CAM HUNG TU MOT BAI TOAN TUYEN SINH THPT
Bui B4 Anh 11CT, Nguyén Du
. Trong ki thi tuyén sinh vao 16p 10 THPT Chuyén Nguyén Du Daklak nam 2015 vita roi c6

mot bai toan hinh hoc hay, gay kh6 khian cho da s cac thi sinh du thi, cAm hing ctia minh 14y
tir bai toan nay:

> ~ -~ =~ N 1 1 1
Deé bai: Cho tam giac ABC ¢6 A = 2B = 4C', chiing minh rang: 15~ AC + B

. Bai toan nay c6 vé da xuét hien ¢ dau do, néu vao phong thi thi sinh hoan toan cé thé ti
duge, xin trinh bay 161 giai ctia minh:
Loi giai:

of

Hinh 1: hinh

Détzzl\:éla B=2a azavéiazg

Ke phan glac AD cia tam giac ABC cat dudng tron ngoai tiép tam O tai D, dé thay
ABC = ADC = BAD = 2a, suy ra ti gidc ABDC' 1a hinh thang noi tiép nén 1a hinh thang
can Tt B, C ha cac duong vuong géc BE, CF xudng AD, goi I la trung diém ctia AB

Ta c6: AADC can tai C' nén C'F 13 dudng cao dong thoi 1a trung tuyén, nén F' 1a trung
diém AD, suy ra: EFI=ADB =a (1)

Mat khac ET 1a duong trung tuyén tng vdi canh huyén trong tam gidc vuong ABE nén
Eﬁ?:ZI\F:ﬁzéla—(?a—Qa—Za):a(Q)

Tit (1), (2) suy ra tam gidc EIF can v BF = EI = g

Ta c6: AABE dong dang AACF nén:

AFE AB
AF  AC
a—c ¢
<l=> = —
a )
<=>ab = ac+ bc

£ 1 1 1
Cudi cung thu duge — = — + 5 (dpem)
c a



Bay gio ta sé dén vdi nhitng md rong cia bai toan trén

Bai toan 1: Cho that giac deu ABCDEFG. Khi dé6 ta co:

1_1+1
AB AC  AD

»

tg

Hinh 2: hinh

RO rang bai toan nay 1a hé qua triyc tiép ciia bai toan trén

Néu thay rang: AB = CD,@ = 4@,@ = a,ﬁ = 2a,4ap dung cho tam gidc ACD,
ta c6 dpem.

Bay gio, ta sé tiép can cach giai bai toan trén theo mot huéng khac.

. s AB  sinACB
B$ dé: Cho AABC, khi do =2 = 22
AC sinABC
Ching minh:
. AB AC
Ap dung hé thic lugng trong tam giac, ta co: — = —— = 2R, ta ¢6 dpcm
sinA(ljB 1sz'ni430
Trd lai bai toan goc,yéu cau ta phai chiing minh: — = — + ; <=> cla+b) =ab <=>
c a
b b
1+4-=-(3
+o=-0)
Ap dung lién tiép két qua trén ta co:
b sinABC _ sin2a 1

o sinBACT sinda  2cos2a
b sinABC _ sin2a

——— :
¢  sinACB s1na

Do dé6 (3) tuong duong véi phuong trinh lugng giac:

= 2cosa

4.cos2a.cosa — 2.cos2a — 1 = 0 <=> cosa — cos2a + cos3a = — vii a =

7r
7

Va nhu thé ta thu duge mot bai toan mdéi dang lugng giac,cé vé khong lien quan 1am dén
bai toan dau, nhung gidi dude né thi bai toan dau coi nhut xong



. 2. 3.
Bai toan 2: (IMO 1963): Chiing minh réng:cosg — 08T 4 coso =

1
7 7 2

Chitng minh: Dang thic tuong duong véi:

™ 3. 5. 1
K = cos— + 0057 + cos— = 3
.27 Yy .27 . b CA4r . o
sin—  sin— —sin—  sin — — sin — sin —
Ta c6: K sin — — 7 7 7 7 7T _ 7
a co Sin - 5 + 5 + 5 5

— K =1 (dpcm)

Nhu vay, ta thay su tha vi trong bai toan trén, dac biét 1a nhitng bai toan dang A:B:C=
1:2:4
Két thtc phan nay vé6i bai toan:

Bai toan 3: Cho tam giac ABC' ¢6 A:B:.C=1:2: 4, cac dusng phan giac AD, BE,CF.CMR: FD = FFE




