y= Jag-q 10X V=0
\V29-1 2
Vay hé c6 nghém (x,y) = , )
ay hé 91.(y)(2\@_1

«/x+1+\/x2 + y2 +1—\/2y2+ 1=,y+1
Cau 22.[bVH]: Giai hé phuong trin

Ix+8+——— -5y =Vx.
2X - y+8
Loi qgidi:
. )\ - XZO
bicu klén{
y=0

(1) = X~y + (x=y)(x+y)
VXHL+Y+1 [} +y?+1+42y% +1

1 (x+y)
= (Xx- + =0=x=
( ){\/X+1+\/y+1 \/x +y +1+\/2y +1 -y
2) = - =
(2) \/x+8+\/XT8 6/x =0
o X+8+WX-6/X*+ & =0 X+ & Ix*+ &
5x+4>0 xz—ﬂ xz—il
25¢ + 40+ 16= {x2+ &) > - o o=l
16x°-3%+16= 0 |(x-1)"=0
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Tuyén chon céc bai toadic sic vé Hé PT va hinh ping Oxy Tdy PANG VIET HUNG [0985.074.831]

(x—y)( 2y+3+])+ X+y+ 4+ 1= 0,
Céau 23.[DVH]: Giai hé¢ phaeong trinh

2x + 5% + 4x+ 1= x(x+ y + 4 N
X

. Loi gidi:
biéu kién cin thirc xacdinh.
(1) = x-y+1+{x+y+4+(x-y)2y+3=0

o X—y+l+x+y+4-J2y+3+(x-y+ )+ 3= 0

X—-y+1
o X—-y+1+ +(x-y+1 +3=0
Y Jx+y+4+. J2y+3 (x=y+2)J2y
1
- +1 +J2y+3|= 0= y=x+1
(x-y )( Fryrarlaes 2y ] y =X
(2) = 2¢+5+ &+ 1=x( X+ § x+£«:» 2<2+)1(+ 5+ 4&( 2+ x2+§

= X +——2x/x += +x /x += +5x+4 0= [‘/x +—1 ] —E{ x2+—1—x]+ 4= (
X

2x—y+1+(4x-2y+ 5 X+y+ 1= Ix+ ¥
Cau 24.[bVH]: Giai hé pheong trinh 2

_ yt2
3/-9¢ +y+ -3 19x+6
Loi gidi:

(1) « 2x-y+1+ 3(\/3<+y+ - /x+ 3/)+ Z2-y+ ) 8+y+ £ 0
o oxeye1e XYY

J3X+y+1+x+ 2y+2(2x—y+]) xryrE®
3
2 1 1= 0= ZX- E
- (2eys )( \/3x+y+1+\/x+2y 3(+y+j 0 yrE

(2) - = 23 e+ 12=( 6+ Q- &+ 12— 2
3\/—9x +1x- 2 19+ 6
e 0 +1Ix- 2- B/- 0P+ 1k- ¥ 9°- §- 92+ M- 2 H H
2
- (\/—9x2+11x— 2- 3<) _ s(\/— o+ 1x- 2 3)+ 14 0

JEH(y-2)(x-y)+xy =2y 1)
Cau 25.[PVH]: Giai hé pheong trinh 6x-5_1 (x,yOR).
XY+ X+5- ( 2y+1- 2) (2)
4 4
Loi gidi:
xy=0
1
bK: >-—— *).
yz-3 *)

?+(y-2)(x-y)=0
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Tuyén chon céc bai toadic sic vé Hé PT va hinh ping Oxy Tdy PANG VIET HUNG [0985.074.831]
Khi d6 tir (1) = y=0. Két hop v6i xy=0= x= 0.

Taco@) = % +(y-2)(x-y) - y+xy-y= 0= X -y +(y-2)(x-y) , xy-v?

P -2 (x-y)+y vty

(x-y)(x+y+y-2) y(x-y)_

\/x y2xy+y \/7+y
€))

X+2y-2 LY _o

x=Y) \/x (y-2)(x-y)+y \/7+y

=0

Lai 6 (2) = +x+5—6TS-—1(2 +5- 4/2y+]) Y+ B Xy x+ &%( 8+y)
(4)
1 _ Y. 2+ 2\/_5
Do x,y20:>§(3x+y)—\/2y+ 1+ xy + x+ 52 B/ 5= x+ 323

y 2+;*/%>2:>x+ -2 0

Voi X,y=20= x+2y=> x+§:> X+ 2y>

X+2y-2

JE+(y-1)(x-y)+y J_+y
Thé vao (4) taduge V2x+1+VX* +x+5= X = X+ 1+\/ (x+ 2+£’ (2+ )1~

bt v2x+1=t (t= 0) . Phrong trinh noi t+‘/%t +1f t?-1
o 2+t +19= 212 ) o Vi 19= ft2-t- I ti+ 18 f2-t- )

o 4(t4—2t3—t2+ 2t+1)—t4—19= 0- 8- 8- #2+ B 15
o 3 (t-3)+t*(t--t(t-J+ Ht- J= 0= (t- J( E+t?-t+ §=

()
Véi x20 cot=v2x+121= 3°+t°—t+ 5= 3%+ 5rt(t—- 1> C

Do d6

>0 véi Ox,y=0.Khidd (3) = x-y=0= y=x.

Khid6 (5) = t—3= 0w t= 3=y X+ 1= 3o x= 4>y= 4
Thir lai x=y =4 thoa man & da cho.
D/s: He c6 nghém 1a (x;y) =(4;4).

(x+2y)(x-y-1)+{2¢+3y+4°=0 (1)

Céau 26.[PVH]: Giai hé¢ phueong trinh
33— 2+ 4 X+y- 2= §/x+ F+ 2 3 (2)

(x,yOR).

Loi didi:
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Tuyén chon céc bai toadic sic vé Hé PT va hinh ping Oxy Tdy PANG VIET HUNG [0985.074.831]

2X*+3xy+4y*= 0
2
bK: {x=— *
3 *)

2x+y=2

Khi d6 (1) = (x+ 2y)(x—y)+\/2x2+ Ay + y° —(x+ )= C
2X% + 3xy + dy? - x*— dy? - A _
2 +3xy + dy? + X+ 2y
x(x~-y) “0
2% +3xy + dy? +x+ 2y

= (x-y)(x+2y)+

= (x-y)(x+2y)+

X

= (x=y)| x+2y+ =0 (3)

2% +3xy + dy? +x+ 2y )
Tu (2) = 53x+5y+2- 3= 0= Ix+ 5+ kg> B x+ y+ 2 (

Két hop v6i 2x+y= 2= (x+5y+ 2 +( X+y)> 2= Ix+ 3)> G x+ §> (

Matkhécx2§>0:>x+2y+ X > 0.

J26C + 3y + dy? + X+ 2
Dodd 3) = x—-y=0< y=x.

Thé y=x vao (2) taduoc 3V3x-2+ &/ X- 2= §/ &+ 2= 3= § 6+ 2 7 B3 2 3

b=5a—3
5a-M-3=0 7
bat ¥6x+2=a; VX-2=b=7 = - )
a®-2 -6=0
7
. s (5a-3 5 2
Tacoa®-2 —6=0< 493—2(25—3a+ }a— 204

- 49%°-50°+ 6@- 312 0- (a- } 4+ 48+ 136 (4)
V6i xz%:a:\3/6x+2> 0= 4%’ + 48+ 156 (Khido (4) = a-2=0< a= 2

=>I6x+2=2« x=1=>y=1 Thalai x=y=1 da thva man k& da cho.
D/s: He c6 nghém 1a (x y) =(1,1).

+1)*+x2—y? = 2x-y+1 1
Cau 27.[PVH]: Gidi hé phrong trinh V(e -yF = 2x-y @ . yoRr).
1+ x—y+2x+2y- 2= F/x+ J- 3 (2)
Lot gidi:
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Tuyén chon céc bai toadic sic vé Hé PT va hinh ping Oxy Tdy PANG VIET HUNG [0985.074.831]

(x+1)2 +x-y?20
PK: {x+2y-2>0 *).
Xx-y=0

Khi 46 (1) < (x+1)7 =y* +27 ~x=x-y+1
2 222 -
(o) o oyioxd g oy ey ©

=
\/(x+1)2+x2—y2+x \/(x+1)2+x2—y2+x

Do x-y20=x-y+1>1>0nén(3) = \/(x+1)2+x2—y2+x:x+y+1

y+12 0 y=-1 y=-1
< 2 2 _\,2 — 2 < 2 — 2 = _ — (4)
(x+1)"+x*-y*=(y+1) 2 +2x=2y2+ 2y  |(x-y)(x+y+1)=0

2x-y+1>0 X-y+1>0
Tr(l)va(QtacGx+2y-220 =<x+2y—- 2> (
Ix+3y-3>0 [(X*+3y-3>0

= (2x—y+)+(x+2y-+(x+ F-3J> 0= 4x+y)> x+y+ B 2 (

y>-1 {yz—l

Dodo (4) - {X—y:O\:> y=X

Thé y=x vao (2) talugc 1+ 2¢/3x—- 2= 3/ &- 3

1+2a=3 2

bat a=+/3x-220;b=3 4&- 3= ) .
4a’-P°=1 4(3b—1
2 b=0
Tacé4(Tj -3 = 12°- D*+ ®B= 0= |b=1
b=2

= Vi b:O:a=—%: Loai vi a=0.

"Véi b=1=34x-3=1= x=1=>y=1V6i b=2=J4x-3= 2~ lequ yz%1

Thir lai (x;y) = {(1;1) , (121 %lj} déu thoa man k& da cho.

D/s: H c6 nghtm 1a (x y) = {(1;1) ’ (1741 ’%Ij} _
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Tuyén chon céc bai toadic sic vé Hé PT va hinh ping Oxy Tdy PANG VIET HUNG [0985.074.831]

. . . \/x2+3x—2y:\/x+y2+x—+1
Cau 28.[PVH]: Giai hé pheong trinh

VX=1+,y-2=1+/xy- 5y +1

Loi gidi:
{le;yzz
bK: .
Xy—-5x+1>0
Khi do:
PT(1) = 232+ -2y = Ax+y? +x+ 1o X+ K- F— YIx+yZ+ x>+ 8- §-x— %
x> —x-2y -4y’ X— 2y B
= + =0
JE+3x=2y+ 2/x+y? X2+ K- Y +x+1
X+2y-1 1
= (X-2 + =0(1
( y)[\/x2+3x—2y+ 2/x+y? X+ X— A +x+ 1] <

Do x=1y=2: (1) = x= 2y thé vao PT (2) ta cOy/2y —1+/y—-2=1+,/ 3* - 5+ 1

) 2y-1=1 |y=1 (loai)
bit a=.,2y-1b=./y-2=a+b=1+ab - (a-)(b- 1= 0= o
c y y ( ])( :) L/ﬁ:l {y:3;x:6

Vay x=6;y =3 la nghém cia PTda cho

D +1+.y?+3=3y
23 +1-4/y’ + 3= X

Cau 29.[DbVH]: Giai h¢ phuong tr‘lnh{

Lot didi:

#: [ g[ B X=
VXP+1+x o \/y +3

2
. 5.V +
4 thé vao PT(1) ta co: y 3+ !
Yy +3 4 Jy +3

y=20
5(y?+3)+ 4= 2+ 3< 52+ 19 19y*+ 3=
(v'+3 WY ¥ Y {25y4+190/2+ 36E 144°+ 439
= y=1=x=0 la nghém cia HPTda cho.

Taco:PT(2) = 20x* +1- X =y’ + 3=

:>4\/X2+1=\/y2+3+ =3y

x-4y+3[y=2+y
Jy-1+/x+1+y?+y=10

Cau 30.[PVH]: Giai hé pheong tr‘mh{

Loi gidi:
8y —2x

ayeizay O “y( &NJT]

:é nénPT (1) = x=4y thé vao PT(2) ta co:

C

=>1lx=-1 L
pK: {7 _Khi d6: PT (1) = (x-4dy)+
2x+y=0

1 1
3y + 2x+yS3+o
Jy-1+Jay+1+y*+y=10- Jy- 1= #/ 4+ £ 3y’ +y- &

1 4
@(y—z)( + +y+3|=0e y= 2= x= 8langhtm aia PT
Jy-1+1 Jay+1+3
Vay h¢ c6 nghém 1a (x; y) =(8;2)

Do y=21=
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Tuyén chon céc bai toadic sic vé Hé PT va hinh ping Oxy Tdy PANG VIET HUNG [0985.074.831]

TUYEN CHON CAC BAI TOAN PAC SAC VE HINH PHANG OXY

Thay Ping Viét Hung [PVH]

Cau 1.[PVH]: Trong mit phing choduong tron (C): x? + y? —2x -4y = 0 vadiém A(-1; 3). Tim bado
cacdinh aia hinh clr nhat ABCD noi tiép trongduong tron C) va cé dén tich king 10.

Loi gidi:
Tam 1(L2);R=+/5.
Do hinh clir nhat ABCD ndi tiép (C) tam | nén | @ing la giaadiém cia 2dudong chéo AC va BD.
Suy raC(3;1).

Goi a la goc lp bdi 2 duong chéo AC va BD suy r&,,., =%AC.BD.sina =10

- %.2\/_5.2\/_5.sim: 10 sib= L a= 9

Nén ABCD la hinh vudng. Rfong trinh AC : x + 2y — 5 = 0.
Suy ra plrong trinh BD 1a 2x —y = 0.

x=0
g g . |2x-y=0 y= y=0
Toad¢ cua B va D la nglém cua k¢ pheong trinhy -~ - , o
X +y —=2x-4y=0 X -1x= 0 X=2
y=4

Vay toadd cacdinh con 4i cua hinh clir nhat ABCD la (3 ;1) ; (0 ;0) va (2 ;4).

Cau 2. [PVH]: Cho haidudng tron(C)): x* +y*—2x—2y-14= 0,C, ) X’ +y*— &+ - 2G ( Viét

phuong trinhdudng thing A cit (Cy) tai A, B cit (C,) tai C, D sao choAB=2{7;CD = 8

Loi gidi:
Xét duong tron (C,) va (C,) ta & dang timduoc d(I;A)=d(l,;A)=3 nén c6 cac tong hyp v
(A) nhu sau:
TH1: duong thing (A) song song &i 1,1,va cachl,l,1 khaing =3.
Phoong trinh 11, la2x +y—-3=0

Suy ra plrong trinh (A) 2x+y+m =0

a(an,)="3 s m=3V5-3=(8) :2+y+ 3/5- 3 0
Tk m=-3/5-3= (4) :x+y-3/5 3= (

TH2 : duong thing A qua trungiiém aia |,1,va khaing cachi I;va b déén A=3
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Tuyén chon céc bai toadic sic vé Hé PT va hinh ping Oxy Tdy PANG VIET HUNG [0985.074.831]

M (g;oj la trungdiém aia I,1,.

Phurong trinh (A) qua M 1a a(x—gj+by: 0.

a
_7+b
2 35, 2 ~ . R ~ ..
d(l;A)=———==3 o —a“+ab+ 8 =0(vd nghtm do a va b khdndong thyi =0
(158) = =— n (v0 nght dong )

Vay c6 2duong thing A théa man 1a2x+ y+3J/5- 3= Ova 2x+y-3/5- 3= 0.

P/s: 2x+y+3/5-3= 0; x+y- 3/ 5 3 (

Cau 3.[PVH]: Cho tam gia@BC biét duong cao va trung tyn xuit phat tr A lan luot A 6x— 5y — 7 =
0 vax— 4y + 2 = 0. Tinh din tich tam gia&BC biét trong tam tam giac thic truc hoanh valuong cao
tu dinh B di quaE(1; —4)

Léi gidi:
D& dang timdugc toadd diém A(2;1)

G(x%,;0) la trong tam tam giac, m@ thujc trung tugn suy rasado G(-2;0)

Goi M la trungdiém cia BC ta c6: AG = 2GM = toadd M (—4;—%)
1
M| -4,—— |OBC
Ta co: 2 = BC:5x+6y+23=C

BC 0 AH : 6x-5y-7=0
Gia si: B(6t-1-3-59),C(-7- 6,5+ 2=BE=( 2 6;5- L AC=(- 9 615 )
t=-1
Ma BE.AC=0« (2-@)(-9- @)+(5- }( 6+ )= 0- ai+ 42 18 o .19
- 61
+) V6i t=-1=B(-7;2) C(-1- 3= BC =+ 6!
1 1[5.2+6.1+ 28 39
==d(ABC)BC=2"———T61==
= S 2d(,c)c2 NG /61 ;

19 53 _ 27 541 21 o¢

HVsit=—=B| =:-=—| Cc|-—=7—=-]=BC=
) 61 (61 618j ( 61 6J J61

5.2+ 6.1+ 2
= Spec :1d(A, BC).BC :E| 13 99 _ 3861
. 2 Je1 Vo1 122

Y 39 _ 3861
bap . ABC(1) _E’ SABC(Z) _E

Cau 4.[PVH]: Cho tam gia@BC c6 M(1; —2) 1a trungliém AB, truc Ox la phan giac god, dinh B, C
thuoc duong thing di quaN(=3; 0) vaP(0; 2). TimA, B, C va din tich tam giac.
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Loi gidi:
Diém A thuoc Ox, goi toadd A(a;0)
B, C thujc dudng thing quaN (-3;0) & (0;2) — pt BC :2x—3y+ 6= (
Gia sir toadd B(3b;20+ 2), maM (1,-2) 1a trungdiém AB nén ta co &

= A(1350) & B(-9;-4)

a+3h=2 a=11
- b=-3

2o+2=-4"
Goi phan giac go@ 1a AD, tir M ké duong thing d cit AD vaAC lan luot tai E vaF:
= pt (d):x=1 E=(d)n AD - E(L0)= F(13(doM vaF déi xtng nhau qué)
Suy ra plrong trinhAC la: x+5y-11= 0(do AF OAC).

3 28)
13'13

Tu day ta xaalinh dugc toadd diém C la nghém caa AC vaBC: C(—;—

2.11- 3.0+
Dién tich tam gi4ABC Ia: S, :%.d(k BC).BC :%.' N i3 J% - 512(3

Pap &: A(ll; 0) , B(—g;_zy ;C( & 28) rpBC ~ oo

1313 C 13

Cau 5.[PVH]: Viét phrong trinhduong tron cé tam thic duong thingd; : 2x +y — 4 = 0 quatiém M(1;
—1) cit dwong thing (d,): x— y—1=Otai A, B sao choAB =21/7.

Loi gidi:
Goi | la tamdudng tron (C) can tim, | O(d,) = | (t;4- 2t)

Vi duong tron(C)cat (d,): x—y—1=0theo day cundB =27.nén ta co:

2 ABY 92 -30+ 39
(W) =R ) - =252

Mt khacduong tron (C)quaM (L-1) - (1-t)*+(2-9°=R® ~ 52— 22+ 26 R*((0)

t=1

ot -3a+ 39
T )= ———— ""=5t"-22t+ 26 =
r (D& (0 > 5 +26 L=13

Vay c6 2dwdng tron théa man yéu du dé bai 1a: (x—1)" +(y-2)"=9/(x-13°+(y+ 23°= 58

Cau 6.[PVH]: Viét pheong trinhduong thingd qua M(1; -1) &t duong tron tami(4; 0) ban kintR=5
tai A, B sao chdMA = 3MB.

Loi gidi:
Goi n=(a;b)la VTPT aiaduong thingd quaM (1,-1)
= pt(d):a(x-1)+b(y+1)=0. ax+by-a+b=20

Vi B, o =IM?~-R?=-15< 0= diém M ndm trong drong tron.

(M/(c))
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Ma&: B, = MAMB=-15=-MAMB=-15- 3/BMB= 15- MB=v 5> MA= J !

— AB=MA+MB =4/5.

Vay tadi viét phrong trinhduong thing d quaM cit dudng tron taml (4;0) & R=5 da cho theo day

cung AB = 44/5

3a+bh| a=-2b
Do AB=4y5=d =, |R*- | 5o
\/_:> (11(d)) ( j \/_ ,/a +b2 \/_ |:b:2a

+) Véi a=-2b, chonb=-1- a=2= pt (d): x-y-3=C
+) Véi b=2a, chon a=1- b=2= pt(d) :x+2y+1=C

bap 9: (dy,): 2x-y-3=0;x+ 2y+ 1= C

Cau 7. [PVH]: Trong mit phing ta d6 Oxy cho tam gi4cABC vuéng can di A ngai tiép
(C): x* +y?=2. Tim tpadd 3 dinh aia tam giac kit diém A thuoc tia Ox.

Loi gidi:
(C) ¢6 0(0;0),r =/ 2. Piém A thujc tiaOx suy raA(a;0), a> 0.

o _ r _
sin45  sin45

Tur O ha Ol vudng gOAB, ta tinhdugc: OA=

Taco:OA’=1- a’=4 = a=+2= A( 2,0

AB/AC qua A(2;0) nénAB/AC c6 ding: a(x—2)+by =0,a’ +b?# 0.

N 2
Mit khac: cos{ AB /AC ,0x) = cos45=|—=— = a=zb
s ) Jai+b*a1 2

Nén ga si: AB:x+y-2=0; AC :x-y—-2=0

Ké OA cit BC tai H (k,0)khi d6OH =t « k=2

Ma AH OBC={H}=B,COx=%2

+) TH1: B, COx=+/2 khido suy ra:B(\/E;Z—x/_Z) , C(\/_Z;\/_Z— %
+) TH2: B, COx=~V2= B(-V2;2+v2) ,¢(-V 2+ 242

Vay c6 2 1§ toadd 3 dinh tam giacABC thoa man yéu au la:

A(2:0), B(+v2;2¢V2) ,C(2v 27 242

(C):X*+y?—4x+2y-4=0

c6 tam 1al vaJ. Goi H la tiép diém
(C,): x* +y?—10x— 6y + 30= C

Cau 8.[PVH]: Cho haiduong tr(‘)n{

cua (Cy) va (Cy). Goi d 1a tiép tuyén chung ngoai khéng qucua (Cy) va (C,). Tim giaodiém K ciad va
1J. Viét phuong trinhduong tron quaK tiép xac i (Cy) va (Cy) tai H.
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Loi gidi:
Nhan xét: (C,)c6 tam1 (2;-1) & R =3va(C,)c6tamJ(5;3) & R =2

Taco:1J=5=R +R,. Suy ra(C,) & (C,)tiép xuc ngoai ¥i nhau. MaH Ia tiép diém cia 2duang tron:

_19
R =3 {Z(Xl ~%, ) ==3(%, =%, ) _ Xy = 5 :H(l—g;zj
2(y| _yH):_‘?‘(yJ_yH) y _! 55
H
5
K 1a giao @a tiép tuyén chungd valJd nén ta co:
2(X - =3(x, - =
~ 2KI =3KJ H{ (=) =306 =) {XK 1:>K(11;1])
2(y|_yK):3(yJ_yK) Yo = 1

K thugc duong tron (C)va (C) tiép xtc (C,) & (C,) tai H nén tamM cia (C) la trungdiém KH

37 31 : : _ 37\ 3 2_
=M (E,Ej, F%C) =MH =6> pt (C) .(X_—Sj +(y——53 =36

2 2
Pap &: K (1119, (C) (x—3—57j +(y—%|'j = 3¢

Cau 9. [PVH]: Trong mit phing Oxy, chodiém A(1; 3) rim ngoai (C):x?+y?—6x+ 2y+ 6= 0. Viét
phuong trinh dudng thing d quaA cit (C) tai haidiém B va C sao choAB = BC.

Loi gidi:
Goi B(m, n)
Do A nam ngoai(C) vaAB = BC nén @& thiy B la trungdiém cia AC
Ta c6: (C): 2 +y? —6x+ 2y + 6= Ohay (x-3)° +(y+1)°=4=1(3-3 R= ¢
=1A=(-2,4=2(-12=n,=(2)=(I1A) :8x- Jl+y- 3 0R+y- 5
Goi M, N |a giaodiém cia IA véi (C). Hoanhds giaodiém cia M,N la nghém cia hé
2x+y-5=0 y=5 X y=5-2x
{(x—3)2+(y+1)2= 4" {(x—372+(6— x)’= 4 {5x2—30x+ 41= (

(=15+2/5 5+ 4/5

5 YT s :M[15+2\/_5—5+4/_5]'N(15_{5_54_?
_15-2/5 _ -5+ 4[5 5 ' 5 [ 5 ' 5
T YT s

=4

Ta co:
AB.AC = AM.AN =16=> 2AB? = 16=> AB’ = 8= (m- Y +(n- ¥ = & m?+n’- &- 6+ 2

Ma B rim trén (C) nén ta cé¢h
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1

2 2 = 2 _ = — _7
m +n‘—-6m+2n+6=0 5n-6n+1=0 n—g,m—?3

B(3)=C(5-)=d x+y-4=0

=
B(Z,—ljzc(g,—isj:d 1 7x+y-10=0
55 5 5

Vay duong thing éin tim: x+y—-4=0, 7x+y-10= 0

Cau 10.[PVH]: Trong it phing fha do6 Oxy choduong tron ) cé phrong trinh:x?® + y> -8x+12=0
val(8; 5). Tim badd diém M thudc truc tung sao cho quil ké duoc hai tép tuyén MA, MB dén duong
tron (T) déng thyi duong thing AB di qual (A, B 1a hai tép diém).

Loi gidi:
(T):x*+y?-8x+12=0=J(4,Q R=

Goi M (0,m) = MJ =(4,-m)=(AB):4(x-8§-m(y-5=0

=4 M(O,)
. |-16+ 5 R_ 4 m
Taco:—— =d(J/(AB))=—= - |-16+5m =4~ -
20 o ) T gy TR 12y 022
IM =42+ 42 = 4/2
. M(O,4):> |_7| 7 = thoéa méan
(AB):x-y-3=0= MH =d (M /(AB))=$=ﬁ<|M

M = 42+(1_2j2:@
5 5

5
(AB):4x—1—52y—20: 0= MH =d(M /(AB))= = > MI

oali
b/s:M(0; 4)
d,:x+y+3=0
Cau 11.[PVH]: Cho 3duong thing {d,:x-y+4=0. Viét phuong trinhdudng tron c6 tam la giao
d;:x-2y=0

diém caad; vad, ddng thyi cit d; tai AB sao choAB = 2.

Nt A

Loi gidi:
)
"2
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|12 T2 9 , 2 (Asz_lol
o d(l/dy)= = =R =(d(Il/d | — | ===
(172 Wi+2 25 (@) 5 ) =%

. ‘ (7Y 1)\*_ 101

Suy ra plrong trinhduong tron @én tim la: x+E + y—E =0

2 2
B/s:(x+zj +(y—£j :El.
2 2 20

1
(x-1)°+y*== . : X
(C:(x-1) +y 2 . Viet pheong trinhduong thang (d) tiep

(C,):(x-2)° +(y-2r =4

Céau 12.[bVH]: Cho caaiuong tron

xUc Wi duong tron C,) cit duong tron C,) theo day cung cdd dai bing 24/2.

N . o

Lol gidl:
(C):(x-1)° +y? =%: 1(1,0) ,R1=%
(C,):(x-2)°+(y-2¢=4=3(2,3 R, =

Goi (d):ax+by+c=0

NY

1 la+c| y o 2
° —=Rﬂ_:d(|/d)=—‘= a - +b :2(a+C) (1)
V2 Va® +b?
2

, (22 _ 5= _|2a+ 2+

- — | =42=d(J/d)="—wn—o"nou—
w22 =2=aore) =22

|2a+2b+c __ |a+d]

Suyrad(J/d)=2d(l /d)= —=[2a+ D+ = Ja+d]

Ja? +b? JaZ+b
2a+2b+c=2a+ % 2b=c
2a+2+c=-22—- 2% 4a+2D+X=0

=" =-bc= d):- 2=0
. 2b203(1)132+b2=2(a+2>)2=>a2+83b+b2=oe[a b { b.c=20 [() Xy

= =
a=-7b |a=-Tbc=2 |(d):-7Tx+y+2=0

. 4a+23+3::o:(]);412+(4i+ 3)2= $a+c)2<:» 122 + Bc+c2= O»[C=—2a@[cz—Za,b:a

c=-6a c=-6ab="7a

(d):x+y-2=0
- (d):x+7y-6=0

Vay (d):—x+y+2:0; ~TX+y+2=0; x+y-2=0; x+7y-6=0

Cau_13.[PVH]: Trong miit phing Oxy cho baduong thing d :x-3y=0;d, :2x+y-5=0d, x-y=C
Tim toado cacdinh aia hinh vubng\BCD biét rang Ald,;COd,;B,D0d.,

Loi gidi:
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Goi A(3a,a),C(c,5- Z), I latam hinh vudngs | la trungdiém cia AC va thigc BD

I(3a+c a+5—2¢j
= 2 2 =3a+c=a+5-XxX - 2+ = £(1)
X|=y|
(3a+c a+5—20j
Taco:= 2 2 =3a+c=a+5-X - 2+ 2= §2)
X|:y|

T (1) va (2) suyra=1c=1< A(3,) C(L3=1( 22> 1A=V 25 (1) (x- E+(y- E=

Toadd giaodiém cia B,D la nghtm aia k¢ phrong trinh:

{x—y:O {x=y {x:y::g:{B(B,iS),D(l,])

(1):(x-2+(y-2°=2" |(x-2°=1 |x=y=1|B(11)D(3,3

Vay A(3,):C(13,B(3,3) ,D(Ldhaic A(3,);C(L3; B(L1),D(3,3

Cau 14.[PVH]: Trong mit phing wi hé toa do Oxy, cho hinh vudngABCD c6 cacdinh A(-1;2);
C(3;-2). Goi E la trungdiém cia anh AD, BM la duong thing vudng goc & CE tai M ; N 1a trungdiém
cua aia BM vaP la giaodiém cia AN v6i DM. Biét phuong trinhduong thing BM: 2x—y-4=0. Tim

toado diém P

Loi gidi.
Goi | 1a tam hinh vuéng ta cb(1;0), AC =(4;-4) suy ra plrong trinhBD: x-y-1=0.

Do IA=1B= |c:|D=A—ZC:2J§:> B,DO(C) :(x-)*+y*= &

X=y+1
(x-1°+y* =8

B(-1-2),D(3;2

Toado B, D th¢ a
oado oa man{ D(~1:-2) (3

- (oy)=(-1-2 ,(s:z):[

Lai c6 BM: 2x—y—-4=0nén chn B(3;2),D(-1-2; N la trungdiém BM nénAN song song &i CE.
Toa dd trungdiém E(-10)= (CE) :x+ 2y+1= C; (AN): x+2y-3=0va M O(CE):M (-2m-1m).
BMCE=0- m=-2=M (Z;——Gj: DM :x-3y-5=C.
5 5 5
. X-3y-5=0
Toadd diem P thoa man{ y P(Q——ZJ

: )
X+2y-3=0 5 5

Cau 15.[PVH]: Trong mit phing Wi hé toa dd Oxy cho tam giadBC vudng ti A ngai tiép hinh cli
nhat MNPQ. Biét cacdiém M(-3; —1) vaN(2; —1) théc canh BC, Q thusc canh AB, P thuoc canh AC,
duong thing AB ¢6 phrong trinh x—-y+5= 0. Xacdinh hado cacdinh aia tam giacABC.

Loi qgidi.
Ta c6 MN =(5;0)= (BC) =(MN) :y =-1, suy ra Q) quaM va vudng géc éi BC: x =-3.
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QO(AB):x-y+5=0=Q(-3;2; BO(AB)= B(-6;-1).

(NP) di quaN va vudng i (BC): x=2; (PQ) di quaQ va song songdi (BC): y=2=P(2;2).

+y-4=0
(AP) di quaP va vudng goc &i (AB): x+y-4=0= A: xTy = Al - 1.9
Xx-y+5=0 22

C=(AP)n(BC)=C(5;-1). Vay taco A(—%;—ij, B(-6;-1) ,C(5-19.

Cau_16. [PVH]: Trong mit phing Wi hé toa do6 wvubng Oxy, cho dudng tron
(C): x* +y*—4x+2y—11= Cva duong thing d:4x-3y+9=0. Goi A; B la haidiém thwc duong

thang d, C ladiém thuwc duong tron C) . Biét diém H (%2 %1) la mot giaodiém cra AC voi dudng tron

(C) , diém H (—2;9 la trungdiém cia anh AB. Xacdinh bado cacdiém A, B, C biét dién tich tr giac

AHIK bing 24 va hoantto diém A duong.

Lot didi.

Puong tron (C) c6 tam (2;-1) ,R= 4. Ta coIH :(1—52%6j nénlH song song & d, IH :4x-3y-11= Q.

Ta cod(l; AB) =4nénd tiép xtc Wi (C), suy rad (K;IH) =d(H; AB) =4.

Suik = Sk + Saux —%.R.d(K;IH)+—;.AK.d(H;AB):24«:» —;.4.4+—;AK 4 24 AK =

4x-3y+9=0 4x—-3y+9=0

6) 7Y 39 18 3
A(X Y] X>0=3| X+=| +|y——=| =64=> sy — -5 = A Suy raB(-6;-5).
(<) (SJ(VSJ y{s} (533’( )
x>0 x>0

Phrong trinhduong AC: 7x+y-33= 0= C(256 157jh 0:10 C(%ZEJ

Cau 17.[PVH]: Trong miit phing Wi hé toadd Oxy chodiém A(1; 0) va caduong tron
(C):x*+y?=2Vva(C,): x> +y*=5 . Tim badd cacdiém B vaC lan luot nam trén C;) va (C,) dé tam
giacABC c6 dién tich bn nhit, voi x, <1

) Loi didi:
Nhan thay khi dién tich tam gid@BC dat gia ti |6n nhat thi O chinh la tire tdm @ia tam giaABC.
Vata c6:0C 0 AB, OALIBC . Khi d6 goi B(X,;Y,). C(x.; V. )thi X, =x.do OALBC
Ta lai c6: AB=(X,~1Y,),0C =(X;:V: ), 0B =(%:¥,) ,AC = (X, — Ly, )
Mat khac:CO O AB = ABCO=0 < X, (X, ~1)+V, ¥ = 0 Y, Yo =%, — X
= Vo¥e =x -2 +x2(0

X+yi=2 2=2-x)
Va{s Ye :{ya B (_\/§<Xs<1)

X +ye=5 |yi=5-%
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Thay vao(D) ta co:

(2-x2)(5-%¢) = (% - %) = 2x -8 +10= 0= (X, + J (X - % + = 0= X, =% =~
Khi d6 toado cacdiém BvaC can tim 1a:B(-1+1),C(-1+2

Cau 18.[PVH]: Trong niit phing wi hé toadd vudng goédOxy cho hinh thoABCD cé BAD =60°. Trén
cac @anh AB, BC liy cacdiém M, N sao choMB + NB = AB. Biét P(Jé;l) thusc duong thing DN va

duong phén giac trongua g()cl\m co phrong trinh lad : x—\/§y+ 6= 0. Tim ta d6 dinh D caa hinh
thoi ABCD.

Lol gidl:
Gia thiét: BAC =60° = AABD & ACBD la cac tam giadéu. Theo bai ta cOAM = BN, BM =CN
DAM = DBN =60
Ta c6:{ AD = BD — AADM =ABDN => ADM = BDN
AM = BN
Tuong tr ta c6: ABMD = ACND = NDC = MDB
Tir trén suy raMDN =60°.
Goi Q ladiém ddi xiing aia P quaduong phan gidcd : x—+/3y + 6= 0. Suy radiém Q thupc DM.

‘ X ~Yp/3+8
Suy ra tam gia@DQ a tam gideiéu = DP = PQ = 2d(P,(d)) = Z.T: 6

Piém DO(d): x~+3y+6= 0= D(Va - 6x)

d=3/3+1 |D(3+V3:3/3+]

Taco: = PDZ:(x/éd-G-\/é)z’f(d'*/é)z: 36 {d:l D(\/§—6;1)

Vay c6 2diém D thoa man yéu iu bai toan |3:D(3+J§;3@+ ]) ,D(J’ 3 6;)

Cau 19.[PVH]: Trong mit phing Wi hé toa dd6 Oxy, cho hinh cfi nhat ABCD, dinh B thuc duong
thang d, :2x-y+2= 0, dinh C thuc duong thing d,:x-y-5=0. Goi H Ia hinh chtu cia B xung

duong chéoAC . Biét M (g—gj K(9; 2) ln luot & trungdiém cia AH va CD. Tim ta d6 cacdinh aia

hinh chi nhat ABCD biét hoanhdé dinh C Ién hon 4.

Lot didi:
Tac6:BOd, = B(b;2b+2),C0d, = C(c;c-5(c> 4
Goi E ladiém déi xting aiaB quaC nén - E(2c-b;2c- - 12
Trong tam giA@BE, CK chinh ladudng trung binh néK ciing 1a trungdiém cia AE.
Trong tam gia@&HE c6M, K 1an luot 1a trungdiém AH VAAE nénMK la trung binh ga tam giac:
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:>H—E=2W=(7—2;£3J:> H (ZC—b—lZ;Zc— 2)——7?
5 5 5 5

Ta co:CK =(9-c;c+7),BC=(c-bic- -7 ,B_I—Tz( z- b—%z 2- b—%ﬂ W:(c—gc—iﬁ

Lai c6: BH vudng g6cAC(H OAC), CK vubng goédBC:

. 2 _ _ b=1
CKBC=0 2cc-3c+2H-28+ 49 0 C_4(|_)
BH.MC=0 402—6bc+1—§6b—46c+5?94: 0

c=9
= B(14),C(9;4, maK la trungdiém CD = D(9;0)
Mt khac,C la trungdiem BE, E(17;4) ,KA=KE = A(1,0

Vay toadd cacdinh aia hinh cf nhat 1a: A(1,0),B(14 ,C(9;4 D( 9;9

Cau 20.[PVH]: Trong miit phing Wi hé toa dd vuéng gécOxy, cho hinh tholABCD ngaai tiép duong
tron (C): (x—5)%+ (y—6)? :%2. Biét rang cacduong thing AC va AB lan luot di qua caadiém M(7; 8)

vaN(6; 9). Tim bado cacdinh aia hinh tholABCD.

Loi qgidi:
| (5:6)
Puong tron(C): o 410 dodd 1(5;6) la tam @a hinh thoi:
5

Ta co: AC qual(5,6),M (7;8)=li,. ( 2,9 = AC x-y+ E (

Puong thing BD qua | (5;6) va vudng goc & AC nén phrong trinh BD : x+y-11= 0

Goi i,y = (a;b) = AB:a(x-6)+b(y-9)= o,(\/az b # o)

Mat khécR:d(I;AB):\/%:M - (9a-1D)(&R+b)=0

[aZ +b2
+) V6i 9a=13 chon a=13b=9= AB :1X+ Y- 15%F |

13x+9y—-159%= 0 75 86 35 4
= A : =C ;

Khi d6 toadd diém A= ABn AC: —— ——
X-y+1=0 11' 11 11 1

Phrong trinhduong thing CD//ABva quaC G—i%} = CD:13x+9y—- 79= (
L, oz 13x+9y—-79= 0
Khi d6 toadd diém D =BD n CD: = C(-5;16)= D(15- 9
Xx+y-11=0

+) V6i 3a=-b chon a=1,b=-3= AB :x-3y+ 21= C
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x-3y+21=0

oyt1z0 = A(9;10=C(12

Khi d6 toado diém A= ABn AC :{

Phurong trinhduong thing CD//ABva quaC(1;2) = CD :x—3y+ 5= C

x-3y+5=0

Khi d6 toadd diém D=BD N CD:
Xx+y-11=0

=C(7;4)=D(39

Két luan: Vay c6 2 hinh thoi théa man yéawbai toan

Cau 21.[PVH]: Trong mit phing Wi hé toa do vudng goaOxy, cho haiduong tron ©1) va ©,) c6 ban
kinh king nhau va i nhau 4i A(4:2) vaB. Mot duong thing di quaA vaN(7; 3) cit cacduong tron Oy)
va o) lan luot tai D vaC. Tim bado cacdinh aia tam giaBCD biét ring duong thing ri tam Oy, O,
24

c6 phrong trinh x—y-3=0 va din tich tam giaBCD bing =

Loi gidi:
. q quaA( 4;2
Phrong trinhduong thing CD 5 (3 1) =CD:x-3y+2=0
a=(3;

Mit khacA,B, dbi xirng nhau quauong thingd: x-y-3=0

ABU, =0

Goi B(a;b):>{I 1 (voi | 1a trungdiém AB)

(a-4)+(b-2)=0

Ta co: =
a+4_b+2_3:O _
2 2
1 1 4 24 12
=-CDbhd(B;CD)==CD.—=—=CD =—74/10

M3t khac nfin thiy ABCD can i B do BCD = BDC ( cung clra cungAB va 2 duong tron nay bng
nhau)

Goi K la hinh chéu vuéng géc eaB 1énCD ta c6: K (3t-2;t) = BK (3 - 7t - ) = BK U, = €

:>t:1—1:> K(E’lﬂ

5 55
33Y’ 11)° _ 72 uzléC(lﬂ)jD(%l%?)
G0| C(3U_2,U):> KC2=£3,I—EJ +(U_Ej :—5:> 17 41 17
u:—:ci—;—j: D(11)
5 5'5

Két luan: B(5;1) C(L1) ,D(%l;%?J haac B(5;1),c(4€1;1€7)o(1;1)
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2
Cau 22.[PVH]: Trong mit phing Wi hé toa do Oxy, choduong tron (C):(x—g] +(y-1°=2. Xac

dinh ta do cacdinh aia hinh vuéngABCD biét cacdinh B va C thuoc dudng tron C), cacdinh A vaD

thuoc truc Ox.

Lo giai:
(C):tam1 (%;1),R:\/_2
Phrong trinhdudng thingd 1a trung torc cia AD, BC xAcdinh:
Qual (?51;1j vavudng géoc & Ox = d:x=1
Taco:d(1;AD)=1<R=+/2 dod6 AD cit (C)

Dit do dai anh aia hinh vuéng 1&m ta ¢6:d(1;BC)=m-1<R

2 5 m=2
Mat khéc(B—zcj +[d(| ; BC)]2 =R? :>m7+(m—1)2 =2<| —2=>m=2
5
Véi m=2 taco: A(0;0),D(2;0 B( 0;3 C( 2;2haic A(2;0),D(0;0 B( 23 C( 0;2
Luyén thi tnrc tuyén tai www.Moon.vn Facebodkhung95




