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Hwéng dan giai bai tap
1. Bai 1:

) < { D (Vx+fy ) =30
(J§+V§)UJ§+JIY—3J§;}=35

+dét\/;+\/;=u = (uv=>0 u=>5
Jxy =v uv =30 =
u[u2—3v]=35 V=6

+ (Ix+y=5= {x4 hoac {x=9

Jxy =6 y=9 y=4a=0
Binh phwong hai vé pt (1)

2
Bai2: = {x+y+2\/xy:a2 = \/x—:a_azo

3
X+y—.Xy=a \/;+\/;:a20
— diéu kién a=0 ; \/;\/; la nghiém cua phwong trinh:

{a21

_ 2
tacéA:4a a

>0 < 0<a<4 két hop cac diéu kién ta co:

vOi a= 0 hoac 1<a <4 hé co nghiém. cu thé nhu sau:
+n¢ua=0hécénghiémx=y=0
+néua=4= hécénghiémx=y=4

2
+néu 1< a <4 = Jx,\[y nhan céc gia tri %{ai 4a-a }:

3
22
(x:lai 4a-a
4 3
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e Nhan xét néu (x,,y,) la nghiém cta hé thi (—x,,y,) ciing nghiém hé;nén
hé c6 nghiém duy nhét thi X, =—X, = X, =0 thay vao hé phwong trinh :

1=y+a = a=0
y? =1 [a=2
o Diéu kién du: { M i|x|=y+x2+2

+néu a =2 hé cé dang hé cé 2 nghiém (0, -1); (1, 0)

X +y*=1 khéng thoa man
+néua=0hécédang{ A |x| Y+ x2 (1)

x*+y? =1 (2)
T (2) = 0<|x| < tly|<1= x* <|x|= VT (1) 21+|x|2y+x2:VP(1)
Do d6 pt (1) xay ra < (2¥ =1 :{

IXI
7 y Ve

e Kétluanvéia=0hé pt c6 nghiém duy nhat
4. Bai 4:
+ nhan thay tir (2) < x+l + E—x+y - x+1 +E_x+y

3 y 3
xay ra nhu trén < x+1 >0 (3)
y

%—x+y20 4)

+Ttv(2):>m+y+120 5) < —3£y£—1
3 y [ 3

e Néu-3< ys-% Két hop (3), (4) = 0< —lxs%w binh phwong cac
y
2
vé va cong voi y? ta co 89—23x2+y2£(%0yj +y? =

y2+m+120 (6) tw (5)doy<0 :>y2+m+1s0 (7)
3 3
+tr (6), (7)) = y +%+1—0:>y—-3 y——% c6 x twong rngla: x—%x:3:>

hé c6 2 nghiém: (1,_3}(3,_1]
3 3

e Néuy>o = (5)Iluén dung; do x2+y2:% nén chi co6 thé o<y§‘/%
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- néux20=x= %—yz = (3),(4) thod man
p 82 , 2 »
- néux<0 = x=—- E—y = (4) thoa méan con (3) thoa méan

<:>y2s%;y229<:>0<y<% hodc 3<y < /% thi x=—,/89—2—y2

van dé 3: hé phwong trinh bac cao 1 an.
Giai hé pt da c6 nhiéu phirc tap; khi gidi hé bpt can phai can than hon,chat ché
hon.Ta xét mot s6 vi du:
1. vidu1:
Giai hé bpt sau: { 3x2+2x-1<0 (1)
x*-3x+1>0 (2)
Giai:

+ giai (1) dwoc nghim —1< x <%
+dat f(x)=x" -3x+1=f(x)=3x* -3 <0 khi xe[_l%j lai co

f(%j = % >0= f(x)>0 do ham sb nghich bién v&i moi x e (4%)

Vay nghiém cua hé bpt trén la —1< x <%

2. Vidu 2: giai va bién luan hé:
(1) (x*=1)(x-2)=0
{ x*—(3a+1)x+2a*+a<0
(gidi bang phuwong phap khoang)
Gidi: () - x>2,-1<x<1
{ (x—a)[x—2a-1]<0 (2)
Taco (2) & a<x<2a+1 néuax>-1
2a+1<x<a néua<-1
o Bién luan:
+néua<-1=2a+1<x<a<-1<x<1hé () khi d6 vd nghiém
+khi0>a>-1=-1<a<2a+1<1= nghiémcla héla a< x<2a+1

+ Kkhi 0<a<%:>—1<a<1<23+1<2:> nghiém clahéla a< x <1

+ khi %gas1:>—1<a<1<2£2a+1:> nghiém cua hé bpt la

as<x<12<x<2a+1
+khil<a<2=1<a<2<2a+1= nghiémcluahébptla 2< x<2a+1
+khia>2=2<a<2a+1=nghiémciahéla a<x<2a+1.
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Chu y: trong 2 vi dy trén ching ta c6 thé giai tirng bpt sau d6 chi c6 nhiém vu
bién luén vj tri tvong doi khoang cua 2 bpt.
3.vi du 3: xac dinh a dé hé bpt:

{ x+3y 2(x+y)2 +a
(x-y)2 <3y-x-a
c6 nghiém duy nhat.
Giai: giai theo phwong phap can- dua
+ dk can: nhan thay néu (-xo,yo) cling la nghiém cda hé vi thay vao hé:
{—x0+3y0_(x+y0 {x +3y0_x+y0) +a
(—xo—yo) <3y, +X,—a (X5 — Vo) ®<3y,+x,-a
Vay dé hé co nghiém duy nhét = x, = -x, < X, =0 =(0,y,) 1a nghiém cta

hé :>y02—3y0+a£0:>9—4a:0:a=%
+ diéu kién du: vé’ia:% hé tré thanh x+3y2(x+y)2 +% =N

(x—y)2 S3y—x—g

4
2 9 3\’
(x+y) =3(y+x)+ 75 <-2x & X+y-2 <2 &
2 9 3)?
- X X)+—<2x -X—-—| <2x
(y=xF ~3(y=x) 5 y-x-3]
= x=0
_3
Y 2
+Két luan a = 9 hé cé nghiém duy nhét

I

4.Vidu 4: cho hé x*=5x*+4<0 (1)
x*+(2a+1)x+a*+a-2=0 (2
a. tim a dé hé co nghiém ,
b. tim a dé hé c6 nghiém duy nhat.
Giai:
Cau a: gidi (1) dwoc 1< x* <4 & 2<x<-1
E T<x<2
Giai (2) dwoc x,=-a-2; x, =—a+1
Theo y&u cu cla bai toan, d& hé cé nghiém ta can co:
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-2<x,<-1hodc -2<x, <-1hodc 1< x, <2 hoacl< x, <2
& -2<a-2<-1hoac-2<a+1<-1 hoac 1<a-2<2 hoac 1<a+1<2
< —-1<a<0 hoac2<a<3 hoac -4 < a< -3 thi hé cé nghiém
Caub:
- goi f(x)=x"+(2a+1)x+a’+a—2 theo yéu cau cla bai toan ta can tim a dé

f(x)=0 co6 dung 1 nghiém thudc (-2,—1) hodc thudc (1,2) diéu do6 twong duong

Vi f(-2)f(-1)<0 hoac f(-2)f(-1)>0 < 2<a<3
f(Hf(2)>0 f(Nf(2)<0 -4<a<-3
-Kétluan véi —-4<a<-3
2<a<3

thi hé c6 nghiém duy nhét
3.Vi du 5: Giai va bién luan hé
(x-1)(x-2a)<0 (1) ()
{ (x+2)(x+a)<0 (2)
Giai: ]
+ta c6 nghiém tam thirc ve tréi cua (1) 1a x, =1; x, =2a
+ nghiém vé trai cla (2) 1a x, = -2;x, =-a
+ Bién Iu,én:
- néua=0=Xx,=x, hé(l)cé 1 nghiémx=0
- néua>0=x,=2a>0; x, =—a<0= hé (I) vd nghiém
- néua<0-1<a<0=-2<2a<0<-a<1nghiém cla hé () la [2a,-a]
- néu a<-1= 2a<-2<1<-a nghiém cta hé (1) la [-2,1]
Bai tap:
Bai 1: giai hé
y-|x*=x-120 (1)
ly =2/ +|x+1-1<0 (2)
a. gidihé khiy=2
b. tim nghiém nguyén (x,y) cua hé.

Bai 2:
. 2 LA 2 2 1-a
Tim a dé hé X +2xy -7y >——
{ 1+a
3x? +10xy -5y? < -2

Hwéng dan giai bai tap
Bai 1:
a.y=2 (cacemty gidi) dap sb: 1_2\/5 <x<0

b+ tlr (2) & |y -2/ +|x+1<1voi x,yezly-2>20=0<|x+1<1e
x=0vx=-1
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+ x = 0 thay vao (2) = y =2 thoa man (1){ x=0 nghiém
y=2

+x =-1thay vao (2) = |y -2|<1=y=1;2; 3
thay vao (1) dwoc y = 3 thod man dap sb: { x=0 X = -1
o =2 {
Bai 2: Giai theo diéu kién can - du
- diéu kién can: (x,,y,) la nghiém cua hé

1-a
= X2 +2X, Yy —TY, 2 > —— 1 I
{0 Yo~ TVo' 23— (1) (1)
3x,2 +10x,y, —5y,” < -2 2)
+ nhan 2 vé cha (1) v&i (2) va cong 2 bpt ta dwoc
4

X2+6xy. +9y < ——
0 Yo t9Yo 2+

<:>(x0+3y0)2£_—4:>a+1<0:>a<—1

. a+1
- diéu kién da: v&ia < -1
., 1-a 2 "
Taco =-1+ <—1 suyrahé
1+a a+1
(I [ x*+2xy —7y* =1 (3)

x*+10xy —5y* =2 (4)
hé nay c6 nghiém thi hé (1) cé nghiém ( vi moi nghiém cta (1) déu la nghiém cla

()

(Il) < {x2+2xy—7y21 =S {x:—3y @{xig
1 1

x+3y?)=0 -

(x+3y7) >

2—_
' =%

= hé (Il) co6 nghiém
+ ket luén: v&i a < -1 hé da cho c6 nghiém.
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