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I. Giéi han caa day sé

Gid¢i han hiru han Gidi han vo cuc
1. Gigi hgn dac biét: 1. Gigi hagn dac biét:
n—-+o0 11 n—+0 n lim qn - 400 (q S 1)
lim q"=0(q/<1); lim C =C 2. Dinh Ii:
n—>+o0 n—>+o0 1
2.binh i : _ a) Néu lim[u | =+ thi lim—=0
a) Neu limu, = a, lim v, = b thi u,
elim(u,+vy)=a+b ) u
elim(u,-v))=a-b b) Neu lim u, = a, lim v, = #oothi IimV—“: 0
elim (u,.vy) =a.b . _ n
0 a2 c)Neu limu,=a =0, limv,=0
e lim—2=— (néub =0) .. u +0  néua.v. >0
v, b thi  lim 2 = v n
; T v —00 néu a.v. <0
b) Neu u, >0, ¥hvalimu,=a 4 N i n y 8
. ou lim u, = +oo, limv, = a
thiazOvallm\/E:\/g INe nT T "
, o thi  lim(uavy) = 7°  Mewa>0
c) Neu ‘un‘gvn,\?’n va limv,=0 —00 neu a<0
thi limu,=0 _ o
d)Néulimu, = a thi lim ‘un‘:|a| * Khi tinh gidi hgn c6 mét trong cac dang vo
3. Téng cia cap sé nhan Ii vo hgn dinh: 9, 20— o0, 0.0 thi phdi tim cach khi
o0
S=u+wg+ug + .. = 1L (lol<1) | dang vo dinh.
—q
M4t sé phuwong phap tim gidi han cia day sé:
e Chia cd tir va mdu cho lug thira cao nhdt ciia n.
1 1
1+~ [2, \/1+*—3
vD:  a) limH i -1 b) lim X030 Vo
2n+3 3 2 1-2n 1
2+— —=2
n n
. 2 .2 4 1
¢) lim(n“ —4n+1)=1limn 1——+—2 =400
n p

¢ Nhan lwong lién hgp: Dlng cac hang dang thirc

(Va—vo)(Varvb)=a-b:  (Ya-¥o)({a? +¥ab+3b?)=a-b

VD: hm(\/n2—3n—n):hm(“n2_3n_n)(“n2_3n+n):nm Sn  _ 3
(\/n2—3n+n) Vn?-3n+n 2
e Dung dinh li kep: Néu |u [<v,,vh va limv,=0  thi  limu,=0
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vD:  a)Tinh im32% . vi o <M <L vaimt 20 nen 1im SR o
n n n n n
. . 3sinn—4cosn T 2 42 02 2
b) Tinh lim . Vi|3sinn—4cosn| < (3°+47)(sin“n+cos"n) =5

2% +1

|3sinn—400sn|< 5

nén 0 < > <S—.
| 2n2+1 | 20?41
L. . .. 3sinn—4cosn
Ma lim 5 =0 nén lim 3 =0
2n° +1 2n“ +1

Khi tinh cac gidi han dgng phan thic, ta ch( y mgt sé trwomg hep sau day:
e Neu bdc cua tir nho hon bdc cua mau thi ket qua cua gioi han dé bang 0.
e Néu bdc cua tir bang bdc cua mau thi ket qua cua gidi han do bang ti so cac hé so cua luy

thira cao nhat cua tiz va ciia mau.

e Néu bdc cua ti 16n hon bdc cia mdu thi két qud cua gisi han dé 1a +oonéu hé sé cao nhat
cua tir va mau cung dau va ket qud la —co néu hé so cao nhat cua tir va mau trai dau.

Bai 1: Tinh c4c gidi han sau:
2

_ 3 2
a) lim 2n“—n+3 b) lim 2n+21 ¢) lim 3n” +2n“ +n
3n +2n+1 n’ +4n+3 n’+4
4 2 4 2
d) lim n &) lim—"! f) lim 20" =3
(n+1)2+n)(n’ +1) 2n* +n+1 3n® —2n% +1
Bai 2: Tinh cac gidi han sau:
n n n+l n+l n+2
2) Tim > b) lim2> 7 ¢ limi_*0
443" 25"+ 7" 5" +8"
n n+l n n n n
Q) i 205 0 [ 14237 H [ 1223 1+6
1+5" 5" +2.7" 2"(3" -5)
Bai 3: Tinh c4c gidi han sau:
. N4n?+1+2n-1 . An*+3-n-4 . n®+31-n°
a) lim b) lim ¢) lim——
\/n2+4n+1+n \/n2+2+n \/n4+1+n2
2 2 2
9 tim Van? +1+2n ) lim 2nvn + 1)(Wn +3) f) lim\/n An —an® +1

\/n2 +4n+1+n
Bai 4: Tinh cac gidi han sau:

(n+1)(n+2)

\/3n2+1+n

. 1 1 1
a) im| —+—+ ... +
1.3 35 2n—-1)(2n+1)

N

1+2+...+n

n’ +3n

d) lim LJFLJF e !
1.2 23 n(n+1)

142427 4. 42"

143432 +..43"

e) lim f) lim

Bai 5: Tinh céc gidi han sau:
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a) lim(\/n2+2n—n—1) b) lim(\/n2+n—\/n2+2) C) lim(\3/2n—n3 +n—1)
d) lim(1+n2—\/n4+3n+1) e) lim(\/nz—n—n) f) lim !
\/n2+2—\/n2+4

Van2+1-2n-1 n2 +31-n° Jn? —4n —4n? +1

g) lim h) im—— i) lim
\/n2+4n+1—n \/n4+1—n2 \/3n2+1—n

Bai 6: Tinh cac gigi han sau:

2 n_: 2
) limZCosn b) lim( 1) sin(3n+n") 0 lim2 2ncosn
nZ+1 3n-1 3n+1
. 6 2 . 2.3 2 2
d) lim351n n+5cos"(n+1) e) lim3s1n (n”+2)+n ) lim 3n°" —-2n+2
n? +1 2-3n? n(3cosn+2)
Bai 7: Cho day s (u,) Véi u, = PN U PP VGV N> 2.
2? 3? n’
a) Rut gon up. b) Tim lim up,.
. 1 1 1 *
Bai 8: a) Ching minh: =—-————= (VneN).
n\/n+1+(n+1)\/g \/E n+1
1 1 1

b) Rat gon: u, =

+ +...+ .
W2+241 243432 nvn+1+m+1/n
c) Tim lim u,.
u1=1

Bai 9: Cho day sé (u,) duoc xéc dinh bai:

u

1 .
41 =un+2—n (n>1)

a) bat vy = Up+1 — Up. Tinh vy + v, + ... + v, theo n.
b) Tinh u, theo n.
c) Tim lim u,.

A , . . =V, = 1
Bai 10: Cho day sé (un) dugc Xac dinh bai: { ! 0; v
2u ., =u ,+u, (nx1)

a) Chirng minh rang: Up+1 = —%un +1,VvVn>1.

2 .
b) batv, =u, - 3 Tinh v, theo n. Tur @6 tim lim up,.

1. Giéi han caa ham sé
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Giéi han hiru han

Gidi han v cuc, giégi han ¢ v6 cuc

1. Gigi hgn dac biét:

lim x=x,; limc=c (c: hang so)
X—)XO X—)XO
2. binh Ii:
a)Néu lim f(x)=L va lim g(x)=M
X—>X, X—>X,
thi: lim [ f(x)+g(x)]=L+M
X—>X

0

lim [ f(x)—g(x)]=L-M

X—>X

lim [ f(x).g(x)]=LM

fim L0 _ L
X=X, g(X) M

b) Néu f(x) >0va lim f(x)=L

X—> XO

thi L>0va lim y/f(x) =+L

X—)XO
c)Néu lim f(x)=L thi lim |f(x)|=|L|
X—)X0 X—)XO
3. Gigi hgn mgt bén:

lim f(x)=L <
X—)XO

(néu M =0)

< lim f(x)= lim f(x)=L

- +
X—)X0 X—)X0

1. Gigi hgn ddac biét:

. . +0 néu k chin
lim x* =+00; lim XK = - ,
X—>+00 X—>—00 —o0 néu k lé

) ) c

Iim c=c; lim —=0
X—>+00 X—>+00 Xk

) . 1

lim —=-o0; lim —=+o0
x—0 X x—0" X

. 1 ) 1
lim — = lim +— =+
x—0~ |X| x—0" X|

2. Pinh Ii:
Néu lim f(x)=L=0va lim g(x)= oo thi:
X—)X0 X—)X0

+oo néu L va lim g(x) cungdiu

lim f = ) 7% .
xoon, (020=1 1 ngu L va lim g(x) trdiddu
X—)XO
0 néu lim g(x) =0
. f(x) o .
lim =J+4o0 néu lim g(x)=0 va L.g(x)>0
X=X, g(X) X=X,
—oo n€u lim g(x)=0 va L.g(x)<0
X—)XO
* Khi tinh gidi han cé mét trong cac dang vé dinh:
%, f, o0 — oo, 0.00 thi phai tim cach khu dang vo
0
dinh.

Mgt sé pharong phap khi# dgng vo dinh:
0
1. Dagng —
ang 0
P(x)

a)L= lim m voi P(x), Q(x) la cac da tharc va P(Xg) = Q(Xo) = 0
X

X—> XO

Phan tich cd tiz va mdu thanh nhan tiz va rit gon.

3 . 2
X 8=lim(x 2)(x +2X+4)=li

VD: lim ——

x2+2x+4_2_3

Xx—2 X2 —4 x>2

P(x)

(x—2)(x+2)

m
=2  X+2 4

b)L= lim —) Véi P(Xo) = Q(Xo) = 0 va P(x), Q(x) la céc biéu thirc chira can cling béc
X

X—)X0

Si dung cac hang dang thirc dé nhan lirong lién hop ¢ tir va mau.

2-v4-x

(2-Va—x)(2+v4-x) I I

= lim

VD: lim = lim

x—0 X x—0

P(x)

x(2+\/a)

X202 +4/4—x 4

c)L= lim —) Véi P(Xo) = Q(Xo) = 0 va P(x) 1a biédu thirc chira can khong dang bédc

X—)X0

Gia su: P(x) = ’{/u(x) —I\l/v(x) véi r{/u(xo) = Q/V(XO) =a.

Ta phan tich P(x) = (Yu(x)—a)+(a—8w(x)).

Trang 4
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Yxtl-J-x . (3x+1—1 1- l—xj
= lim +
X

VD: lim
x—0 x—0 X X
) 1 1 1 1 5
S0 Yoxa P4 xet41 1+1-x| 3 26
2.Dgng Z: L= lim PX vsi P(x), Q(X) la c&c da thic hodgc cac biéu thic chira can.
o0 X—>+00

— Néu P(x), Q(x) la cac da thirc thi chia cd tir va mdu cho lup thira cao nhdt ciia x.
— Neéu P(x), Q(x) co chiza can thi co thé chia cd tir va mau cho luy thera cao nhat cua x hogc
nhan luong lién hop.

5 3
2x% +5x-3 2+;_7
VD: a) lim ——————= lim — = X -9
X—>+00 X +6x+3 X—)+001+§+i
X x
3
2x-3 . 2_;

b) lim ——— = |im ——X
X—>—00 /X2+1—X x—)—oo_ 1+i_1

\’ 2

X

3. Dang o — o Gigi han nay thuwoeng co chira can 3
Ta thurong sur dung phuong phap nhan luong lién hop cua tur va mau.

vD: lim (V1+x-+/x)= lim (“”X_*/;)(“l*"“/;): lim — 1 ¢
X—>+00 X—>+00 */1+X+\/; X—>+00 1+X+\/;

4. Dang 0.c0:
Ta cing thuong st dung cac phuong phap nhuw cac dang o trén.
X \/X—Z.\/;_O.\/E_O

VD: lim (x—2) = lim

x—2" XZ —4  x-2" \x+2 2

Bai 1: Tim céc gidi han sau:

1+x+x2+x3 \/3x2+1—x

a) lim— b) lim — c) lim
x—0 1+ x x——1 x—1 ™ X
X—)E
x| _ UxXE—x+1 _ NxT-2x+43
d) lim — e) lim ———— f) lim ——
x>1 x* +x-3 x->2  x—1 x—1 x+1
3 2
- —4-3x-2 . 1
g) lim X873 h) lim 2o 3% i) lim x2 sin—
x>l x—=2 x—2 x+1 x—0 2
Bai 2: Tim cac gidi han sau:
x> —xt—x+1 xt—1 x> +1
a) lim ———— b) lim ——— c) lim
x=l x2 —3x+42 =1 x3 —2x% +1 x=>-1 x7 +1
3 g,2 & 5 6 m
d) lim X~ —=5x"+3x+9 &) lim X—5x" +4x ) lim x -1
-3 x*_8x2-9 x>l (1-x)? x—>1 x0 1
1+ x)(1+2x)(1+3%)—1 o4 x"-n o xt-
9) lirn( +x)(1+2x)(1+3x) h) limX+X +..+X —n i) lim x —16
x—0 X x—1 x—1 x—>-2 x3 1 2x2
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Bai 3: Tim céc gidi han sau:
4x+1-3

x> —4

d) lim X222

x22\x+7-3

1+x-1

a) lim

Xx—2

g) lim
x=03/1+x -1

Bai 4: Tim cac gidi han sau:

\/1+X—\3/1+X
X

a) lim

x—0

3
& tim Ji+4x-31+6x

x—0 X2

g) lim VI+4xA/1+6x -1
X

x—0
Bai 5: Tim céc gidi han sau:

2
a) lim —> !
x>+0 2x% _x +1

\/X2+2x+3 +4x+1

d) lim

X—>+0

Va4x2 +1+2—x
g) lim (2x I)Vx —

X—>— X —5%2

Bai 6: Tim cac gidi han sau:

(\/x2 +1-3% —1)

e) lim (Y2x—1-32x+1)

X—>+00

1 3
(1—x_1_x3]
Bai 7: Tim céc gidi han sau:

a) lim 20
x—2t X—2

a) lim
X—>+0

c) lim
X—>+0

g) lim
x—1

x> —4

x—2

d) lim

x—2"

b) lim Ix-1

ol Yax+4-2

V2x+2 —3x+1
x—1

h) lim X+v3-2x

x>-3  x2 43x

e) lim

x—1

3 J—

b) lim Y8x+11-/x+7
-2 x2-3x+2
Y8x+11-x+7
2x% —5x+2

J1+2x31+4x -1
X

e) lim

X—2

h) lim

x—0

2
b) lim 2x°—x+1
Xx—2

X—>+o0

Va4x2—2x+1+42-x

e) lim

X—>+0

\/9x2—3x+2x
h) lim \ X% +2x +3x

43 11— x40

b) lim

X—>+00

d) lim

X—>+0

2

x—0 X

H lim VxZ+1-1
20x2 116 -4

N \/x+9+\/x+16—7

i) lim

x—0 X

2 1+x—\3/8—x

) lim
x—0
) lim \/ \/x +7
x—1 -1
N \/X+ —+4/1-x
i) lim
x—0
2
¢) lim 2x°+1

x>+ x3 —3)(2 +2

f) lim XvVX+1

x40 x2 4 x 41

x> —5x+2

) 1
) Jim 2|x|+1

X—>—00

(ZX—I—M)

f) lim (%/3x3—1+\/x2+2)

X—>—00

h) lim( > ! +— ! j
=2\ x“-3x4+2 x°-5x+6
2
b) lim x—15 ¢) lim 1+3x-2x
x—2" X— x—3" x—3
e) lim 2-x f) lim 2-x
2 2

x—2" 2x° —=5x+2

Bai 8: Tim cac gidi han mot bén caa ham s tai diém duoc chi ra:

I1+x -1

a) f(x)= J+x -1

E khi x<0

2

khi x>0

9-—
b) f(x) =

tai x=0

1—X

x=27 2Xx° —-5x+2

2
khi x<3

khi x>3

tai x=3

Trang 6
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2
X —=3x+2 Khi x> 1

2

X 23" khi x >2 X ZoX+2
¢) f(x) = { 8-x taix=2 d) f(x)=4 x -1 tai x=1

X216 i x<2 X khi x <1

x—2 2

Bai9: Tim gié tri cia m dé cac ham sé sau c6 gidi han tai diém duoc chi ra:
1 3 .
khi x>1

x> —1 ) _
a) f() =157 Mx<l  guix=1 b) f(x)={x-1 31 tai x=1
mx +2 khi x>1 m’x* —3mx+3 khi x<1
X+m khi x <0 X+3m khi x<-1 .
tai x=-1

c) f(x)=1 x2 tai x=0 d) f(x)=
) F09=9x"+100x+3 . o @ ) £ {x2+x+m+3khix2—1

X+3

Trang 7
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11l1. Ham sé lién tuc

1. Ham sé lién tuc tai mt diem:  y = f(x) lién tuc tgi o < lim f(x)= f(x,)
X—)XO
e Dé xét tinh lién tuc ciia ham sé y = f(x) tai diém xo ta thuc hién cac budc:
B1: Tinh f(Xo).
B2: Tinh lim f(x) (trong nhiéu triong hop ta cantinh  lim f(x), lim f(x))
X=X, X=X, X=X,
B3: So sanh lim f(x) vdi f(Xo) va rit ra két lugn.
X—)X0
2. Ham sé lién tuc trén mgt khoang: y = f(x) lién tuc tai moi diém thugc khodng do.
3. Ham sé lién tuc trén mgt doan [a; b]: y = f(x) lién tuc trén (a; b) va
lim f(x)= f(a), lim f(x)= f(b)
x—a* x—b~
4. e Ham sé da thuic lién tuc trén R.
e Ham sé phan thizc, cac ham sé lirong gidc lién tuc trén ting khodng xac dinh cia ching.
5. Gia siry = f(x), y = g(x) lién tuc tai diém xo. Khi dé:
e Cachamsay = f(x) + g(x), y = f(x) — g(x), y = f(x).g(x) lién tuc tai Xo.
f(x)

g(x)
6. Néu y = f(x) lién tuc trén [a; b] va f(a). f(b)< 0 thi ton tai it nhdt mét sé ¢  (a; b): f(c) = 0.
Noi cach khac: Neu y = f(x) lién tuc trén [a; b] va f(a). f(b)< 0 thi phwong trinh f(x) = 0 cé it
nhat mgt nghiém ce (a; b).
Mg réng: Néu y = f(x) lién tuc trén [a; b]. Pgt m = fnlbli f(x),M= r[na{))]( f(x). Khi do voi moi T
a, a,

eHamsoy = lién tuc tai Xo néu g(xo) #O.

e (m; M) ludn ton tai it nhat mét sé ¢ e (a; b): f(c) = T.

Bai 1: Xét tinh lién tuc ctia ham sé tai diém duoc chi ra:
X+3-2

X+3 ) — khix#1
a) f(0)=1%_7 X*L ix=—1 b) f(x)=4 x-—1 tai x=1
-1 khi x=1 l khi x=1
4
2—Tx+58 - X—3 khi
s arar =4 ; _— 1xX>5
c) f(x)= 23542 kini x#2 tai x=2 d) f(x)=9.2x-1-3 tai x=5
1 khi x=2 (x=5)%+3 khix<5
1-cosx khix<0 X whix<d
e) f(x) = - tai x=0 ) f(x)=1./ tai x =1
) 1) {m khi x>0 ) T09=12-x -1 . ‘
—-2X khi x>1
Bai2: Timm, n dé ham sé lién tuc tai diém duogc chi ra;
2 .
a) f(x)=1% khi x<l i x =1
2mx —3 khi x>1
32
X —X +2x-2 .
b) f(x)= —1 khi x =1 tai x=1
3x+m khi x=1
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m khi x=0
2_ —
0 f0=12"X2% i x£0,x#3
x(x—=3)
n khi x=3
2
X“—x=-2 )
d) f(X): T khi x#2
m khi x=2

tai x=0vax=3

tai x=2

Bai 3: Xét tinh lién tuc cua cac ham sb sau trén tap xéac dinh cua ching:

3

%’Hz khi x = —1
a) f(x)=¢ x +1
i khi x=-1
3
2
X —4 )
C) f(X): ) khi x# -2
—4 khi x=-2

x> —3x+4  khi x<?2
b) f(x)=15 khi x=2
2x+1 khi x>2
2
x“ =2
khi x 2
d) f(0)=4,_2

202 khi x =2

Bai4: Tim cac gia tri cia m dé cac ham s6 sau lién tuc trén tap xac dinh caa ching:

2

X“—x-2 )
a) f(X)Z T khi x#2
m khi x=2
3 2
X —xX“+2x-2 .
C) f(X): 1 khi x#1
3x+m khi x=1

X2 + X khi x<1
b) f(x)=12 khi x=1
mx +1 khi x>1

khi x <1

2
d f(x)=4%
) 1) {2mx—3 khi x>1

Bai 5: Chting minh rang cac phuong trinh sau c6 3 nghiém phan biét:

a) X =3x+1=0

b) x> +6x2+9x+1=0

c) 2x+631—-x =3

Bai 6: Chting minh rang cac phuong trinh sau ludn c6 nghiém:

a) X =3x+3=0

b) X +x-1=0

C) X+ -3 +x+1=0

Bai 7: Chting minh ring phuong trinh: x> —=5x> +4x—1=0 c6 5 nghiém trén (=2; 2).
Bai 8: Chtrng minh rang cac phuong trinh sau ludn c6 nghiém vaéi moi gia tri cua tham sb:

a) m(x—1)>(x=2)+2x-3=0

b) x*+mx? —2mx-2=0

c) a(x—b)(x—c)+b(x—c)(x—a)+c(x—a)x-b)=0 d) 1-m*>)(x+1)’ +x>—x-3=0

e) cosx+mcos2x=0

f) m(2c0sx—\/§)=25in5x+1

Bai 9: Chtng minh cac phuong trinh sau luén co nghiém:

a) ax’ +bx+c=0 Vvéi 2a+3b+6c=0

) x> +ax’>+bx+c=0

b) ax>+bx+c=0 véi a+2b+5¢c=0

Bai 10: Chting minh riang phuong trinh: ax? +bx+c=0 ludn c6 nghiém x e {0;%} voia#0

va2a+6b+19c=0.

www.mathvn.com
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BAI TAP ON CHUONG IV

Bai 1. Tim cac gidi han sau:
1+2+3+...+n
3n’

n% +2n

a) lim

d) lim
2n® +3n-1

9) lim(\/n2—3n—\/n2+1)
i) lim i

Bai 2.

2cosn

n?+1
Tim cac gidi han sau:
. X>-5x+6
a) lim————

x>3x2 _8x+15

4 3 2
d) lim 2x7T =5x7 +3x° +1
x=13x% —8x% +6x° -1
3
g) lim x° —-2x-1

x>l x% —2x—1
Tim céc gidi han sau:

Bai 3.

) xX—2
a) lim———
X223 —/x+7

d) lim 1+2x-3
x—4 \/;_2
 Yx+T7-/5-x

g) lim
X—. X—

1
3
Yx -1
k) lim
) x—)O\/;_l
Tim cac gidi han sau:
2x% —3x+2
X+2

Bai 4.
a) lim
x—-2"
2x% —5x+2
(x-2)*
8+2x -2

VX+2

Tim céc gidi han sau:
2x° —3x% +4x—1

d) lim

X—2"

g) lim

x—>—2"

Bai 5.

a) lim

4

x>0 x4 _5%3 10x? _x43

43
d) lim —2’; X;"
X—>+0 | 3xT +2x° -7

b) lim n+2+smn
n+l1 "
25n+1+3

e) lim
35n+2

+1

Q) lim(\3/ n’ +3n° —n)

k) lim 1
Va2 +1-n? -1

8x% -1
2

b) lim

X_%6)( —5x+1

. X0 -3x+2
e) lim—————

x>l x4 _4x+43
h) lim — 2

x>22x% +5x+2

2
b) lim X =1
x—0 X

. 2x+7-3
e) lim ——

x> \x+3-2
h) lim

\3/1+X—\3/1—X
x—0 X
Y1+x2 -1

) lim
x—0 X
b) limﬁ
x> x2 +3x—4
&) lim 3x+4
x—=3t 3—X
2
h) lim 2x°+5x-3
x>-3 (x=3)°
2
b) Tim X1

x>+02x2 4 x+1

e) lim (\/x2 +1 +x)

X—>—00

. n?’+2n
C) I|m2—
3n“+n+1
_ n n
f) limM
(_1)1’1+1 _2'311

h) lim(1+n2—\/n4+n)

) lim(\/n2 -2 —%/nB +2n)

x> —4x? +4x-3

¢) lim
X—3 x? —3x
3 2
f) lim x> =2Xx"—4x+8
2 x*_8x%+16
2
i) lim 321
x——1 X2_1
¢) lim X873

x>l x2 42x-3

f) lim —“le_l
204 _x% +16

3 —
i) Tim S4X =2
=2 X—2

VX+2+Vx+7-5
x—2

m) lim
x—2

3_
¢) lim 3x7 —4x+1

x——1* x+1

x++/x

f) 1

T

. X
lim (x—2

) Xi)rr21+(x ) 24

2 3
¢ lim 2x=3)"4x+7)

x—>+0 (33 +1)(10x> +9)

f) lim (x+Vx?—x+1)

X—>—0
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2 — —
g) lim V17X h tim (Vx2—x+3+x) i) lim 5x+3v1-x
X—> —0 5 + 2X X—>—00 X—>—00 1_ X

k) lim X2 +2x+3x ) lim ( x2+x—\/2x2—1) m) lim (\/x2+2x+x)
X—>—00 ,4X2+1 —x4+2 X—>—00 X—>—00

Bai 6. Xét tinh lién tuc cua ham sb:

khi x <3 1-+cosx

1-x > khi x#0
a) f(x)=4x%?-2x-3 trenR  b) f(x)=4 sin"x taix=0
———  khi x>3 1 )
2x—6 - khi x=0
4
12-6x . 2 .
) FX=12 _7xs10 7 wnR f<x>={" e e aix=0
) khi x =2 1-+x khi x>0
Bai 7. Tim a dé ham s lién tuc trén R:
j2a’+1 khi x£ 1 21 '
a) f(x)::: o 2+ 2% 2 " . b) f(x)={%_ khi x#1
¥ x- 1 I X> X+a khi x=1
2 2
X“+x-2 ) X“—4x+3 )
C) f(X): ? khi x# -2 d) f(X): T khi x <1
a khi x=-2 ax+2 khi x>1

Bai 8. Chimg minh rang phwong trinh:
a) x> +6x>+9x+1=0 c6 3 nghiém phan biét.
b) m(x—1)3 (x> —4)+ x* =3 =0 ludn cd it nhat 2 nghiém véi moi gia tri cia m.
c) (m* +1)x* — x> —=1=0 ludn cé it nhit 2 nghiém ndm trong khoang (—1;\/5) v&i moi m.
d) x>+ mx?>—1=0 ludn c6 1 nghiém duong.
e) x* —3x% +5x—6=0 c6 nghiém trong khoang (1; 2).

+ b + S0, Chting minh rang

Bai9. Chom>0vaa,b, cla3sd thuc thoa man:
m+2 m+l1 m

huong trinh:  f(x) =ax> +bx+c =0 cd it nhat mot nghiém thudc khoang (0; 1).
p g g

m+1] c?
=— <0
m(m+2)

HD: Xét 2 truong hop ¢ = 0, ¢ #0. Véi ¢ #0 thi f(O).f( 5
m+
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