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Céac tap hop khac rdng A, A,,..., A, dugc goi la mot phan hoach cua tap hop A néu :

A=AUA U..UA

ANA =D Vi, jell,2,..k},i]
Mdi tap con A (i=12,...,k) duoc goi la mot thanh phan cua phan hoach.
S6 S(n,k) lasé tat ca cac phan hoach cia tip A gom n phan tir thanh k tap khac rong véi n,k 1a cac s6
nguyén duong va k <n.

Két qua 1 : SO cach phan phéi n @6 vat khac nhau cho k ngudi sao cho mdi ngudi nhan dugc it nhat mot
do vat 1a k!S(n,k), trong d6 k,n 1a cac s6 nguyén duong va k<n.

Chirng minh : Ta nhan thay rang mot cach phan phéi thoa méan la mot céng viéc gom 2 giai doan :

Giai doan 1:Chia n d6 vat thanh k phan khac nhau sao cho mdi phan c6 it nhat mot db vat.

S6 céc thuc hién ¢ giai doan 1 chinh 1a sb cach phan hoach cua tap A gom n phan ti thanh k tap khéc
rong, theo dinh nghia & trén thi s6 cac cach & buéc nay 1a S (n,k)

Giai doan 2: Phan phdi mdi thanh d6 vat cho mdi nguoi.

Vi mdi thanh phan dem phan phéi cho ngudi khéc nhau thi coi la khac nhau nén tng vai mdi cach chia ¢
giai doan 1 ta dem hoan vi cac phan cho nhau thi duoc k! cach

Theo nguyén Ii nhan ta suy ra s6 cach phan phéi 1a k!S(n,k), dpem

Két qua 2: S(n,k)=kS(n-1k)+S(n-1k-1)

Ching minh : Gia st A latap hop véi |[A=n, A={a,a,,...a,,,a,}. Goi P latap tat ca cic phan hoach
cua tap A thanh k tap khac rong thita cé |P|=S(n,k)
P, la tap tat ca cac phan hoach cua tap A thanh k tap khéac réng sao cho {an} la mot thanh phan caa phan
hoach d6
P, 1a tap tat ca cac phan hoach cua tap A thanh k tap khéc rdng sao cho {an} khéng 1a mot thanh phan caa
phan hoach do. Khi dé : {P =Rk

PNR =0
Tinh |P:

Vi {an} la mot thanh phan cia mdi phan hoach trong P,, nén mdi phan hoach trong P, tuong tng véi
ding mot phan hoach cua tap A\{a,}={a,a,,...a,,} thanh k-1 thanh phan khac rong, do d6
RI=S(n-Lk-1)

Tinh |P,|:

Xét phan hoach ctia P,, ching han a={4,, 4,,... 4.} véi a, e A.Khidé A\{a,}#@,do {a,} khong
la mot thanh phén trong phan hoach cia P,. Vivay o, ={4,\{a,}, 4,,.., 4 } tao thanh mot phan hoach gém
k thanh phan khac réng ciia tap A\{a,}. Xét tuong tu khi a, € A (i=2,3,...,k).

Ngugc lai, néu g ={B,B,,..., B} 1amot phan hoach cua tap A \{a,} thanh k thanh phan khac réng thi
B, ={B,v{a,}B,.... B |

fi=1B. B, ) B la cac phan hoach ctia tap A thanh k thanh phan , do vay |P,|=kS(n-1k)

B ={B..B,.... B, U{a,}}
Theo nguyén ly cong tasuy ra : |P|=|R|+|P,|=S(n,k)=kS(n-1k)+S(n-1k-1), dpcm.
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Két qua 3: S(n,k)= %Z(—l)kJ

S0 ()

Chitng minh : Ta chirng minh két qua trén bang phuong phap qui nap theo n.

VGi n=1thi k=1vatacé S(L1)=(-1)".1=1

Gia str két qua trén duoc chirmg minh ding cho n va moi s6 nguyén dwong k <n. Ta can chirng minh két
qua nay cling dtng cho n+1 va moi so6 nguyén duong k <n+1 .

That vay, ta chi can chirng minh két qua dang véi k <n :

Sir dung két qua 1) tasuy ra S(n+Lk)=kS(nk)+S(n,k-1)
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