27/5/2016 Téng hop céc bai BDT trong céac dé thi thdr THPT Québc Gia mén Toan ndm 2016 - Bat déng thirc va cuec tri - Dién dan Toan hoc

Dién dan Toan hoc — Toan Trung hoc Phé thong va Thi Pai hoc — Bat ding thie va cuc tri

Tong hop cac bai BDT trong cac dé thi thit THPT Quoc
Gia mon Toan nam 2016

Baf dau boi Dinh Xuan Hung , 18-03-2016 - 21:13

Trang 1 /11

Dinh Xuan Hung DA giri 18-03-2016 - 21:13

Topic nay ding dé "Téng hop cac bai BDT trong cic déthi thi THPT Quéc Gia moén Toan nim 2016"
Yéu cau : Khong ding qua nhiéu bai mét lic tranh lodng topic. Tuan thu dting quy dinh cia VMF
Bai nao lam duoc s€ duoce boi do trong Topic

(Péthi thut mén Toan 1an 1 chuyén Hing Vuong Phi Tho nim 2016)

Choa, b, c > 0vaabc = 1.Tim gi tri nho nhaf caa biéu thuc:
a? n v +c2—a2b—ab—a—1
(a+1)(b+1)bc (b+1)(c+ 1)ca (c+1)(a+1)ad

Quote

Dinh Xuan Hung : Ai biét vé LaTeX thi c6 thé lién h¢ véi minh dé ciing téng hop Topic niy dé né sé Ia tai
liéu phuc vu tot cho 6n thi THPQ 2017

Bai viéf da duoc chinh sta noi dung boi Dinh Xuan Hung: 23-05-2016 - 17:46

ineX D gui 18-03-2016 - 21:26

Baf ding thirc thi Pai Hoc thuong c6 dang kha khong dep maf, nhung ciing c6 mot s6 bai 361 ximg!
Sau day 1a mot trong s6 d6:

Bai 2: (Péthi tho mon Toan truong THPT Chuyén Bic Giang)
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Choa, b, ¢ > 0 Tim gi4 tri nho nhat cua bidu thuc:

\/7 2(a% + b2 + c?)
\/ c+a \/a,—{— ab + bc + ca

Bai viét da duoc chinh stra noi dung boi Dinh Xuan Hung: 18-03-2016 - 21:47

Dinh Xuan Hung D gui 18-03-2016 - 21:47

Vao liic 18 Thang 3 2016 - 21:26, ineX da noi:
Baf ding thuc thi Pai Hoc thuong c6 dang kha khong dep mit, nhung cling c6 mot so bai doi ximg!
Sau day 1a mot trong sb d6:

Bai 2: (Péthi thir mén Toan truong THPT Chuyén Bic Giang)

Choa, b, c > 0 Tim gi4 tri nho nhaf caa biéu thirc:

F 2(a%2 4+ b2+ c?)
\/ \/ ab + be + ca

(a? + b2 + ¢?) / a? + b + ¢?)
P= Z\/b-l—c \/ab—l—bc—i—ca _Z 2ab+c \/ab+bc+ca
2(a® 4 b* 4 ¢?)
> . —_—
_2ﬁ22a+b+c+ ab + bec + ca

a+b+c)? 2(a? 4+ b% + ¢
s larbio e )
2(a?+ b2+ c® + ab+ bc + ca) ab + bc + ca
_ Y
__ vz [y latbro?
_ btbetea ab+bc + ca
(a+b+c)?
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g (@t b+o) i € [3; +00)
at —ab+bc+ca,taco. ; TOO

2 tv2
P:—\/—1 + 12t — :_t\/_l +v2t -4
1__ p—

t

ty/2 5v/ 2
Khio sat ham s()'f(t) = til + /2t — 4 trén [3; —|—OO), ta co: f(t) > T\/_

P/s:Ban ghi rd ndm ra nhé @

Bai viét da duoc chinh stra noi dung béi Dinh Xuan Hung: 18-03-2016 - 22:03

Dinh Xuan Hung D3 giri 18-03-2016 - 21:59

( D&an 2-2016- Chuyén Vinh phiic)
Choa, b, c1a &6 dai 3 canh tam giac c6 chu vila 1. Tim gia tri nhé nhaf coa :

4 4 4 1 1 1

T =
atb " bre Tate @ b @

(P& thi thi Pai Hoc Vinh 2016)
Cho , Y, 214 cic s6 thuc khéng Am théa man Yy + Yz + 2z = 2. Tim gi4 tri nho nhat cia :

2z 2y 22
- 7 T > T 2
2+ 24y 2+ 2

(P& Lan 2- 2016-Chuyén BAC NINH)

Cho Z, Y, z1a c4c s6 thuc khong Am thoamin: £ + Yy + 2z = 1. Tim gi4 trj lon nhat va nho nhét cua biéu thue:
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T=2JTFz+4/1+y*+1+27*

P/s Mong moi nguoi vao thao luan dé Topic pha trién nhanh

Bai viét da duoc chinh sira noi dung béi Dinh Xuan Hung: 19-03-2016 - 16:49

ngocdzg9apro DA giri 18-03-2016 - 22:28

@.Cho a,b,c>0saochoa + b+ ¢ < %

1 1 1 1 1 1
i i P: — — _ _ - -
Tim Min (3+a+b)(3+b+c)(3+a+c)

[7]Tim @, b, n € Nbiéta + b = 22007

vaiab = 2" — 1véia,ble ,b>a>1

[8].choz,y, z € Rthoaman (z + 1)* 4 (y + 2)* + (2 + 3)* < 2010
Tim Min A = xy + y(z+1) +z(x-2)

Bai viéf 4 duoc chinh sira ni dung boi Dinh Xuan Hung: 19-03-2016 - 22:45

tritanngo99 D4 giri 18-03-2016 - 22:49

Bai 3:

w| —

Khéng maf tinh tong quat: giasia > b > c = ¢ <

=a+b>a+c>b+ec
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st £(¢) — 12 3

1
1_C—EVGiO<C§§;

1
Khao sat ham s6 f(c) voi 0 < ¢ < 3 tacof(c)=> 9;

. 1
=>T=>9.Dau'="xayrakhia = b =c = —. ok

Bai viét da duoc chinh stra noi dung béi Dinh Xuan Hung: 19-03-2016 - 07:33

tritanngo99 D4 giri 18-03-2016 - 23:19

Bai5:

ApdungBDTquenthu(f)c:\/y2 + 14+ 22 +1 > \/(y—i—z)2 +(1+ 1)2.
Y Ta o NP \/(1—m)2+(1+1)2,
ST =2/ F T4/ +1+/Z2+1>2/2F1 +\/(1—m)2—|—(1—|—1)2:f(ac)

dén day khao sat f(x) voi x>=0; (f(x) d6ng bién trén [o0; + v6 cling );

=> min(f(x))=2 + \ﬂ5).

dau = xay ra khi va chi khi x=0; y=z=1/2. ok

Bai viét da duoc chinh sira n6i dung béi Dinh Xuan Hung: 19-03-2016 - 16:48
LaTeX

quani234 ba gui 19-03-2016 - 00:16

CAu 4 Cau dai hoc Vinh bi nham dé roi, phai 13 2 + 2 + =
au 4 Cau dal hoc Vinh bi nham de ro1, phai la 2+ 2 2—|—y2 2+ 22
922 2y 2 2+ay 2(2 + zy) 2
Ta c6 7 T 5 = © T2 - E
2428 24yt vy Z42 @42 (P +2)(+2) VAR +2

Vay

) 2
VT < -

- z2+2+2+22
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2 2 _ 3
bitt = / 22 +2,taSéXéth§1mf(t) = ? + tt—22 < f(2) = 5

Dinh Xuan Hung Pi giri 19-03-2016 - 17:02

Trong Topic nay LaTeX céc ban dang sai kha nhiéu . Chii ¥ cac bai sai LaTeX s& bi khoa ma khéng can thong béo trudc

[9] (e thi thit PH mén Toén cia SG&DT Vinh Phiic 1an 2 nim 2016)

Cho a, b, ¢ duong thoa man diéu kién a?+b* + 2 < 1.Tim gi4 trj nho nhat cia biéu thue:

2 a b c
P== — 4/ (ab+ bc+ ac)® — 24/3{/abe
3<b2+c2+02+a2+a2—|—b2) \/(a ¢+ ac) V/3¥/abc

(D& thi thi chuyén HN Amesterdam nidm 2016)

Cho a, b, c1a cac s6 thuc khong nho hon 1.Chung minh ring:

a b C 18
+ + >
2a — 1 26 —1 2c—1 3+ab+ be+ ac

Bai viét da duoc chinh sira n6i dung béi Dinh Xuan Hung: 20-03-2016 - 09:48

Juliel b3 giri 19-03-2016 - 22:00
Vao liic 19 Thang 3 2016 - 17:02, Dinh Xuan Hung da noi:

[9] (P thi thir PH mén Toén ciia SG&DT Vinh Phic 1ah 2 nim 2016)

Cho a, b, ¢ duong thoa man diéu kién a’ —+ b? + c? < 1.Tim gi4 tri nho nhat caa biéu thie:

2 a b c 3 ,
P_§<b2+02 + c? + a? + a2+b2> —\/(ab—i—bc—i—ac) — 2v/3V/abe

Loi giai :
Tacod:
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a a a?

2 7 = —_ a2 —
b* +c l1-a a(l—a)(1+a)

Laico:
1

1 (- 2)+ (2 - V3 + (2 - Vo + (vE-Da] = 20

a(l—a)(1+4+a) =

T 272-3)(v3-1) 9
Suyra:
5 —
a_ a . 3v/3 2
+c2 al—a)(14+a) = 2
Hoan toan tuong ty véi hai phan thire con lai, ta suy ra :
a b c 3vV3, . .,
+ + > a”+b"+c
2+c2 c+a? a?+b T 2 ( )
Va cling c6:
ab+bc+ca<a®+b+c = —\/(ab+bc+ca)3 > —\/(a2+b2+c2)3
a® 4+ b + 2 > 3va’b’c? = —2¢/3¥abe > —2v/a* +b* + ¢?
Do vay néu datt = \/332 + y2 —+ 22 e (0, 1] thi:
P> 3t —t* -2t = f(t)
f'(t) =23t -3t -2 <0, Vt € (0,1)
Vay f nghich bién trén (0, 1]. T do6 :
ft) = f1) = -3+ 3
Taco:
. 1
MinP = -3 + \/g,datduqckhia, =b=c=—
V3
Bai viét da duoc chinh sira noi dung béi Juliel: 19-03-2016 - 22:08
tungteng532000 Pa giri 19-03-2016 - 22:22

Vao lic 18 Thang 3 2016 - 21:13, Dinh Xuan Hung da noi:

Topic nay dung dé "Téng hop cic bai BDT trong cic déthi thi THPT Quoc Gia mon Toan nim 2016"
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Yéu cau : Khong ding quéa nhiéu bai mot lace tranh lodng topic.Tuan thu ding quy dinh caa VMF
Bai nao lam duoc s& duoce boi d6 trong Topic
(Péthi tht mén Toan 14an 1 chuyén Hung Vuong Phi Tho nim 2016)

Choa, b, c > 0vaabc = 1.Tim gi tri nho nhaf cua biéu thue:
a? b2 2—a’b—ab—a-—1

B (a+1)(b+1)be T (b+1)(c+ 1)ca (c+1)(a+1)adb

. A N K AL AL P P AL
Ban oi débai dau cudi phai la dau +

p_ a? N b? +(22—a2b—ab—a—1
(a+1)(b+1)bc (b+1)(c+ 1)ca (c+1)(a+1)ad
Ta cé:
B a? b? A —(ab+1)(a+1) a’
@+ DG+ bc G+ DctrDea T exDetab @ rD)BL1)
b3 c3
+ + 1

b+1)(c+1) (c+1)(a+1)

Ap dung bdt Holder, ta cé:
3 3

Q. (a+1)(b+1))(Z(a+1)(b+1))(1+1+1) Z(e+bra’ =) (a+1)(b+1)

(a+b+c)? (a+b+c)?

> >

~ 3(ab+bc+ca+2(a+b+c)+3) " (a+b+c)2+6(a+b+c)+9

Dita+b+e=t= 1t > 3

P> t >
T t2+6t+9 — 4

Diang thice xay ra khi a=b=c=1

& (t — 3)(4t* + 9t + 9) > 0 (ding)

Bai viét da duoc chinh sira n6i dung béi Dinh Xuan Hung: 19-03-2016 - 22:38
Thanks ban da gép y cho minh

tungteng532000 Da giri 19-03-2016 - 22:40

Vao lic 18 Thang 3 2016 - 22:28, ngocdz9apro da noi:

@.Cho a,b,c>osaochoa + b+ ¢ < 5
Tim Min P = (3 + . + 1)(3+ L
im Min P = " - ;

Ap dung bdt Holder, ta co:
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1 L

1 1 1 1 1 1
P: J— J— J— J— — _ >
(3+a+ )(3 4+ +c)(3+c+a)_(3+

_|_
b b Vabc  +/abc
3
> (3 3> (3424 2)3 =343
_(_+a+b+c+afb+c)_w +2+2)
Ding thirc xay ra khi a=b=c= 5
Dinh Xuan Hung N

(Dé thi thir DH 14 thir 16 cia Vted)

Cho x, Y, 214 cic s6 thyuc thoa mén : z? + y2 + 2% = 2.Tim GTNN ciia biéu thic :

P=lzty—2+|y+z—a|+|z+z—y

at+b+ec

Choa, b, c1a cic s6 thuc thoa man
2016

2
) < 4abc . Tim GTLN cua biéu thue:

va Vb Ve

pP= + +
a++vbc bt+yea  c+ab

(Péthi thit DH THPT Nguyén Khuyén - TPHCM)

Cho ba s6 thuc &, Y, 2 thuoc doan (0;4) vathsaminx + y + z = 6+/2.Chimg minh rang:
1 N 1 N 1 - 3v/2
V16 —a22 /16—y V16-22 4

Bai viét da duoc chinh sira noi dung béi Dinh Xuan Hung: 04-05-2016 - 22:00
Update bai 13

tungteng532000 Pa giri 19-03-2016 - 22:56

Vao lic 19 Thang 3 2016 - 17:02, Dinh Xuan Hung da néi:

(Péthi thir chuyén HN Amesterdam nim 2016)

Cho a, b, c1a cac s6 thyc khong nhé hon 1.Ching minh ring:
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a b C 18
+ + >
2a — 1 2b—1 2c—1 3+ab+bc+ac

Tir gia thiéf a,b,c

>1=(a-1)b-1)+b-1)(c—1)+(c—1)(a—1)>0<ab+bc+ca>2(a+b+c)—3
18 9 1 1 1
= < < 4 4=
3+ab+bc+ca ~ a+b+c ~ a + b + c
1 a 9
Mit khic d4nh gia dai diegn: — < ——— < 0 < (a — 1)“ (dung)
a 20 — 1

Bdt dc ching minh. Ding thirc xay ra khi a=b=c=1

Bai viéf da duoc chinh sta noi dung boi tungtengs532000: 19-03-2016 - 23:01

hangdiemdieuhoa1999 D3 giri 21-03-2016 - 10:21

Vao lic 19 Thang 3 2016 - 22:44, Dinh Xuan Hung da néi:

(Déthi thit DH 1an thir 16 cua Vted)

Cho x, Y, z1a cic s6 thuc thoa man : z? + y2 + 2% = 2.Tim GTNN cua biéu thic :

P=lzty—2+|y+z—a|+|z+z—y

Minh xin phép chi trinh biy § tuéng;
pait:|lc+y—z|=a,|-z+y+z/=blr—y+zl=c
Do d6 ta can tim GTNN cia P = |a| + |b| + |¢|

Ta lai tinh céc dai lugng ab + be + cavaa® + b% + 2

khi @6 tim duoc GTNN cua P

BlackSelena Da giri 21-03-2016 - 15:36

Minh thi khong phai loai gioi baf ding thiic nhung 'dé thi Pai hoc' ma cac ban et Holder Am Am nhu thé nay thi....

ngocdz9apr0 ba gui 21-03-2016 - 17:33
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27/5/2016 Téng hop céc bai BDT trong céac dé thi thdr THPT Québc Gia mén Toan ndm 2016 - Bat déng thirc va cuec tri - Dién dan Toan hoc
Vao liic 19 Thang 3 2016 - 22:40, tungteng 532000 da noi:

Ap dung bdt Holder, ta co:

P=Bt+ B Erirys@e o Loy
ST e T e T e el T ke Vabe
3 3

> (3+ > (3+2+2)° =343

at+b+e + at+b+e

Ping thie xay ra khi a=b=c= 3

cm bdt hodelr nha

PlanBbyFESN Dé giri 21-03-2016 - 18:30

Vao lic 18 Thang 3 2016 - 22:28, ngocdz9apro da noi:

@-Cho a,b,e>0saochoa + b+ ¢ < 3
o Min P — (3 1 1 5 1 1
Tim Min P = ( +E+€)( +E

Giai: Ta nén c6 mot 1oi giai thuan tiy bang AM-GM: @

(

) = (x5 2)

Q| M

L1111
b’b ¢’ c

Q| M

=P=0B4+2)3+y)(3+2) =27+ 3(xy +yz+ 2zx) + 9(z + y + 2) + zyz > 27 + 9/ (zyz)*
+ 27¢/TYz + xyz

Mait khac, ta c6:

1 1 8
zyz =15 +3) = oo

3 1
52a+b+cz3\3/abc$0<abc§

8
= zyz > 64

= P> 27+ 9v/64> + 2764 + 64
hay P > 343
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1
Dau"="xayra<>a =b =c = E

ineX Di giri 21-03-2016 - 18:51

Vao lic 19 Thang 3 2016 - 22:44, Dinh Xuan Hung da néi:
(Péthi thw DH THPT Nguyén Khuyén - TPHCM)

Cho ba 6 thue , Y, 2 thuse doan (0; 4) va théa man  + y + z = 64/2.Chimg minh ring:

1 1 1 82

>

+ + >
Vi —2? 16—y V1622 4

thi sao khong rit gon thanh 24/2

Dé nghj ban xem lai d€, néu la

4

huya1k43pbc ba gui 21-03-2016 - 21:16

14.Chuyén Phan B6i Chau Nghé An 14n 1 2016: Cho
(z+y+2)°
(z+y)(y+2)(z+2)

z,y,z> 0;7(x +y* + 2%) = 11(zy + yz + 2z). Maz, MinP =

Bai viét da duoc chinh stra néi dung boi Dinh Xuan Hung: 22-03-2016 - 20:15

Trang1 /11

Tro lai Bat ddng thire va cuc tri - Chi dé chua doc tiép theo —

Dién dan Toan hoc — Toan Trung hoc Phé thong va Thi Pai hoc — Bat ding thirc va cyc tri
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27/5/2016 Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 2 - B4t déng thirc va cuc trj - Dién dan Toan hoc

Dién dan Toan hoc — Toan Trung hoc Phd thong va Thi Pai hoe — Bat ding thic va cuc tri

&

Téng hop cac bai BPT trong cac dé thi thit THPT Quéc Gia mén Toan
nam 2016

Bif dau boi Dinh Xuan Hung , 18-03-2016 - 21:13

Trang 2 /11

huyaikgq3gpbc

Pa giri 21-03-2016 - 21:20

15.Choa, b, ¢ > 0;a®> + b®> +c®> = 3.MinP = (a + b + c)(E )

a?b? +1

Bai viéf da duoc chinh sira néi dung boi Dinh Xuan Hung: 19-04-2016 - 20:48

phamngochung9a ba giri 21-03-2016 - 22:49

Vao lic 21 Thang 3 2016 - 21:16, huya1k43pbc da néi:

(x+y+2)3

14.Chuyén Phan Boi Chau Nghé An 14n 1 2016: Cho x, y, z > 0; 7(x2 + y2 + z2) = 11(xy + yz + zx). Max, MinP = ————~——
(x+ Y+ 2)(z +x)

Loai bai nay raf hay s dung tinh déng bac & gia thiéf
Bién d6i GT thanh:

7(x + y + 2)? = 25(xy + yz + zx),

bat:
X
a_
X+y+z
Y ,
b—x+y+z , ta co:
z
C =
X+y+z

7
ab+bc+ca=—
25
a+b+c=1
1 1 1 25

P G Do+  @rbro@brberca)—abe 7
25

—abe 7™ 25abc

1 1 .
Do abc < ;(u +b+c)3 = ; < é nén méu cia Pludén duong, do @b, ta quy vé bai toan don gian hon 1a: tim max va min cua abc.

Ta co:
abc = [1 —c(1—c):|.c:c3—cz+lc
25

Giastta = b= c,tachd:c <

wW =

Xét ham s6~

(wéic e ( ,3])
véic 0,3

7 7
S A —0c?_ e 4 L =
flo=c c+25cf(c) 3c 2c+25 0 .

SN aie

T Am DDT 40 A

‘ Pang tai [MathJax]/jax/output/Common HTML/jax.js ‘
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1l 3
abe S]((5) 125

3
a=*=
5 X =
12 1
Ve_iy:maxP=—5 b=- >(y=1
32 5 _
. z=1
c=-
5

A

5

, . A AT s a7 . 1 .o, .o 3375 [
Chung minh tuong tu trén, nhung ta xét ham fla) = a3 - a +2—5avmae g,l ,talaic6 min P = 89_6 =5

P.s Bai toan nay cho kéf qua cir phai goi 12 "dep dén ao diéu". Pi thi ma khong c6 may tinh chic 1a ngdi ngam bat dén héf gio :D

Bai viéf dd duoc chinh sira néi dung bsi phamngochungga: 21-03-2016 - 22:55

ba giri 22-03-2016 - 18:22

quangtq1998

BAI 16( Chuyén Nguyén Trii)
Cho a, b € (0,1); (a3 + b3)(a + b) = ab(1 — a)(1 - b)

e, I 1 1
Tim gi4 tri 16n nhat cta : + +3ab - a® - b*

\/1+a2 \/1+b2

Bai viéf dd duoc chinh sira néi dung bsi quangtq1998: 22-03-2016 - 18:22

Pa giri 22-03-2016 - 18:24

quangtq1998

BAI 17

Chox,y,z > 0;x+y +2z = 3; Timmax P = x°y + y°z + z°x

Bai viéf da duoc chinh sira néi dung bsi Dinh Xuan Hung: 23-03-2016 - 19:33

quangtq1998 Di giri 22-03-2016 - 18:30

Vao lic 19 Thang 3 2016 - 22:44, Dinh Xuan Hung da néi:

13 (Péthi the PH THPT Nguyén Khuyén - TPHCM)

P . 1 1 1
Cho ba s6 thuc x, y, z thugc doan (0; 4) vathéoaménx + y + z = 6\/§.Chfmg minh rang: + + >
\/16—x2 \/16—y2 \/16—22 4

, 1 1 s 2 2
COZ:Z_t(VlbdtH(x —8) =0
\/16—t2 8
1 3v/2
NénP > —(x+y+2) = —
8 4
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3v/2

Vay sua la

Bai viéf da duoc chinh sira néi dung bsi quangtq1998: 22-03-2016 - 18:30

Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 2 - B4t déng thirc va cuc trj - Dién dan Toan hoc

I Love MC

Bai 18 : Péthi thir dai hoc 1an I trung hoc phé théng chuyén Quéc Hoc-Hué”
7V/5 — 4x + 2\/5+x—4x2—\/1+x—4x+5

Tim gi4 trj 16n va nho nhaf cia ham sy = —
V5-4x+23/1+x+6

Bai viéf da duoc chinh sira noi dung bsi Dinh Xuan Hung: 23-03-2016 - 19:33

ba gui 23-03-2016 - 08:04

quangtq1998

Vao lic 23 Thang 3 2016 - 08:04, I Love MC da noi:

Bai 18 : Péthi thir dai hoc 14n I trung hoc phé thong chuyén Quoc Hoe-Hué”

7 5—4x+2\/5+x—4x2— 1+X—4x+5
Tim gi4 tri 16n va nho nhaf cia ham s6* y =

V5-4x+2y/1+x+6
Khéng biét lam cach nay c6 dugc khong
DK:—1sxsé
4
Pity/5 - ax= ;b= x+ 1= a*+4b*=9;a € 0,3]:b €0, 2]
2
a-b
P=
a+2b+6
a 10 )
P<a+ < — Dau"="xayrakhix = —1
a+6 3
b+2 -3(b+2 -1
pogsq. 30+2)  -3b+2)

> > — Dau "="xay ra khi x = -5
a+2b+6 2b+6 6 4

Bai viéf dd duoc chinh sira néi dung bsi quangtq1998: 23-03-2016 - 18:28

ba giri 23-03-2016 - 18:28

phamngochungga
Vao lic 22 Thang 3 2016 - 18:24, quangtq1998 da noi:
BAI 17
Chox,y,z = 0;x+y +2z = 3; Timmax P = x*y + y°z + z°x

Gia siry nim giira x va z, ta co:

ba gui 23-03-2016 - 19:25

1 1
(y—z)(y—x)s0:>y2+xzsxy+zy:>yzz+zzxsxyz+22y:>Psx2y+xyz+z2y=y(x2+zx+zz)sy(x+z)2=;.2y(x+z).(x+z)s —4(2x+2y+2z)3=4

x=2
Viy max P=4 ©(Y=1
z=0

tritanngo9g

Vao lic 21 Thang 3 2016 - 21:16, huyai1k43pbc da néi:

14.Chuyén Phan Boi Chau Nghé¢ An 14n 1 2016: Chox, y, z > 0; 7(x® + y + z°) = 11(xy + yz + zx). Max, MinP =

Loi giai cua minh la:

Hinh giri kém

http://diendantoanhoc.net/topic/155623-t%E1%BB%95ng-h%E 1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c%C3%A1c-%C4%91%E1%BB%S. ..

(x+ Yy +2)(z+x)

Pa gii 24-03-2016 - 19:58
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http://diendantoanhoc.net/uploads/monthly 03 2016/post-138833-0-02004000-1458824280.j

binhbo ba gii 24-03-2016 - 20:06

19.Cho céc 56 thyuc duong a,b,c thoa méin diéu kién ab + be + ca = 3. Tim gi trj nho nhaf cua biéu thic:

1 1 1 1

— + + +
abc  (a+b)3 (b+c)3  (c+a)d

Bai viéf da duoc chinh sira néi dung boi binhbo: 30-03-2016 - 21:00

tungteng532000 Di g 24-03-2016 - 22:45

I Vao lic 21 Thdng 3 2016 - 21:20, huyaik43pbe da néi:

1

15.Choa, b, ¢ > 0;a® + b2+ c¢2 = 3.MinP= (a+ b+ c)(z )
a’b®+1
; 1 a?b? ab
Ta co: =1- 21— —
a®bh® +1 a?b® +1 2

1 1 15 1
Dod6P = (a+b+c)3- EZab)=(a+b+c)(3—Z((a+b+c)2—a2—b2—cz))=(a+b+c)(25—z(a+b+c)2)
Pitt=a+btc 1/3<t<3

15 1
P> t(zs—zﬁ)z %:»(t—g)(t2+3t—6)sodﬁngvéi\/ﬁ<ts3

Ding thirc xay ra khi a=b=c=1

tungteng532000 Di giri 24-03-2016 - 23:08

[!' Vao tiic 24 Thang 3 2016 - 20:06, binhbo da néi:
19.Cho cic s6 thyc duong a,b,c thoa man diéu kién ab + be + ca = 3. Tim gia trj nho nhaf cua biéu thic:

1 1 1 1
= — + + +
abc  (@+b)3 (b+c)3 (c+a)3

bay 1a 1 kéf qua kha long caa bdt Iran 96:
1 9
(a + b)? = 4(ab + be + ca)

Véi a,b,c>=0 ta c6 bdt: 2
Con 1 101 giai cia minh:
Ap dung bdt AM-GM ta c6:

3 — :

@+ b3 - @+bb+a+a

3 3 3 3
— 4 > > =
8abc  (a+b)b+o)c+a) y/f2abe(a+b)(b+c)c+a) 4

5 5

52
8abc 8
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11
=>P>—
8

Ping thire xay ra khi a=b=c=1

Dinh Xuan Hung DA giri 25-03-2016 - 22:44

20 (Péthi thir mén To4n 14n 1/2016 truong THPT Chuyén Nguyén Trdi - Hai Duong)
Cho céc s6 thuc khong am a, b, cthéaméan a + b + ¢ + abc = 4.Tim gia tri nho nhaf cua

P a?+ b% + c?+ abc
(a+b+c)?-1

21 (Péthi thir mén Toan 14n 3/2016 truong THPT Chuyén Khoa hoc ty nhién)
Cho a, b, c1a céc s6 thyc khéng Am thoa min a® + ab + b? = c(a + b + ¢) .Tim gié tri 16n nhaf cua biéu thue:

(a+c)? . (b+c)? . ab ab

P= .
2a% + 2ac+c2  2b%+2bc+c?  (a+b)®2 a>®+4ab+ b?

Bai viéf dd duoc chinh sira néi dung bsi Dinh Xuan Hung: 12-04-2016 - 17:12

quangtq1998 Da giri 26-03-2016 - 16:03

Vao liic 25 Thang 3 2016 - 22:44, Dinh Xuan Hung da noi:

t3
Dita+b+c=t>abc=4-t<—>=>42t23
27
abcz(a+b-c)b+c-a)c+a-Db)
o t3—4t(ab+bc+ca)+36-9t =0

o t3-2t(t2-(a2+b%2+c?))+36-9t=0

t3 + 9t - 36
=>a2+b2+022#
2t
t3+9t-36 ;
o T4T t3 — 2t + 17t — 26
> P> =
t? -1 2t(t? - 1)
1 2(t-3)6 -t 1
2 tt?-1) 2
1
> P>-
2

Dau"="xayrachdhana=b=c=1

Bai viéf dd duoc chinh sira noi dung boi quangtq1998: 26-03-2016 - 18:27
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ineX Di giri 28-03-2016 - 19:48

S6i néi Ién chw nhi!

Cau 22: Dé thi thit THPT Quéc Gia 14n 1 THPT Huong Khé
Véi cac s6 thuc khong am x, y, zthéaminx + y+z = 3

Tim gi4 trj luén nhat caa biéu thic:

P=(x2-xy+y)y>-yz+2z2)(z> - xz +x?)

Bai viéf da duoc chinh sira noi dung béi ineX: 29-03-2016 - 10:56

quangtq1998 Da giri 28-03-2016 - 21:00

Vao lic 28 Thang 3 2016 - 19:48, ineX da noi:
S6i néi 1én chi nhi!
Céu 22: Pé thi thir THPT Quoéc Gia lan 1 THPT Huong Khé
Vi cic s6 thuc khong Am x, y, zthéaminx + y + z = 3
Tim gi4 tri luén nhaf caa biéu thirc:
P=(x*-xy+y?)y* - yz + 2°)(2° - xz + x7)

Khong mat tinh tong quét, gia stz = y = x

nén
72 — xz + x? < (x + 2)*
x?-xy+y*=y*-x(y -x) <y?
y2-yz+z2 <y’ -yz+z2+x(x+2z2-y) = y> - ylx + 2) + (x + 2)?
Nén

P < (x+2)%y°%[y* - y(x + 2) + (x + 2)*] = 3y3(y - 3)3 + 9y*(y - 3)>
batt=yly-3)=>t<o
P-12<3t3+09t-12=3(t-1)({t+2)%<o0
nén Pmax =12
Déu "=" xayrachahanx = 0;y =1;z =2

Bai viét da duoc chinh sira néi dung boi quangtq1998: 28-03-2016 - 21:01

Kaito Kuroba D3 giri 02-04-2016 - 20:29
2 Bai 23

(Trich déthi thu1an 2 - THPT Dikmil - diknong)

Choa, b, ¢ > othéamina + b + ¢ < 3abc . Tim Gi4 trj 16n nhat cua biéu thue:

a?+ b2 + 2c? (a4 + b4)(ab + 02)3 c3(a3 + b3)
P= (a2+ 2+ 2)\/b2+ 2 ) a2(b2+ 02) + bz(a2+ C2) B :’)\/m
3

http://diendantoanhoc.net/topic/155623-t%E 1%BB%95ng-h%E 1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c%C3%A1c-%C4%91%E1%BB%8...  6/8
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Bai viéf da duoc chinh sira néi dung bsi Dinh Xuan Hung: 18-04-2016 - 23:08

Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 2 - B4t déng thirc va cuc trj - Dién dan Toan hoc

ba giri 02-04-2016 - 22:40

phamngochungoga

Vao lic 25 Thang 3 2016 - 22:44, Dinh Xuan Hung da néi:

21 (Déthi thir mon Toan 14n 3/2016 truong THPT Chuyén Khoa hoc ty nhién)

Cho a, b, cla cic s6 thuc khéng Am thoa man a? + ab + b? = c(a + b + ¢) .Tim gié trj 16n nhaf cia biéu thuce:

(a+c)?

ab

pP= +
2a? + 2ac+c2 2b%2+2bc+c?2 (a+b)®2 a®+4ab+ b?

Thuyec chaf bai nay 14 sir dung bd dé”

1 1 2
< véixy <1
1+x% 1+y? 1+xy

Bién d6i gia thiéf thanh (c + a)(c + b) = (a + b)?

Ta cb:
1 1 ab 1
P= + + St S
(a )2 (b )2 (a+b)* , Laxd)
— | +1 — ] +1 ab
a+c b+c
b ab 1 .
Do . = < — < 1nén
atc btc (a+b)? 4
2 ab 1 2 ab 1
P< - + b)2+ 3 b)2= s +( b)2+ @i
a
1+ ———— (a+ W) s —— (a+ a+ro)
(avc) (b+e) 2T (a+b)? 2T
ab . 1
bat =t (véits =)
(a + b)? 4
2
P= +t+ =——+t+
1+t by L 1HE ot + 1

. 2 t 1
Khao satham s6 fit) = —— + t + trén (0; - ], ta co:
1+t 1 4

1
wosi;)- 5

ba giri 03-04-2016 - 20:57

v pol2t
ay max =T S i
ay 60
thanhnam2000

Bai 24:Cho x, y, z14 cc s6 thyc khong Am thoa man x2 + y2 + z2 = 3. Tim GTNN cia

16 XYy+yz+zx+1
X+y+z

P=
\/x2y2 +y%z2 + z%x% + 1

_Péthi tha Chu Vin An Son La_

Bai viéf da duoc chinh sira néi dung boi Dinh Xuan Hung: 19-04-2016 - 20:48

ba giri 04-04-2016 - 22:44

Dinh Xuan Hung

http://diendantoanhoc.net/topic/155623-t%E1%BB%95ng-h%E 1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c%C3%A1c-%C4%91%E1%BB%S. ..
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Sory moi ngudi may hém nay dang 6n thi nén ban qua

Bai 25 (D& THPT Ly Théi Té - Bic Ninh - LAn 3 -2016)

Cho a, b, c1a ba s6 thue duong théa man a + b + ¢ = 1.Tim Min

ac b +9((13+b3+c3)+12c2+12(ab+bc+ac)+a+b+c

:b+ac a+ be 6(c + ab)

Bai viéf dd duoc chinh sira n6i dung bsi Dinh Xuan Hung: 12-04-2016 - 17:12

Trang 2 /11

Tro lai Baf ddng thire va cuc tri - Chu dé chua doc tiép theo —

Dién dan Toan hoc — Toan Trung hoc Phé thong va Thi Pai hoc — Bat ding thirc va cuc tri

http://diendantoanhoc.net/topic/155623-t%E1%BB%95ng-h%E 1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c%C3%A1c-%C4%91%E1%BB%S. ..
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27/5/2016 Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 3 - B4t déng thirc va cuc trj - Dién dan Toan hoc

Dién dan Toan hoc — Toan Trung hoc Pho théng va Thi Pai hoc — Baf déng thuce va cyc tri

Téng hop cac bai BPT trong cac dé thi thit THPT Quéc Gia mén Toan nim
2016

Bif dau boi Dinh Xuan Hung , 18-03-2016 - 21:13

Trang 3/ 11

tungteng532000 Pi giri 04-04-2016 - 23:00

Vao lic 03 Thang 4 2016 - 20:57, thanhnam2000 da néi:
Bai 24:Cho x, y, z1a cic 56 thyc khéng 4m thoa man x2 + y? + z2 = 3. Tim GTNN cua

16 XY+yz+zx+1
+

P —
\/x2y2+y222+z2x2+1 X+y+z

_ Péthithe Chu Vin An Son La_

Ban diing bdt nay 1alam denhé: X x = Y, x2y2véi D, x2 = 3

tungteng532000 Di giri 05-04-2016 - 00:07

Vao lic o4 Thang 4 2016 - 22:44, Dinh Xuan Hung da néi:

Sory moi ngudi may hom nay dang 6n thi nén ban qua
Bai 25 (P& THPT Ly Thai T6 - Bi¢ Ninh - Lan 3 -2016)
Cho a, b, c1a ba s6 thuc duvong théaman a + b + ¢ = 1.Tim Min

__ac b +9((13+b3+c3+1202+12(¢1b+bc+ac)+a+b+c)
" b+ac a+be 6(c + ab)

ban viéf désai thi phai @

niasco D4 gl 11-04-2016 - 10:01

Vao lic 18 Thang 3 2016 - 21:59, Dinh Xuan Hung da noi:

3 (Pélan 2-2016- Chuyén Vinh phic)
Cho a, b, c1a @9 dai 3 canh tam gidc c6 chu vila 1. Tim gia tri nho nhéf cua :

4+4+4 11
a+b b+c a+c a b ¢

Ban xem lai gitip minh, theo minh 14 Gi4 trj 16n nhéf cua T thi déng hon
Giai.

1
Via,b,cla @ dai 3 canh tam giac nén 2a,2b,2c < a + b+ ¢ = 1hay o < a,b,c <;

TacH:

‘ Dang tai [MathJax]/jax/output/CommonHTML/jax.js "g)

1-Xx X
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27/5/2016 Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 3 - B4t déng thirc va cuc trj - Dién dan Toan hoc
=>T<18a+b+c)-33=9

VaymaxTlagtaia=b=c=

W =

Bai viét da duoc chinh sira noi dung boi niasco: 11-04-2016 - 10:54

Dinh Xuan Hung D gii 12-04-2016 - 17:07

Vao lic o4 Thang 4 2016 - 22:44, Dinh Xuan Hung da néi:

Sory moi ngudi may hom nay dang 6n thi nén ban qua

Bai 25 (P& THPT Ly Thai T4 - Bic Ninh - LAn 3 -2016)

Cho a, b, c1a ba s6 thuc dwvong théa man a + b + ¢ = 1.Tim Min

__ac b 9(a3 + b3 +c3) +12¢2 + 12(ab + bc + ac) +a + b + ¢
“brac a+be 6(c + ab)

Ta cb:P ac N be 9(@3+b3+cd3)+1

aco:P =
ac+b bc+a 6(c + ab)

P f a1 1 2
Ap dung bo dé: +

—_— 2
x+1 y+1 \/xy+1

(xy21)

ac be 2¢

Khi d6 ta co: +— >
ac+b bc+a  1+c

Dong thoi thi9(ad + b3 + ¢3) + 1 > 6\/113 +b3+c3= 6\/(a +b+c)ad+ b3+ c3) 2 6(a%+b%+c?)

(a+b)2-ab< (a + b)?
T4

Lai c6:(a® + b?) =

2¢ 2(1 - ¢)? + 4¢2

Thay a+b=1-c vao thi duoc :P = flc) = +
c+1 4c+(1-c)?

Dinh Xuan Hung

ba gui 12-04-2016 - 17:12

Bai 26 : (THPT Quéc Hoc Hué Thi thir 1an 2)
Chox, y, z € [1; 3] thoamin y + z — 4x = 0.Tim gi4 tri 16n nhaf va nho nhaf cua biéu thic:

2 2 2
Yo +2z° - 4x

P=
\/xzy2 + Y222 + z%x2 - 7x4

Bai 27 (Dé thi thir m6n Toan nim 2016 truong THPT DakMil, DakNong)

Cho a, b, c1a cac s6 thuc khéng Am thoa man:ab + be + ac = 1.Tim Min biéu thue:

a b a®+1 (1 c )
P= + + -+ —
\/16(b + ¢)(a? + be) \/16(51 +¢)(b2 + ac) 4 a ab

http://diendantoanhoc.net/topic/155623-t%E1%BB%95ng-h%E 1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c%C3%A1c-%C4%91%E1%BB%8...  2/9



27/5/2016 Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 3 - B4t déng thirc va cuc trj - Dién dan Toan hoc

Bai viéf 4 duoc chinh sira noi dung boi Dinh Xuan Hung: 16-04-2016 - 20:25

phamngochungoa D3 gl 15-04-2016 - 22:42

Vao lic 12 Thang 4 2016 - 17:12, Dinh Xuan Hung da néi:

Bai 26 : (THPT Qudc Hoc Hué Thi thirlan 2)
Chox,y,z € [1;3] thoaman y + z — 4x = 0.Tim gia trj 16n nhaf va nhé nhaf cia biéu thue:

Y2+ 22 - 4x2

P=
\/J(Qy2 +y2z2 + z%x2 - 7x4

- z
Tir gia thiét, ta co: ¥ +-=4
x x

P=
2 2 2 2
V=) () () -
Y_a
X
bat| , >a+b=4
t=
24+ b% - - ot
po—2 4 oA (it=ab)
\/a2+a2b2+b2—7 \/9—2t+t2
12 — 2t ,
batflt) = ——=,taco:f () <0
Vit-at+g
= f(t) nghich bién.

Ta sé& gioi han gia tri cua t. Ta co:

Vay ) > fia) = %

*)a € [1;3],1)6 [1;3]
3 3

=>(a-3)(b-3)20=>ab=23a+3b-9=3=>t>3

Vay fit) < fi3) = V/3

Answer: min P = 4 ©y=2z=o2xchinghan:y=z=2¢x=2

17
x=1
max P = \/5, khi ching han:{ ¥ = 3
z=1
phamngochungga ba gui 15-04-2016 - 23:12

Bai 28: (D& thi thir ctia s& GD- DT Thanh Héa n&dm 2016)

Cho a, b, ¢1a @ dai ba canh ciia mot tam giac. Tim gia tri 16n nhaf cua biéu thac:

3a-b 3b-c 3c—-a

P=(a+b+c)(

+ + =
a?+ab b%2+bc c%+ca
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27/5/2016 Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 3 - B4t déng thirc va cuc trj - Dién dan Toan hoc
Bai 29: (D& thi thir ctia s& GD- BT B4c Giang nam 2016)

Cho ba s6 thyc duong x, y, z théa min xy + yz + zx + xyz = 4. Ching minh ring:
(1 : 1)2( )y + 2+ 2)

3l—=+—=+—=| 2(x+2dy+2)(z+2

VX Vy oz

Bai 30: (THPT chuyén Thai Binh- 1an 3)
Cho ba s6 thye duong x, y, z théa man x + 2y + 3z = 1. Tim gi4 trj 16n nhaf cua biéu thirc:

P = x2(5 - 6x) + 4y(5 — 12y) + z%(45 — 1622)

Bai viét dd duogc chinh stra n$i dung boi Dinh Xuan Hung: 18-04-2016 - 15:47

Dinh Xuan Hung Da giri 16-04-2016 - 08:33

Vao lic 15 Thang 4 2016 - 23:12, phamngochung9a da noi:

Bai 29: (D& thi thir clia s& GD- DT Bac Giang ndm 2016)

Cho ba s6 thyc duong x, y, zthéa man xy + yz + zx + xyz = 4. Ching minh ring:

1 1 1 2
3l—=+—=+—=| 2 x+2@+2z+2)
(ﬁ Vy \/5)

Tir giathitsuyra 0 < xy, vz, 2x < 4
Dat \}:y = 2c0s A,v"_\': = 2¢0sB, 4fx3 = 2cosC . trong do A, B. C la cac goc nhon.
Tir gia thiét suy ra

cos” A+cos” B+cos’ C+2cosdcos BeosC =1 (cosC +cos(A— B))(cos C +cos(4+ B)
= cosC+cos(4A+B)=0

Suyra 4, B, Claba gdoc nhon cua mét tam gac. Ta cd

__2cosdcosB  2cosdcosC e 2cosCcos B
"7 cosC 7 cosB 7 cosA
YCBT < 3(cos.4+cosB +cosC)’ > 8sin’Asin® Bsin® C
2cos AcosBeosC cosAdcosBeosC

.4 . B . C . . .
<:>Jg(l—rlsmzsmEsmE)24s1n.~15mBsmC

1 1 4
o + P
sinAsiBsinC  , A4 B C J3
2 2 2
1 1 o 1 1
snAsinBsinC 4 B __C (sinA+sinB+sinCY [ 4 B _CY
2cos7coszcos7 [%J cos T+ cos+cos—
= AN Joo_2 2 @02

3

L8 4 _4
N AEV RN VMF

0-04524300-1460770486.png)

(http://diendantoanhoc.net/uploads/monthly 04 2016/post-125595-

Bai viéf da duoc chinh sira noi dung boi Dinh Xuan Hung: 16-04-2016 - 08:34

Juliel

ba gui 16-04-2016 - 20:13

Vao lic 12 Thang 4 2016 - 17:12, Dinh Xuan Hung da noéi:

Bai 27 (Péthi thir mén Todn nim 2016 truong THPT DakMil, DakNong)

Cho a, b, cla cac s6 thuc khéng 4m thoa man:ab + be + ac = 1.Tim Min biéu thuc:
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a b a’+1 (1 c )
P= + + -+ —
\/16(b +¢)(a2 + be) \/16(a +¢) (b2 + ac) 4 \a ab

Loi gidi ¢

Theo AM-GM :
a B a . a B 2a
\/(b +A@+b0)  /(ab+ac)a® + be) - Lab+act a®+ bo) (a+b)a+c)
2
Tuong tu:
b S 2b
\/(a +o)B2+ac) B+ab+a)
Suyra:
p 2a 2b (@*>+1)b+c) B 2a(b+c)+2b(c+a) (a®+ab+be+ca)d+c)
4 2(a+b)(a+c)+(b+c)(b+a)Jr ab B (a+b)(b+c)(c+a)+ ab
B 2(1 + ab) . (a+b)b+c)c+a) S 2(1 + ab) B 4(1 + ab) N 4(ab +1) _
T (@a+b)b+o)c+a) ab _2\/ ab 72\/ 2ab _2\/ 1+ab

(Cht y riang ab < ab + bc + ca = 1)

TedétacOMinP=1oa=b=1c=0

Bai viéf 4 dugc chinh stra noi dung boi Juliel: 16-04-2016 - 20:28

Juliel

Pa gui 16-04-2016 - 20:21
Vao lic 15 Thang 4 2016 - 23:12, phamngochung9a da néi:
Bai 30: (THPT chuyén Thai Binh- Ian 3)
Cho ba s6 thyc duong x, y, zthéa man x + 2y + 3z = 4. Tim gia tri 16n nhaf cua biéu thue:
P = x3(5 - 6x) + 4y°(5 - 12y) + 2°(45 — 1622)

Loi giai :

bata=x,b=2y,c=3zthia+b+c=4.Khido:

P = a?(5 - 6a) + b%(5 - 6b) + c3(5 - 6¢) = 502 + 5b> + 5¢ - 6a3 — 6b3 - 6¢3

Bing phuong phap tiép tuyén, chi ra dugc :

-56 176
5a2—6a3s—5a+L
3 9
Suyra:
-56 176
P< i(a+b+c)+L= -16
3 3
2
MaxP = -16 ©x = 4—,y= —,zZ= 4
3 3 9
niasco

ba gui 16-04-2016 - 22:14
Vao lic 23 Thang 3 2016 - 19:25, phamngochung9a da néi:
Gia sir y ndm giita x va z, ta c6:

1 1
Y-20y-x) <0y’ +xz<sxy+zy=>y?z+z3x < xyz+z%y > P < x2y + xyz + 2%y = y(x% + zx + z2) < y(x + 2)* = E.zy(x+z).(x+z)s a(2x+2y+22)3=4

x=2
Viy max P=4 (Y =1
z=0

Cho minh hoi tai sao lai gia siry nim giira x va z vy ? Vi minh thay da s6 bai todn déu gia st y= min{x,y,z} hoic y= max{x,y,z} khi cac bién hoan vi @]

ineX Di giri 16-04-2016 - 23:34
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27/5/2016 Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 3 - B4t déng thirc va cuc trj - Dién dan Toan hoc

Bai 31: (THPT Han Thuyén 14n 1)

Cho cacsothucx, y, zthoax > 2,y > 1,z > 0

Tim gié tri 16n nhat caa:

1 1
\/x2+y2+zg—2(2x'+y—3) ylx-1)(z+1)

P

Bai viét dd duoc chinh sira n6i dung boi Dinh Xuan Hung: 19-04-2016 - 20:49

phamngochungoa Di giri 17-04-2016 - 08:48

Vao lic 16 Thang 4 2016 - 22:14, niasco da noi:
Cho minh héi tai sao lai gia sir y nim giita x va z viy ? Vi minh thay da s6 bai todn déu gia sit y= min{x,y,z} hoic y= max{x,y,z} khi cic bién hoan vi (@)

D61 véi cac bai toan hoan vi, ta duge phép gia st vi tri cia mot bién bat ki, chir khong baf bugc phai gia sir1a 16n nhat hay nho nhaf dau ban. O déy, gs 1on nhaf 1a vi tri dau, gs
nho nhaf 12 vi tri cudi.

Vao lic 16 Thang 4 2016 - 20:21, Juliel da néi:

Loi gidi :

bita=x,b=2y,c=3zthia+b+c=4.Khido:

P = a?(5 - 6a) + b%(5 - 6b) + c*(5 — 6¢) = 5a> + 5b% + 5¢° — 6a3 - 6b3 — 6¢3

Bing phuong phép tiép tuyén, chi ra duoc :

-56 176
5a2—6a3s—5a+i
3 9
Suyra:
-56 176
Ps—:;5 (a+b+c)+L= - 16
2
MaxP = —16@x=i,y=_,z=i
3 3 9

Xin 13i anh nha, tai em hap tap go sai dé. Liic d4u em cling nghi diing UTC nhung sau d6 thaf bai, thay anh 1am PP nay lai duoc kiém tra lai déthi.....Bay gio thi khéng ding
UTC duge dau anh @ (em nght vay)

Bai viéf i dugc chinh stra noi dung béi phamngochungga: 17-04-2016 - 09:19

phamngochungoa Di giri 17-04-2016 - 09:15

Vao lic 15 Thang 4 2016 - 23:12, phamngochung9a da noi:
Bai 30: (THPT chuyén Thai Binh- 1an 3)
Cho ba s6 thyc duong x, y, zthéa man x + 2y + 3z = 1. Tim gi4 tri I6n nhaf cua biéu thac:

P = x3(5 - 6x) + 4y°(5 - 12y) + 2°(45 — 1622)

xX=a
bat{ y = 2b
z=3c

N . . 1 1 . P .

Dé nhan thay BDT dat di€émroitaia = b=c¢ = 5 hoica=>= E; ¢ = o0 diéu nay khién ta lién tuong dén BDT Schur.
Dong bac hai vé, ta cAn ching minh:

5(a+b+c)(a2+b2+c2)—6(a3+b3+c3) <(a+b+c)3 o ad+b3+c3+3abc = abla + b) + be(b + ¢) + calc + a)

Vi d4y 1a déthi THPT QG nén sé phai cm lai BDT Schur. Cach chimg minh ngin nhaf 12 st dung tinh chat doi xung.

Gsa=b=c=>o,tacohd:

a3 + b3+ c3 + 3abc — ab(a + b) - be(b + ¢) — ca(c+a) = ala-b)a-c)+bb-a)b-c)+clc-a)c-b) =ala-b)b-c)+bb-a)b-c)+cla-c)b-c)=(a-b)3b-c)

Vay maxP = 1khi........ copy & trén
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27/5/2016 Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 3 - B4t déng thirc va cuc trj - Dién dan Toan hoc

Bai viét da duoc chinh sira ngi dung boi phamngochungga: 17-04-2016 - 09:24

Juliel

Bai 32 (Thi thi THPT Quéc gia 2016 THPT Chuyén Luong Thé Vinh, Pong Nai)

101 1
Choa, b,cduongthoag + 3 + o= 3. Tim GTNN :

4

P=(@+1)b+1)(c+1) + ———
\/a2+b2+c2+1

Bai viét dd duoc chinh sira n6i dung boi Dinh Xuan Hung: 19-04-2016 - 20:49

Pa gii 17-04-2016 - 20:29

quanguefa

Vao lic 16 Thang 4 2016 - 23:34, ineX da noi:

Bai 31: (THPT Han Thuyén l4n 1)

Cho cacs6thucx, y, zthoax > 2,y > 1,z > 0

Tim gi4 trj 16n nhaf coa:

1 1

P: —
\/x2+y2+zz—2(2x+y—3) ylx-1)(z+1)

Bai 31: Dang nay xuaf hién trong nhiéu dé thi thir éi, trong tuyén tap b 3 ciu kho caa VMF ciing xuaf hién

1 1
2/x% +y? + 2% - 2(2x + y - 3) Yoo - 1)z +1)

Pébi nham 1 chit nha, sia lai: P =

bPata=x-2,b=y-1,c=2zTacda,b,c>0
1 1 1 1

ba gui 17-04-2016 - 23:31

27 1 27

1
P= - = - < - = -
2\/2a2+1 (a+1)(b+1)(c+1) \/(1+1+1+1)(a2+b2+c2+1) (a+1)(b+1)(c+1)<a+b+c+1 (@a+1+b+1+c+1)3 a+b+c+1 (a+b+c+3)

1 27
t+1 (t+3)3

bitt =a+ b+ c(t > 0),khido: P = f{t)

Cof () =00 t=32fA)m=A3) =

. Ping thuc xay ra khi x=3, y=2, z=1

@] =

Vay P <

P/s: sao minh thay nhiéu ciu thi thir trong né c6 vé dam chaf thi HSG quéa viy nhi @@ r6i mét s6 10 giai céc ban thi 6i thoi roi ludn, holder, schur chong héf ca mit...

Bai viét da duoc chinh stra noi dung boi quanguefa: 17-04-2016 - 23:33

quanguefa

Bai 33: (16p toan Ly Thai T6, thi thir 1an thi 14 nim 2015).
Chox, y, z thyc duong théa man x2 + y2 + z2 = 2. Tim GTNN cua biéu thuc

3x2 + 3y2 27 722 +z
= \/EZ

P 8 Xty GrDw+D

Bai viéf dd dugc chinh stra noi dung béi quanguefa: 17-04-2016 - 23:41

ba gui 17-04-2016 - 23:40

quanguefa

Vao lic 03 Thang 4 2016 - 20:57, thanhnam2000 da néi:
Bai 24:Cho x, y, z1a céc s6 thuc khong Am théa min x2 + y2 + z2 = 3. Tim GTNN cua

16 XYy+yz+zx+1

P —m
\/x2y2+y222+z2x2+1 X+y+z

_Péthi the Chu Vin An Son La__

Pa gui 18-04-2016 - 00:21
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27/5/2016 Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 3 - B4t déng thirc va cuc trj - Dién dan Toan hoc
Bai 24:
Pau tién ta chimg minh: Y, x > Y, x2y?

(Ex*)?-Fx*  9-Fx4
2 - 2

Taco: ), x%y? =

_oyad
Cén chimg minh: 2 2Zx < Yxeoayx+ dxtzg

BDT nay dtng nho danh gia AM-GM: x4 + x + x > 3x?

(Tx)2-3x* i1

Tir 46 ta o6: P 16 2 16 Tx)2-1
wrdotaco: P = + = +
Vix+1 Xx Vix+1 23 x
16 t? -1

batt =x+y+z(t < 3).Khido: P > f(t) =

\/t+1+ ot

28 2
— =>P>—
3

Tinh dao ham suy ra f(t) nghich bién, suy ra: flt) i, = f3) = 3

Viy.... dau bing xay ra khi x=y=z=1
Sir dung hoi nhiéu dau sigma céc ban théng cam

Bai viéf da dugc chinh stra noi dung béi quanguefa: 18-04-2016 - 00:26

quanguefa P giri 18-04-2016 - 13:06
Bai 34:
Chox,y, zthucduong:x+y+1 =12

x3 14
4 ——
x+yz  (z+ D+ Dy +1)

Tim GTNN cia: P = Y,

Bai viét dd duoc chinh sira ngi dung boi quanguefa: 19-04-2016 - 21:26
LAn sau ghi 16 nguén

MarkNguyen Di giri 18-04-2016 - 15:44

Vao liic 15 Thang 4 2016 - 23:12, phamngochung9ga da néi:
Bai 28: (Bé thi thtr ctia s& GD- BT Thanh Héa nam 2016)

Cho a, b, c1a @ dai ba canh ciia mot tam gidc. Tim gia tri 16n nhaf caa biéu thice:

3a-b 3b-c 3c-a
+ +
a?+ab b*+bc c*+ca

P=(a+b+c) (
Vi biéu thirc P ¢6 tinh thudn nhat nén chudn héaa + b+ ¢ = 1. Ta ¢6:

3a-b . 3b-c . 3c-a

a’?+ab b*+bc c*+ca

_4a—(a+b)+4b—(b+c)+4c—(c+a)
" ala+D) b(b + ¢ clc+a)

IS

1 4 1 4
a+b atbre b era ¢

4 1 4

l+l+1 >(a+b+c) 4 +i+ 4
PRI Na+b " brc cra

101 101 101 4a 4b 4¢
eal-+-|+bl-+—|+c|=-+=]= + + (%)
b c a

b+c c+a a+b
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27/5/2016 Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 3 - B4t déng thirc va cuc trj - Dién dan Toan hoc
Theo BDT Cauchy-Schwarz, ta cé

S =

= (*) dung

=>P=<9

Viy GTLN claP=9 s a=b=c

*Nhan xét, c6 |é ngudi ra dé nghi ra bai toan trén dua vao 1 bat dang thu'c quen thudc:
Cho a,b,c1a o dai 3 canh cua 1 tam gidc. Chimg minh ring:

1 4 4 4
- + +
c a+b b+c c+a

Trang 3/ 11

Tro lai Baf dang thuc va cuc tri - Chu dé chua doc tiép theo —

Dién dan Toan hoc — Toan Trung hoc Pho théng va Thi Pai hoc — Baf ding thuce va cyc tri
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Dién dan Toan hoc — Toan Trung hoc Phé thong va Thi Pai hoc — Baf ding thie va cyc tri

3

5

4

i

“

Téng hop cac bai BDT trong cac dé thi thir THPT
Quoc Gia mon Toan nam 2016

Bat dau boi Dinh Xuan Hung , 18-03-2016 - 21:13

AL

N

Trang 4 / 11

quanguefa D giri 18-04-2016 - 19:08

Moi nguoi cho minh hoi ngoai 18 (khéng biét hoi chd nao cho hop 1y, mod théng cam)
1.Thi Pai Hoc duoc diing pp chuén héa BDT khong (mic du ciing hiém khi can dén).

2.Thi PH minh trinh bay ngin goi nhu kiéu trinh bay trong barem diém thi c6 full &iém khong (¥ minh 14 trinh bay taf
(du ¥) kiéu d&4p an chu khong phai 1a 1am theo cach giong dap 4n). Tai minh thay dap an thuong lam gin gon vin tif

(d6i khi bo buée nho), 1am kiéu d6 ma kiém tra 1a thay minh trir diém lién @

ngochapid Da glii 18-04-2016 - 22:09

Baigs5:Choo<a,b<1

a b
+

Vab2+5 /222 +5

Tim maxP =

Bai viéf da duoc chinh stra noi dung béi Dinh Xuan Hung: 19-04-2016 - 17:49
Lan sau ghi 6 nguén

Dinh Xuan Hung bi giri 18-04-2016 - 23:02
Vao lic 18 Thang 4 2016 - 13:06, quanguefa da noi:
Bai 34:

Chox,y,zthucduong:x+y—-1=2z

: x3 14
Tim GTNN caa: P = ), +
xX+yz (x+)Vy+1(z+1)
3 3 +1)3 + )3 +1)2 _1)2
Theo Cauchy_Swatchtacé: X y_ . (x + ) (x+y) _G+yt -y Do

+ > = = =
xX+yz y+xz 2x+y+yz+xz) 22x+y)1+z) 20z+1) 20z+1)
Y+ 1u=7—1)

Pang xir 1y toan: 68%
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z3 4z3 4z3 4z3 423

Ma

= >
Z+XY 4Z2+4XY  4z+ (x+y)® 4z+@2Z-1)* (z+1)?

x+y+2 (@+1@z-1+2) (z+1)? 1 28

— 4
(z+1y/(x+Dy+1) < (z+1). > = > = > = W oy > 2112

Tir d6
-1)2 3 28 -1)2 8z3 6 -1)2%(z+1)+ 823 +56
=>P2(Z )+ 4z + =>2P2(Z )+ z + 5 =(Z Yz + 1) ZZ 75 = flz)
2z+1)  (z+1)2 (z+1)2 z+1 (z+1% (z+1)? (z+1)?
z-1)%(z+ 1)+ 823 + 56
Tachl'mgminhﬂz)2@<=>( ) ) 2 2@
4 (z +1)2 4
3_,2_,4
<=>9Z i 5725—3<=>36z3—4z2—4z+228253zz+106z+53
72+ 22+1 4

<=> 13623 -57z2 -110z + 175 = 0 <=> 122%(3z - 5) + z(3z - 5) - 35(3z - 5) = O
<=>(3z-5)(122> +z- 35) 2 0 <=> (32 - 5)(42(3z - 5) + 7(32 - 5)) = O
<=> (3z - 5)%(4z + 7) = 0 (Ludn d&tng)

x=y 1
53 53 53 5 *=YE3
Dodészﬂz)z:=>Pz§=>PMin=§<=> Z=§ <=> ,_5
X+y+1=z 3
Dinh Xuan Hung DA giri 19-04-2016 - 16:49

Vao lic 17 Thang 4 2016 - 20:29, Juliel da noi:
Bai 32 (Thi thi THPT Quéc gia 2016 THPT Chuyén Luong Thé Vinh, Péng Nai)

1 1
Choa, b, c duwong thoa — + — +
a

b = 3. Tim GTNN :

Q=

4

P=(@+1)b+1)(c+1) + —————
\/a2+b2+c2+1
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27/5/2016 Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 4 - B4t déng thirc va cuc trj - Dién dan Toan hoc
Taco ab+bc+ca=3abc.
Nén (a +1)(b+1)(c+‘|] =abc+ab+bc+ca+a+b+c+1

:%(ab+bc+ca}+a+b+c+‘|.

Ma (ab+bc+ca)2 > 3abc(a+b+c)=>a+b+c<ab+bc+ca.

Do do a? +b? +c? =(a+b+c}2—2{ab+bc+ca]5(ab+bc+ca}2 - 2(ab+ b+ ca)

bat t=ab+bc+ca,taco a+b+c2ﬁ nén tzﬁ:rat:_ba.

PE%H 3t+1+;=£t+ﬁ+%+1=f{t}

Vt2 -2t +1
Xéthémsﬁf{t}véitEStacé
-t B4
3ot (1)
_1
(t-1)°
Dodo f'(t)>0vtz3,suyra f(t)=f(3)=10= P 210.
Dang thirc xayrakhi a=b=c=1. ViyGTNN ciia P 1a 10.

Vit:_*Snén{t—ﬂzEﬂr:b f_:%.

http://diendantoanhoc.net/

(http://diendantoanhoc.net/uploads/monthly 04 2016/post-125595-0-90863900-1461059367.png)

Dinh Xuan Hung D3 giri 19-04-2016 - 16:50

Vao liic 18 Thang 4 2016 - 22:09, ngochapid da noi:
Baig5:Choo<a,b<1

a b
\/2b2 +5 \/2a2 +5

Tim maxP =

Dé caa ban ¢ ghi thiéu gi khong?

Bai viét 3 duogc chinh sira n6i dung boi Dinh Xuan Hung: 19-04-2016 - 16:50

hoduchieuo1 D4 giri 19-04-2016 - 16:58

Vao lic 19 Thang 4 2016 - 16:50, Dinh Xuan Hung da néi:
Dé ciia ban c6 ghi thiéu gi khong?

bai day da c6 & dayhttp:
maxpfracasqrt2basfracbsqrt2a2s/)

Bai viét da duoc chinh sira noi dung bsi hoduchieuo1: 19-04-2016 - 16:58
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hoduchieuo1 ba gui 19-04-2016 - 17:55

phuong phap chuin héa bat ding thuc 1 gi vay ai giai thich duoc ko

quanguefa ba giri 19-04-2016 - 21:06

Vao lic 19 Thang 4 2016 - 17:55, hoduchieuo1 da noi:
phuong phap chuin héa bat ding thuc 1 gi véy ai giai thich duoc ko

ban xem & day http://diendantoanho...-chuan-hoa-bdt/ (http://diendantoanhoc.net/topic/65850-khong-
hi%E1%BB%83u-v%E1%BB%81-ki-thu%E1%BA%ADt-chu%E1%BA%Aqn-hoa-bdt/)

va day: http://diendantoanho...-bat-ding-thuc/ (http://diendantoanhoc.net/topic/141274-chu%E1%BA%Agqn-
h%C3%B3a-b%E1%BA%ARt-%C4%91%E1%BA%B3ang-th%E1%BB%Aqgc/)

Nhiu tai liéu vé BDT cling c6 n6i t6i cai nay ma ban

klq nhung cau 35 cha mang dang dap dé dai hoc ty nao :3

Bai viét 3 duoc chinh sira noi dung boi quanguefa: 19-04-2016 - 21:11

quanguefa Di giri 19-04-2016 - 21:25

Vao lic 18 Thang 4 2016 - 23:02, Dinh Xuan Hung da néi:

Theo Cauchy_Swatchtacé:
x3 y3 (x+y)3 Ce+yd  +y? (@-1?
+ > =
xX+yz y+xz 2x+y+yz+xz) 2(x+y)(1+z) 2(z+1)  2(z+1)

Dox+y=z-1)

M\ ZS 4Z3 4z3 4z3 4Z3
a = =
z+ xy 4z + 4xy 4z+ (x+y)? 4z+(@z-1)?2 (z+1)2

x+y+2_(z+1)(z—1+2)_(z+1)2_ 14 28

@+ 10y/x+ DY+ =<+ 2 - 2 =7 (z+ D)V + Dy + 1) = (z+1)*?

Tir d6
=>PZ(Z—1)2+ 423 . 28 =>2P2(Z_1)2+ 823 . _ 56 =(Z_1)2(Z+1)+8Z3+56=j(z)

2z+1)  (z+1)2 (z+1)2 zZ+1 (z+1)® (z+1)? (z+1)?
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Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 4 - B4t déng thirc va cuc trj - Dién dan Toan hoc

-1)3*(z+1)+ 823+ 56
Ta ching minh f(z) > 23 <=> -1 +1)+ 827 +5 > 23
4 (z+1)? 4

3_,2_,4
<=>9Z Z -z 57z5:3<=>36z3—4z2—4z+22825322+106z+53

zZ+o2z+1

<=> 3623 - 57z - 110z + 175 = 0 <=> 122%(3z - 5) + z(3z - 5) - 35(3z - 5) =

<=>(3z-5)(12z° +z-35) 2 0<=> (32 - 5)(4z(3z - 5) + 7(3z2 - 5)) = 0
<=> (3z - 5)%(4z + 7) = 0 (Ludn d&tng)

x=y
5
Dodészﬂz)z%=>P2%3=>PMin=5—;<=> Z=3 <=>
X+y+1=2z

(0]

Sr m.n minh ghi débi nhaAm nhiéu qu4, dé sta lai ngay, ban hiing tu sira d81am luén roi ma lai ko néi :3

x3 v (x+y)3

huing oi chd nay hoi khé hiéu, giai thich gitim +

x+yz y+xz 2x+y+yz+xz)

ineX

Bai 36: Trich dé thi thir dgi hoc lan 2 truong THPT Poan Thupng

Choa, b,c > othéaa® +b*>+c% =3

TIm gi4 tri 16n nhat cua:

ba giri 19-04-2016 - 21:31

ab be a3b3 + b3c3
A= + -
3+c¢2 3+a? 24a3c¢3
quanguefa Di giri 19-04-2016 - 21:35

Bai 37. (trich @& KSCL Quing Nam)

4a 2c. b c
Choa, b, cduongthoa: — (1 + =)+ —-(1+ =) =6
b b a a

Tim GTNN: P =

be . 2ca . 2ab
alb+2c) blc+a) c(2a+b)

quanguefa

Vao lic 18 Thang 4 2016 - 13:06, quanguefa da noi:

Bai 34:

Chox,y,zthucduong:x +y+1 =2z

ba gui 20-04-2016 - 01:10
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27/5/2016 Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 4 - B4t déng thirc va cuc trj - Dién dan Toan hoc
x3 14

Tim GTNN cua: P = z + ——
X+yz  (z+1)/(x+1)(y+ 1)

DAy 1a cAch cia minh, vé ban chat ciing giong cach ciia ban Hing nhung bién d6i khac 1 ty

Thay z=x+y+1 vao biéu thirc ta co:

Z = + +
x+yz ((x+y)ly+1) +yx+1) E+Dy+1)

X3+ 1)+ y3y+1) + 23(x + )
(x+yx+ 1)y +1)

xX3+y3+xt+yt+2z3(x+y)
(x+yx+y+xy+1)

(x+y)* . (x+y)3

5 +z3(x + )

\%

(x+y)[% +x+y+1]

(x+y)3+2x+y)?+23 B z-1%(z+1)+23

2o0x+y)®+8x+8y+ 8 2(z +1)2

Phan con lai 1am giéng ban hiing

Bai viét da duoc chinh sira noi dung béi quanguefa: 20-04-2016 - 01:13

huya1k43pbc ba giri 23-04-2016 - 13:37
1 1 1 16 X — - -X
Chox,y,z > 0;— + —+ - = ———— . MaxP = > -9 -2 )(Thi thir s Ha tinh)
X Yy z x+y+z xyz
Juliel D3 giri 23-04-2016 - 19:53

Vao lic 19 Thang 4 2016 - 21:31, ineX da noi:
Bai 36: Trich dé thi thir dgi hoc lan 2 truong THPT Poan Thupng
Choa,b,c>othéaa®+b%+c% =3
Tim gi4 tri 16n nhaf cua:
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27/5/2016 Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 4 - B4t déng thirc va cuc trj - Dién dan Toan hoc

ab be a3b3 + b3c3
A= + -
3+c¢2 3+a® 24a3c3
Loi giai :
Tacoh:
ab ab 1 (a + b)? 1 a? b2 1 a? b
= < —. < - + < —-|—+—
3+c¢® (+aP)+(c*+b?) 4 (cP+aP)+(c2+Db*) 4 \c*+a*® c*+b? c>+a* 2¢
Hoan toan tuong ty :
be 1 c? b
< - + —
3+a®> 4\c*+a*> 24
Suy ra :
ab be 1( 1(b b)) 1 1(b b)
<s—l1+-|—-+-)]=—+=|—-+-
3+c2 3+a> 4 2\a c 4 8\a c
Va:
(b ) b3 3
24A<6+3|—-+-)-|—+—
a a3 a3
Dé dang chimg minh duoc :
3x-x3<2 (x>0)
Suy ra :
3b b3 3b b3 5
2A<b6+|——-— |+ |—-—]|c6+2+2=10A< —
a a3 C 03 12
Kéf luan :
5
Ao = E®a=b=c=1
Bai viét da duoc chinh sira noi dung boi Juliel: 23-04-2016 - 19:54
Juliel D giri 23-04-2016 - 20:39
Vao lic 23 Thang 4 2016 - 13:37, huyaik43pbc da noi:
1 1 1 16 X — - -X
Baig8: Chov,y,z> 02+ L e to 20 ppgep o EZWW D@0 i 66 Ha tinh)
X Yy z x+y+z xyz

Loi giai :
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Gia thiéf da cho c6 thé viét duoc dusi dang :

X, Y, Y, 2,7 %
y x z X X z
Va:
X y z
o Yy Z X . AL am N
bita = =,b = —, ¢ = - thiabc = 1. Gia thiét da chotr6thanha + b+ ¢ + ab + bc + ca = 13.
b Y z

Va biéu thuce tré thanh :

P=(0-a)a-b)(r-c)=@-abc)+(@ab+bc+ca-a-b-c)=13-2(a+b+c)

Sir dung hai gia thiéf :

1 1 13¢c-c®>-1

(@a+b)+cla+b)+-+c=13o(@+b(c+1)=13---coa+b= ——

c c clc+1)
Thay vao P:

13¢-c%-1 —-2¢3 +13c2-13c+ 2

P=13-2| —— + = = ,C>0
3 ( clc+1) ) clc+1) fe),e
, -2(c®-3c+1)(c2+5c+1)
f=
c?(c+1)?
Tir @6 d& dang thay :
3++/5
fmax =\5ec=
2
Tu do :
. — . 3+V5 1 _
Gia trj lon nhat caa Pla /5, dat dugc khi changhana = ¢ = ,b= 5 (7 - 3\/5) tic
3+v5  7+3V/5
y= X = .z
2 2
Bai viét da duoc chinh sira noi dung boi Juliel: 23-04-2016 - 20:39
phamngochungga D3 giri 23-04-2016 - 21:01

Vao lic 19 Thang 4 2016 - 21:35, quanguefa da noi:
Bai 37. (trich dé KSCL Quing Nam)
4a 2c b c
Choa, b, cduong thoa: —(1+ —)+ —-(1+—-) =6
b b a a

be 2ca 2ab

Ti TNN: P =
m G abr20)  bleta)  c@a+b)
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, . a c
Doi bién: (a; b; c) — (—; b; - )
2 2
Ta can tim GTNN caa P=\frac{bc}{a\left ( b+c \right )}+\frac{ca}{b\left ( c+a \right )}+\frac{2ab}{c\left (a+b \right
)}
Gia thiéf tro thanh:

\frac{a}{b}+\frac{b}{a}+\frac{ac}{b" {2} }+\frac{bc}{a” {2} }=3\\\Rightarrow 3\geq \frac{a”{2}+b"{2}}
{ab}+c.\frac{\left (a+b \right )*{2}}{ab\left (a+b \right )}\\\geq \frac{\left ( a+b \right )" {2} }{2ab}+c.\frac{a+b}
{ab}

\Rightarrow \frac{ab}{a+b}\geq \frac{a+b}{6}+\frac{c}{3}
Khi doé:

P\geq \frac{\left ( ac+bc \right )*{2}}{abc\left (a+b+2c \right )}+\frac{2}{c}\left ( \frac{a+b}{6}+\frac{c}{3} \right
Ngeq \frac{4c}{a+b+2c}+\frac{a+b}{3c}+\frac{2}{3}

biat \frac{a+b}{c}=t, ta c6: 3\geq 2+2\frac{c}{\sqrt{ab}}\Rightarrow \frac{a+b}{c}\geq 4

P\geq \frac{4 }{t+2}+\frac{t}{3}+\frac{2}{3}

Khao sat ham s6 trén véi t\geq 4, ta chimg minh dugc P\geq \frac{8}{3}

Bai viét da dugc chinh stra noi dung boi phamngochungoa: 23-04-2016 - 21:04

phamngochungga i giri 23-04-2016 - 21:36

Bai 39 (Déthi thir cia so GD-DT Ha Néi nim 2016)
Xét cac s6 thue duong x,y,z thoa man x” {2} +y~{2}+z" {2} =xy+xz+10yz. Tim gi4 tri nho nhat cua biéu thuc:

P=8xyz-\frac{3x " {3}}{y"{2}+2"{2}}

Bai viét 3 dugc chinh sira noi dung boi Dinh Xuan Hung: 23-04-2016 - 21:38
CAu 40 tring véi cau 10 161

Dinh Xuan Hung DA giri 23-04-2016 - 21:39

Vao liic 23 Thang 4 2016 - 21:36, phamngochung9a da néi:
Bai 39 (Péthithu cua sé GD-DT Ha Noi nim 2016)

Xét cac s6 thue duong x,y,z thoa man x*{2}+y~{2}+z" {2} =xy+xz+10yz. Tim gia tri nho nhat cua biéu
thue:

P=8xyz-\frac{3x" {3}y {2} +z"{2}}
bit x=4a;y=b;z=c (a,b,c>0)
Khi d6 P=32abc-\frac{192a"3}{b"2+c" 2}

GT\Rightarrow 16a” 2+b” 2+c¢” 2=4ab+4ac+10bc\Leftrightarrow 16a” 2+(b+c) " 2=4a(b+c)+12bc
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Ap dyng BDT AM-GM ta cb

4a(b+c)+12bc\leq 4a” 2+ (b+c)” 2+12bc\Leftrightarrow 16a” 2+(b+c)” 2\leq 4a” 2+(b+c) " 2+12bc\ Leftrightarrow
a”2\leq be\Leftrightarrow a” 3\leq abe

\frac{a” 3}{b"2+c"2}\leq \frac{a” 3}{2bc}\leq \frac{a” 3}{2a" 2} =\frac{a}{2}
\Rightarrow P\geq 31a” 3-96a=f(a)

f(a)=96a”2-96=0\Leftrightarrow a=1

\Rightarrow Min P=\underset{(0;+\infty )}{min}f(a)=f(1)=-64

Dau "="xay ra khi \Leftrightarrow \left\{\begin{matrix} 2a=b+c & & \\ a”2=bc & & \\ a=1 & &
\end{matrix}\right.\Leftrightarrow a=b=c=1\Leftrightarrow x=4;y=z=1

Juliel D3 giri 23-04-2016 - 22:21

Bai 40 (Thi thu DPH 2014 THPT Chuyén Luong Thé Vinh, Péng Nai)
Cho a,b,c>0 thoa \left ( 3a+2b+c \right )\left ( \dfrac{1}{a}+\dfrac{2}{b}+ \dfrac{3}{c}\right )=30. Tim GTLN :

P=\frac{b+2c-7\sqrt{72a”2+c”2}}{a}

Bai viét da duoc chinh sira noi dung boi Dinh Xuan Hung: 24-04-2016 - 15:12

Dinh Xuan Hung Di gii 23-04-2016 - 23:18

Vao liic 23 Thang 4 2016 - 22:21, Juliel da noi:
Bai 40 (Thi thi PH 2014 THPT Chuyén Luong Thé Vinh, Péng Nai)

Cho a,b,c>0 thoa \left ( 3a+2b+c \right )\left ( \dfrac{1}{a}+\dfrac{2}{b}+ \dfrac{3}{c}\right )=30. Tim
GTLN:

P=\frac{b+2c-7\sqrt{72a" 2+c”2}}{a}

Dit b= xa, c = ya = x,y > 0 . Gia thi¢t bai toan tr& thanh (3+ 2x + y]l[l +2 +E] =30
Xy
@20:21+E+3,+E+ﬁ+£=£+3_x+ E+§x + J.'+g + 9x+EJ
x y oy x 2 2y x ¥ 2y x
2£+ﬁ+6+6+(§:}x+3x£4:‘>x£ 4y
) 2 2y ¥ y+3
Tacod P = x+2y—‘i”«.,f'?2+j-'2 54—3!3+2_3'—'F-\|’T2+_3'2 = fy).
y+
Xétham s6 f(y) véi y >0 . tacd
Fp=—=2 49 1 24 M2 o, w0

—vafy=- -
(v+3)  12+y’ G +3° (12+52 )3

(http://diendantoanhoc.net/uploads/monthly 04 2016/post-125595-0-21580600-1461428281.png)
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Suyra f£'(y) laham dong bién trén I:;CI;+0:::} vaf'3=0=Ffy=0sy=3.
Lap bang bién thién ta suy ra £(y) < f(3) = -55 hay P < -55.
Ding thitc xayrakhi y=3,x=2 < b =2a,¢=3a . Viy max P = —55.

(http://diendantoanhoc.net/uploads/monthly 04 2016/post-125595-0-90955400-1461428283.png)

Trang 4 / 11
Tro lai Bat ddng thirc va cuc tri - Cha dé chua doc tiép theo —

Dién dan Toan hoc — Toan Trung hoc Phé thong va Thi Pai hoc — Baf ding thie va cyc tri
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Dién dan To4n hoc — Toan Trung hoc Phé théng va Thi Pai hoc — Baf ding thirc va cyc tri

Tong hop cac bai BPT trong cac dé thi thie THPT Qudc Gia moén
Toan nam 2016

Bif &au bsi Dinh Xuan Hung , 18-03-2016 - 21:13

Trang 5/ 11

VODANH9X Di giti 24-04-2016 - 12:28

Vao liic 19 Thang 3 2016 - 22:44, Dinh Xuan Hung da néi:

a+b+c

2 2
) < 4abc . Tim GTLN cua biéu thuc:
2016

12 Cho a, b, ¢ 14 cac s6 thyc thoa man (

va Vb e
a+\/E+b+\/E+c+\/E

Em xin chién bai ndy.

L Va Va
TacoP:za+ bcszz\/a\/E

1 1 1 1
= -—— < - e
22:/17_0 22\/1)0
_\/a+\/b+\/c<a+b+c
© Jabe  Jabe

, (a+b+0)?

Talaic6 —— < 4abc
20162
S a+b+c 1
uy ra:——— < ——
Y \/abc 1008
SuyraP <
v 1008

Bai viéf &4 duoc chinh sira n6i dung boi Dinh Xuan Hung: 24-04-2016 - 15:12
LaTeX

Dinh Xuan Hung Di giti 26-04-2016 - 21:23

Bai 40 (PETHI THU LAN 01 QUYNH LUU 3 — NGHE AN-Nim 2016)
Cho cac s6 duong x, y . Tim gia trj 1on nhat cua biéu thic:

~ 1 . 1 2
\/x2+3y2 \/3x2+y2 3(x + )3

P

Pang tai [MathJax]/jax/output/Common HTML/jax.js ‘
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Bai 41 (PE THI THU TINH NAM PINH-Nim 2016)

Chox, y, z1a cac s6 duvong thoaman xy + xz + 1 = x

. 1
Tim gia tri lon nhat cia P = (xy+xz+2)(1+ —)(1— %)
y

Bai 42 (THPT Chuyén Luong Vian Tuy-Ninh Binh-2016)

Choa, b, c €[1; +©)théamans(a + b+ c) = a® + b% + ¢ + 2ab.Tim GTNN cua biéu thuc:

2

a a

= +
(@a+b)>+a a+c?

Bai viéf &3 duoc chinh sira n6i dung béi Dinh Xuan Hung: 01-05-2016 - 20:53

rocket Da giri 28-04-2016 - 15:32

Bai 43:Chuyén Lé Quy Don Pa Néng 2016 (lan 1)
Cho a, b, c14 céc s6 thuc duong thay déi, tim gia tri nho nhaf coa:

(a+c)a+4b+c)a+b+c)s

abc[s(a2 +b%2+c?)+ab+bec+ ca]

Bai viéf da duoc chinh sira noi dung bsi Dinh Xuan Hung: 28-04-2016 - 17:37

Thém STT
ineX Da giri 28-04-2016 - 22:36
Bai 40:
Ta co:
1 1 2
+ <
\/x2 N 3y2 \/3x2 " y2 xX+y
That vay:

1 ° 4 8x* + 8y* 4 —4(x - y)*

1
(———— + —) - < - <
VX2 +3y? /3x% +y? (x+y)?* P+3y006x*+y%)  (x+y)* &+ 3y +y?)x +y)?

DO d6

=tvéit >0

bat
X+y
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ot? , ,
xéthamflt) =fl) =2t —-—=>f () =2-2t>>f () =0 t =1hoict = — 1
3

Lap bang bién thién ta duge MaxP = i khi x = y=
3

1
2

Bai viéf &4 duoc chinh sira noi dung boi ineX: 28-04-2016 - 23:01

ineX ba gui 28-04-2016 - 22:52

Vao litc 26 Thang 4 2016 - 21:23, Dinh Xuan Hung da néi:

Bai 41 (PE THI THU TINH NAM PINH-Nim 2016)

Chox, y, z14 cic s6 duvong thoaman xy + xz + 1 = x

Tim gi4 tri 16n nhaf cia P = (xy + xz + 2)(1 + l)(1 - i)
y

3z
C():P=(1+x)(1+l)(1—i)
y 3z

1
péi— =tthiy+z+t=1
X

A 4
coo<y,x,t<1inéni- — <O
3z

Xét: |1+ — 1+-]= 1+ — > 1+ — =11 =>P< |1+ 1- —
Y t \/yt y+t 1-2z 1-2z 3z

Xéthém:f(z) = (1+ i)2(1_ i) _ (Z—3)2 (3Z—4)
1-2) U 5] T -2 U

v6i0 < Z<1

, 1
cof 2)=0z=—
2

1

i ) -125 .
Pén day lap bang bién thién ta thu dvoe MaxP = ——khix = 4,y = —,z = —
3

NR

Juliel Pa gui 29-04-2016 - 21:38

Vao lic 26 Thang 4 2016 - 21:23, Dinh Xuan Hung da néi:

Bai 42 (THPT Chuyén Luong Vian Tuy-Ninh Binh-2016)
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Choa, b, c € [1; + o) thoamin 3(a + b + ¢) = a2 + b2 + ¢2 + 2ab.Tim GTNN cua biéu thuc:

a® a

= +
(@a+b)?+a a+c?

Loi giai :

Gia thiéf @3 cho c6 thé viét dusi dang :
3a+b+c)=(a+b)?*+c?

Ap dung BDT AM-GM :

3(a+b+c):(a+b)2+czsg(a+b+c)2=>a+b+cs6=>b+cs6—a

Theo BDT Cauchy-Schwarz :

(@+va)*  (a+va)®  (a+va)*  (a+va)’

= > =
a?+(b+c)?+2a b5a+3b+c) s5a+36-a) 2a + 18

P>

N . < . 1
Dé dang thay fla) dong bién trén [1, ) nén P = fla) = f(1) = :
Két luan :

. 1
Gia tri nhé nhat cua Pla g, dat dugckhia =1,b=2,c= 3.

= fla)

Juliel

Bai 43 (Thi thu THPT Quéc gia 2016 THPT Ly Tu Trong, Nam Dinh)
Choa, b, cduong thoda + b+ ¢ = 1. Tim GTNN :

P a? 16b2 - 27(a + be)?
= +
(1-a)?+ 5bc 36(a + ¢)?

Bai 44. Cho a, b, ¢ duong c6 tich bang 1. Tim GTNN :

p x3+1 y3+1 z3+1 8(xy + yz + zx)
= + + —
Vitty+z fytvzex fetexey WrYzrasl

Bai viéf d4 duoc chinh swra noi dung bséi Dinh Xuan Hung: 01-05-2016 - 20:52

ba gui 29-04-2016 - 21:47

ineX

Bai 45: Déthi thi truong Pai hoc Héng Pic

Cho céc s6 thuc khong 4m x,y,z thoa min X + y+z=3

Tim gi4 tri nho nhaf coa:

3. T~
P==(yz)?>+x3+y3+z3—xy—-yz—-zx ++/x +/y +
, (v2) y Y-y VX+\y++/z

ba gui 30-04-2016 - 22:28
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Bai viéf &4 duoc chinh sira n6i dung béi Dinh Xuan Hung: 01-05-2016 - 20:53

Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 5 - Bat déng thirc va cuc trj - Dién dan Toan hoc

ba giri 01-05-2016 - 11:28

Dinh Xuan Hung

Vao liic 29 Thang 4 2016 - 21:47, Juliel da néi:
Bai 43 (Thi thi THPT Quéc gia 2016 THPT Ly Tu Trong, Nam Dinh)

Choa, b, cduong thoaa + b + ¢ = 1. Tim GTNN :

a? 16b2 - 27(a + be)?

P= +
(1-a)?+5bc 36(a + ¢)*

a 166> ~27[a(a+b+c)+be]
+

Taco: P= ,_ .
(b+¢) +5be 36la+e)
2 166>~ 27[(a+b)(a+c)| 2 >3 2
= a‘r + |:{ :Ii :I:| = a« -+ 4 s——la+ b:'-
(b+c) +5be 36(a+e) (b+c) +5bc 9fa+c) 4
a’ a 4a’
Talaico = 3

(b+c) +35be {b+c}2—%[b+c)2 9(b+e)

1.2 A2 s 4 ‘-.2 5
Dods p>_0 . 4 NNV SC PR B B b | 2 (axb)
9(b+e) 9a+c) 4 9. b+c a+c) 4
2( d° 2y . of  (asn)? ) 3,
TSN O VPN CES) 0 T
9\ ab+ac ba+be| 4 9,_ab—ac—ba+bc_l 4
\2
P 5 32
2 b . 2 b , 5
S2_arh) | 3 pps2_ (arh) “3a+b).
9| 2ab+(a+b)e| 4 9 (a+b) | 4
) ' 5 tl(a+be
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8§(1-c) 3 » 8(. 2 Y 3
Tacs —|—| —(l-cf =—|1-——| —(1-c)’.
ollre) 4 ol “1re) 4
:>Pii_>§‘;1—il_—i{1—c]3 .
o\ 1tc) 4

Theo gia thiét a.b.c>0 théamin a+b+c=1=ce (0:1).

4

p 2
8 °o3 .
Xét ham sb fl_c)=§i1— | —Iﬁl—c}l véi ce(0:1).

l+e
. 16] 2y 2 3
Tacod f'le)=— 1——]7,.——[0—1}.
9L e+l/(e+1) 2
, 32 (1 27 1
= flle)=0e —(c-1)| —=-—[=0=c==viec=(0])
9 | (e+1) 64)_, 3
Bang bién thién 1
- [ 0 3 1
S - 0 +

£© \ 1 /
5

1 .
TeBBT = f(c)2~. Ve=(0:1). Dods PE—%.

. co e 1 : . 1

Vay MinP = _L gia tri nho nhat dat duge khi a=b=c= 3
9
http://diendantoanhoc.net/uploads/monthly 05 2016/post-12 -0-43600300-1462076902.pn
tritanngo99 Di giri 01-05-2016 - 19:57

Bai 44:
Cho a,b,c 14 cic sb thue duong. Tim gié tri nho nhaf cua bidu thic:

__a? . ab? 16¢*

(a+b)? GB%*+ac)c+a) (c+a)?

Bai45:
Cho a,b,c 14 céc s thuc duong théa méan: abe(a + b + ¢) = 4 . Tim gi4 tri nho nhaf cia biéu thue:

1 8bc

P= -
Va+b)a+c) bed®+c®)+8

Bai 46:
Cho x,y,z1a cac s6 thue duong théa mén: x + y + 1 = z. Tim gia tri nho nhaf cia biéu thue:

2
X zZ<+ 2
v,

X+yz y+zx z+xy

Baig7:
Cho x,y,z 14 c4c s thuc duong thoa mén diéu kién: x2 = y2 + z. Tim gia tri 16n nhaf cua biéu thiec:
. (+2xyz . 32>
CE+yHa+2Y) @+ Zz)\/l +z2

Bai 48:

Cho x,y,z 14 cic s6 thuc duong thoa mén diéu kién: x > z. Tim gia tri nho nhaf caa biéu thuce:
Xz 2 2(x + 32)

po y 3z

+ +
Y iyx XZ+tyz  x+2z
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Bai 49: Cho x,y,z1a cic s6 thue duong thoa man diéu kién: x2 + y2 + z2 = 3xy. Tim gi tri nho nhaf cia biéu thiec:
2 2 2
x x2+
P= + Y + Y
Y +yz ZtX  x*+7?

Bai 50: Cho x,y 14 c4c s6 duong thoa mén diéu kién: x2 + y? = xy + 1. Tim gi4 tri 16n nhaf cua bidu thic:
3 y3 24/xy
P —

= + +
y3+1 x3+1 xty+2

(Nguén: Trich trong tuyén tap cc déthi thir dai hoc 2015 cia thay Pham Tuan Khai)

Bai viéf 4 duoc chinh sira noi dung béi tritanngo99: 01-05-2016 - 21:03
Lan sau ban nhé ghi 16 nguon

hoangson2598

Bai 51
1 1
Cho-<x=<-vay=1
3 2
Tim gi4 tri nho nhat:

x2y2

P=x*+y*+ ——
((4x - Dy - x)?

Bai viéf &4 duoc chinh sira n6i dung béi Dinh Xuan Hung: 01-05-2016 - 20:52

ba giri 01-05-2016 - 20:43

Juliel

Vao litic 30 Thang 4 2016 - 22:28, ineX da néi:
Bai 45: Déthi thir truong Pai hoc Héng Pirc
Cho cac s6 thyc khong 4m x,y,z théa man X + y+z=3

Tim gi4 tri nho nhaf cua:
3 2, 34 y3 4,3 M
P==0wz)* +x3+y>+ 23 —xy —yz - zx +\/x +\/y +/z
2

Loi giai :
Ta s& chimg minh hai két qua sau :
Néux,y,z > othoax +y+z= 3thi:

(1) \/;+\/§+\/szy+yz+zx

(2 x3+y3+23+ g(xyz)2 >

N | \O

Chimg minh (1) :

Pa gui 01-05-2016 - 20:48
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Baf dang thirc tuong duong :

VX+\y+/z= é[(x+y+z)2—x2—y2—zz] ex?+ P+ i+ 2fy+2yz29
biéu nay ding theo BDT AM-GM :
x2+ /X +/x 2 3x
v +Vy+y = ax

22+ \z+/z 2 3x

Ching minh (2) :

Pitp=x+y+2z=23,q=xy+yz+zxvar = xyz. Ap dung BDT Schur:

4pq-p3® 49-9
rx———=——
9 3

Cling co:
x3+y3+z3:3xyz+(x+y+z)[(x+y+z)2—3(xy+yz+zx)] =3r+3(9-3q) =3r-9q+27

Suyra:

3 3 49-9 3 (49-9)2 8 63
3+y3+z3+ = 2= -9q+2)+-r2>23——=-9q+81+=.|—— | = -¢®>-17g+ —
X3+ yd+ 23+ Sl = (3r-9q 7)21'33 9q 2(3)3q 74+

Vay ta chi cin chimg minh :
9
2

8 , 63 27
—q —17q+;z ®q53qu§

3

. 1
biéunayladingviqg = xy + yz + zx < g(x+ y+2)%=3.

Két luan :

Bai viét da duoc chinh sira noi dung boi Juliel: 01-05-2016 - 20:49

Juliel ba gui 01-05-2016 - 21:08

Vao lic o1 Thang 5 2016 - 19:57, tritanngo99 da néi:
Bai 46:
Chox,y,z 14 c4c s6 thuc duong théa méan: x + y + 1 = z. Tim gi4 tri nh6 nhaf cua biéu thiec:

2
x y zZ+2
+ +

X+yz yYy+zx z+Xxy

Loi giai :

Theo BDT Cauchy-Schwarz :

X y (x +y)* (x+y? (x +y)* X+y X+y 2 2
+ > = 2

X+yz Yy+zx  x2iy?iovyz x2+y2+ oxylx+y+ 1) - (x +y)? + 2xy(x + y) S x+y+oxy X+y+2 z+1

1
X+y+ E(x+y)2
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Theo AM-GM :

z2+2> 4(z>+2)  4(z®+2)  4(z®+2)

z+xy_4z+(x+y)2 4z + (1 - 2)? (z+1)?
T do6:

2 4(z% + 2)
B ACH
Z+1 (74 1)2

P> f2)

Khao sat ham s6 f(z) v6iz > o ta duge :

. 13
MlnP:Z<:>x:y=1,z:3

Hoang Duong

Pa gui 01-05-2016 - 22:02

Bai 51: <HSG 11 Ha Tinh 2015-2016>
véia,b,c>0vaa? + b% + ¢ + 2 = a?b?c?

Chung minh ring: abe(a + b + ¢) = 2(ab + be + ca)
<Néu lac chu déhodc d4 6 xin mod xo4 dum>

Bai viéf da duoc chinh sira noi dung bsi Dinh Xuan Hung: 04-05-2016 - 22:01

ZOT Murloc

Pa gui 02-05-2016 - 01:23

Vao lic o1 Thang 5 2016 - 19:57, tritanngo99 da noi:
Bai 48:

Cho x,y,z 14 c4c s6 thuc duong thoa mén diéu kién: x > z. Tim gia tri nho nhaf cua bidu thuc:

Xz y? 2(x + 32)
= + +

y2Hyx XZ+Yz X+ 2z

P duoc viét lai nhu sau

X X
- E _+3
y z z
P= + +2
Yy X x
Z+1 —+1 S +2
z y z
pit
X
vy ¢ x
S>ab=-21
Y¥_p z
z

Biéu thirc P twong duong vai

a b ab+3 a? b2 ab+3
P= + + 2. = + + 2.
b+1 a+1 ab+2 ab+a ab+b ab + 2

http://diendantoanhoc.net/topic/155623-t%E 1%BB%95ng-h%E 1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c%C3%A1c-%C4%91%E1%BB%... 9/14
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(a + b)? ab+3(C—S)> (a + b)? +2ab+3
" oab+a+b Tab+2 " (a+b)? b ‘ab+ 2
2(a + b) ab+ 3 4 ab+ 3

+ 2. =2- + 2.
a+b+2 ab + 2 a+b+2 ab + 2

Theo BDT AM-GM ta c¢6

4 -4 -2

- 2 =
a+b+2  ovab+2 ab+1

Suy ra
2 ab+ 3
P>2- — +2.———
Vab +1 ab+2
Deitt=\/E t>1

Ta s& chung minh

a’?+3 11
2- —— + 2, > —
t+1 a®+2 3

S+t +5t+ )
2(2t t?+s5t+3)
>

(t+ 1)(1‘2 + 2)

ot-1)t-22%2=0
BDT trén lu6n dang

Pingthicxiyra ©a=b=1Va=b=2©x=y=2zVXx=2y =4z
. 11
Vay minP = §®a=b=1<:>x=y=zvx=2y=4z

Bai viéf &4 duoc chinh sira noi dung boi ZOT Murloc: 02-05-2016 - 01:46

longatko8

ba gui 02-05-2016 - 08:00

Bai 52: Cho x, y, z1a cac s6 thue duong thoa x(y? + z2) = yz(y + z).Tim GTNN cua:

http://diendantoanhoc.net/topic/155623-t%E 1%BB%95ng-h%E 1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c%C3%A1c-%C4%91%E1%BB%... 10/14
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1 +( y z )2+ 2yz(1 - x)

(x+1)? 1+y+1+z 1+x)a+ya+2)

(Trich déthi the Hoiing Hoa 4-Thanh Hoba)

Bai viéf d4 duoc chinh swra noi dung béi Dinh Xuan Hung: 04-05-2016 - 22:02

Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 5 - Bat déng thirc va cuc trj - Dién dan Toan hoc

longatko8

Vao liic o1 Thang 5 2016 - 20:48, Juliel da noi:

Pitp=x+y+2z=23,q=xy+yz+zxvar = xyz. Ap dung BDT Schur:

L 4pg-p® _49-9
9 3

r

Cling co:

x3+y3+z3:3xyz+(x+y+Z)[(x+y+Z)2—3(xy+yZ+Zx)] =3r+3(9-39) =3r-9q+27

Ban c6 thé tranh diing BPT Schur bing cach s dung nguyén li Dirichle, gia s (x2 - 1)(y2 - 1) = 0

ba gui 02-05-2016 - 08:02

ZOT Murloc

Vao lic 02 Thang 5 2016 - 08:00, longatko8 da néi:

Bai 52: Cho x, y, z 14 cic s6 thuc duong thoa x(y2 + z2) = yz(y + z).Tim GTNN cia:

1 +( y L)2+ 2yz(1 - x)

(x+1)? 1+y+1+z QA+ +yQa+2)

(Trich déthi thu Hoéflg Hoba 4-Thanh Hoba)

DitP =

( z )2 2yz(1 — x)
+ +—
(x+1)2 1+y 1+2z QA+ +y(a+2)

Theo BDT AM-GM ta c¢6

( y z )2 4yz
O
1+y+1+z T+ iEz+1)

1 2yz xX+3
=P + .
x+12 @+rz+1) x+1

()

ba gui 02-05-2016 - 09:30
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Theo gia thiéf ta c6

2

x(y2 + 22) =yzly +z) < (y

+Z

2

).(y+z)<:>2xsy+z

(y+2)? 2yz
2 2
= . >
yz(y + z) x(y +z)z s O,
Vay nén
2yz
(s)>P> — o — y+z 1 'x+3
(x+1) Y e X+l
y+z y+z
2yz
1 y+z xX+3
> .
e+ ¥ L x+1
y+z 2x
"
_ _ 2x xX+3
(x + 1) vz 1 [ x+1
z 2Xx
1
1 o T xX+3
> 5 1- < = |
(x+1) X s L x+1
2x
1 x2 (x+3)
= 2,
(1+x)2 (x+1)3
Ta s& chung minh
1
a+x)?
(5x +17)(5x - 1)*
S >
108(x + 1)3
BDT trén lu6én diang
. 1
bing thirc xay ra <=>x:y:z:g
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X2 (x+3) o1
2 > =
108
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. 91
ViyMinP= — ox=y=2z=
ay 108 y

Bai viéf @3 duoc chinh sira n6i dung boi ZOT Murloe: 02-05-2016 - 09:35

Juliel Pi giri 02-05-2016 - 17:09

Vao lic o1 Thang 5 2016 - 22:02, Hoang Duong da noi:
Bai 51: <HSG 11 Ha Tinh 2015-2016>
véia,b,c>0vaa? + b% + ¢ + 2 = a?b?c?

Chimg minh riing: abc(a + b + ¢) = 2(ab + be + ca)
<Néu lac chu dé& hodc da c6 xin mod x04 dum>

Loi giai :

Ta c6 ding thuc:

xy yz zx oxyz )
C+DW+2)  @rOz+0)  Grphry Gy Dz0

Gia thiéf @ cho viéf dudi dang :
1 1 1 2

+—F— +
a2b?  b2%? c%a? a?b3c?

Nhu vay ta thay phai ton tai cAc s6 duong x, y, z thoa :

\/x+y \/y+z \/z+x
a= ,b= ,c=
z X y

Khi d6 ta can ching minh :

\/x+y \/y+z \/z+x (\/ X y \/ zZ )
+ + > 2 + +
2 X Y y+z Z+Xx xX+y

Diéu nay 1 déng vi :

\/ : - S ( 5y )
< = s —|=+=
+ 1
y+z \/ ! ( Vi+ \/2)2 Vy+iyz 4 Y Vz
Thiéf 1ap céc két qua tuong tu roi cong vétheo vé, ta thu duge diéu phai chang minh.

Bai viéf &4 duoc chinh sira noi dung boi Juliel: 02-05-2016 - 17:10

Juliel Pi gii 02-05-2016 - 17:43

Vao lic o1 Thang 5 2016 - 19:57, tritanngo99 da néi:

Bai 50: Cho x,y 14 c4c s6 duong thoa mén diéu kién: x2 + y? = xy + 1. Tim gi4 tri 16n nhaf cua bidu thic:

3 3 244/xy

P= + +
y3+1 x3+1 X+ty+2

(Nguén: Trich trong tuyén tap cic déthi thir dai hoc 2015 cia thay Pham Tuan Khai)

Loi giai:

http://diendantoanhoc.net/topic/155623-t%E 1%BB%95ng-h%E 1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c%C3%A1c-%C4%91%E1%BB%... 13/14



27/5/2016 Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 5 - Bat déng thirc va cuc trj - Dién dan Toan hoc

Gia thiéf & cho tuong duong :
3B+y3=x+y

Tacod:

3 3 343 3443 343
x WBryPr1r B+ 1 1 x+yd+2
L J + Y —2:(x3+y3+1) + —2:(x3+y3+1).¢—2
y+1 x3+1 x3+1 Y2+ x3+1 Y3+ 3+ 1)@ +1)

Ta cting chimg minh dugc :

x +y)3
a@+xHa+y® =2 %
Thénén
x3 . y3 <2(xf")+y3+1)(x3+y3+2) 2_2(x+y+1)(x+y+2) )
y3+1 x3+1 (x+y)3 (x+y)3
Va:

24V Xy 12(x + y)
<

X+y+2 x+y+2

Vay néuta datx + y = tthi:

o(t + 1)(t + 2) 12t
LT
t3 t+2

- 2= flD

Ta d& ching minh duoc t € (0, 2]. Khao sat ham s6 f{t) trén (o, 2]. Ta duogc :

MaxP=7ot=2ex=y=1

Trang 5/ 11

Tro lai Baf ddng thire va cuc tri - Chu dé chua doc tiép theo —

Din dan To4n hoc — Toan Trung hoc Phé théng va Thi Pai hoc — Baf ding thirc va cyc tri
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Dién dan Toan hoc — Toan Trung hoc Pho théng va Thi Pai hoc — Baf déng thuce va cyc tri

1o
A \ ,

Tong hop cac bai BDT trong cac deé thi thit THPT Quoéc Gia mon Toan nam
2016

Bif dau boi Dinh Xuan Hung , 18-03-2016 - 21:13

Trang 6 / 11

tritanngo9og D giri 02-05-2016 - 17:47

Néu cb 10 like minh s& danh tron bd cho cach giai hay va sang tao nay.Cam on ban

Bai 54: [Crux] Cho a,b,c 14 c4c 56 thuc duong. Chimg minh ring:
a4 + b4 + ¢4 + 2(a®b? + b3c? + ca®) = 3(a3b + b3c + c3a)

Bai 55: [Crux] Gia st x,y 1a cac s6 thuc khong 4m théa man: x2 + y3 > x3 + y4. Chimg minh ring: x3 + y3 < 2

Bai viéf dd duoc chinh stra noi dung béi Dinh Xuan Hung: 04-05-2016 - 22:03

phamngochungoga D giri 02-05-2016 - 19:44

Vao lic o1 Thang 5 2016 - 19:57, tritanngo99 da noi:

Bai 44:
Cho a,b,c 14 cac s6 thuc duong. Tim gia tri nho nhat caa biéu thic:
a? ab? 16¢4

T @b Pradcra)  (cra)

Bai 45:
Cho a,b,c 14 c4c s6 thue duong théa man: abe(a + b + ¢) = 4 . Tim gia tri nho nhaf cua biéu thue:
1 8be

V@+ba+o beb?+c?)+8

Bai47:
Chox,y,zla cac s6thue duong théa man diéu kién: x2 = y? + z. Tim gia tri lon nhaf cua bidu thuce:
__ Gz 32°
CP+yNa+2%) @+ z2)\/1 +z2

Baigq4:

= a=xc *A 3 ” A
bit b=ye biéu thire P tro thanh:

x? xy? 16 x? xy? 16 x? xy? 16 X 16 16
+ + > +

=(x+y)2+(x+y2)(x+1)+(x+1)4=(\/;\/}+y.1)2 (x+y2)(x+1) (x+1)4_(x+y2)(x+1) (x+y2)(x+1)+(x+1)4=x+1+(x+1)4=(x+1)47x

P

bit

= t, taco:
x+1

PRI AGA 13
P> 16.t% - t + 1. Khao sat ham s6 trén véit > o, ta duge: P = T

Baigs:
1 8be 1 4be

- - > - . Tir d8bai, ta co:
\/a2+ab+bc+ca bc(b2+02)+8 \/a2+ab+ be+ca b%**+4

A
be

4 4
\/bc + e be + e
Pang xu 1y toan: 98%
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a®+ab+ca =
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1
batt = =>t< —, taco:
be + & 2
Ve
1
P>t-4t>> - —
2
Baigqz:
Ta co:

[z(2xy + 1)]% = [z.zxy + 1.(x2 - _112)]2 < (z2 + 1)(3(2 + y2)2 > z(2xy + 1) < (x2 + yQ)\/ﬁ

Vay:

2

3z 3

P< 1_+ = 4_—
\/Z2+1 (1+z2)\/1+z2 \/Z2+1 (\/ﬁy

1 , 16
Piatt = ————,taco: P < 4t - 3t3 < ;

\/1+Z2

Bai viéf i duoc chinh stra noi dung béi phamngochungga: 02-05-2016 - 19:57

phamngochungoa ba giri 02-05-2016 - 20:05

Céc dé'thi thir THPT Quéc gia cia thiy Ding Thanh Nam

Bai 56: Vi a, b, c1a cic s6 thye thoa man a® + b? + ¢? < 1. Tim gi trj nho nhaf caa biéu thirc:

P:ab+bc+ca+(a+b+;>,c)\/1—<12—b2—c2

Bai 57: Cho cacsd thuca, b, cthoamini < a < b < ¢ < 2. Tim gia tri 16n nhaf cua bidu thue:

P

abe 10 ac

_@+b)b+c+a) _i(a2+02 )3

Bai 58: Cho cic s thyuc khong am a, b, c thoa man ab + bc + ca = 1. Tim gié tri nho nhaf cua bidu thue:

8 3 3
= + +
(@a+b)2 (B+0)? (c+a)?

Bai viét da duoc chinh sira n6i dung boi Dinh Xuan Hung: 04-05-2016 - 22:04

ZOT Murloc Pi gii 02-05-2016 - 22:18

Vao liic 02 Thang 5 2016 - 20:05, phamngochung9a da noi:

Bai 58: Cho cac s6 thuc khéng 4m a, b, ¢ théa man ab + bc + ca = 1. Tim gia tri nho nhaf caa biéu thuc:

8 3 3
= + +
(@a+b)? (Bb+ce)? (c+a)?

Ta s& ching minh 2 BDT sau

2

>
(a+c)?

=za
(b+c)?

Ching minh BPT dau ,BDT sau tuong tu

http://diendantoanhoc.net/topic/155623-t%E1%BB%95ng-h%E 1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c%C3%A1c-%C4%91%E1%BB%8...  2/9
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2

1 (ab + be + ca)? b2
S zbe ” -b2>0
(a+c¢) (a+c¢)

ac(2ab + 2bc + ac)

(a+c)?

BDT trén dung. Vay BDT phu duoc ching minh

Suy ra
8 8 3(a + b)*
P> ———+3a%+3b?2 ——— + ——— > 44/3
(a+b)? (a+b)? 2 V3
c=0
Dang thicxiyra &, - p- 2
V3
c=0
VéyMinP=4\/§ ool -p- =
V3

Mong cac ban khong ra thém bai lam loang topic.
Con rat nhiéu bai chva 1am ¢ trén

ZOT Murloc DA giri 02-05-2016 - 22:26

Vao lic 02 Thang 5 2016 - 17:47, tritanngo99 da néi:
Bai 55: [Crux] Gia st x,y 14 cAc s6 thuc khéng Am thoa man: x2 + y3 = x3 + y4. Ching minh ring: x3 + y3 < 2
Tacox2+y32x3+yt=>x2+y3+y?2x3+y2+y4
Ap dung BDT AM-GM ta c6 y4 + y* = 2y3
Dodo:x*+y3+y*2x3+2y3 =2 x3+y3 <x®+y* (1)
Ap dung BBT Cauchy-Swcharz, ta c6 :
(x2 + y2)2 < (x+ y)(x3 + y3)

s(x+y)(x2+y2)=>x2+y25x+y (2)

Métkha’c(x+y)252(x2+y2) <2(x+y)>x+y<2(3)

T (1),(2),(3) suy ra dpcm

Bai viét da duoc chinh stra noi dung bsi ZOT Murloc: 02-05-2016 - 22:35

ZOT Murloc

Pa giri 03-05-2016 - 00:11
Vao lic o1 Thang 5 2016 - 19:57, tritanngo99 da noi:

Bai 49: Cho x,y,z 1 cic s6 thyc duong théa man diéu kién: x2 + y2 + z2 = 3xy. Tim gi4 tri nho nhaf caa biéu thuc:

P x? LY x2+y?
y2+yz ZrX x2+z2

xX=a.z
bat y=bz (a.b> 0)
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=>a%+b>+1=3ab

e @-b2+1=ab

Suy ra

Biéu thure P duge viét lai nhu sau

a? b a2+ b?

= + +
b2+b a+t1  g%241

B a?(a+1)+b%(b+1) a>*+b?
bla +1)(b+1) a?+1

@+b)a®-absb241) o, e

bla+Db+1) a1

_ 2ab. (a + b) a? + b?
Tha+D0B+D | a2eq

_ 2a.(a+b) a?+ b? 2a. (a + b) a? + b?
(@+)b+1)  g2+1 (@+D0b+1) g2+ab

2\/ 2(a2+b2) >4\/_(a+b)2

z (a+1)b+1) (a@+b+2)2

xX+y 2 2
= = - > - =
4'x+y+2 4! X+y+2 =41 2+2 2

Pingthicxayra ©a=b=19x=y=2

ViyMinP=2&x=y=2z

Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 6 - B4t déng thirc va cuc trj - Dién dan Toan hoc

tritanngo99

Bais7:
Taco:(@a-b)b-c)c-a) >0 & D.ab*>= Y.ab
(a+b)b+c)c+a) Ta®b+ Tab® + 2abe B 2Y ab? + 2abc

Khi d6:
1o abe abe abe
Mit khactalaico: (a - b)(b-c) = 0 < ab+ bc = ac+ b?> < a(ab + be) = a(ac + b?)

< a®b+ abc = a®c + ab®> < a®b+ abc + be? > Zab2 = Zab2 < b(a?+ c? + ac)

2, 2\3
KhidéP=(a+b)(b+c)(c+a)_i(a ‘e )

abe 10 ac

oYab®+2abc 1 [a®+c? |3
abe 10 ac

ob(a® +c®+ac)+2abc 1 [a®?+c |3
abc 10 ac

http://diendantoanhoc.net/topic/155623-t%E1%BB%95ng-h%E 1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c%C3%A1c-%C4%91%E1%BB%S. ..

ba gui 03-05-2016 - 20:08
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a®+c? 1 [a®+c* |3
=o|l——+2|-—
ac 10\ ac
o a®+c?
béndatt = | — |.
ac

t3
=>P < f{t) = 2(t - —.
>P < fit) = 2t + 2) o

Ta di chimg minh: t < Z o a?+c? < gac

That vay ta co:

a®+c?
1< a < c < 2. Nén dédang suy ra dugc: 2 < s;.hay.2st5
ac

N o

bén day khao sat ham f(t) trén (2;5/2)

11 .
=>maxP = 1—: Déau = xdy ra khi a=b=1;c=2.

Bai viét da duoc chinh sira néi dung boi tritanngo99: 04-05-2016 - 12:12

pndpnd

ba gui 03-05-2016 - 23:09

Chox,y,z > ovax®+y”+ z> = 3. Tim GTNN:
P= 3 + 22+ 3 +x2+ -3 +y?
(x+y)? (y + 2)? (x + 2)2

Bai viét dd duoc chinh sira n6i dung boi Dinh Xuan Hung: 04-05-2016 - 22:04

rocket D3 giti 04-05-2016 - 08:07

Bai 59. Cho ba s6 thyc duong a, b, ¢ thoa man abe = 1. Tim gia tri nho nhaf cua biéu thirc:

P=(a+b)b+c+a)+ \/ 2016

a+b+c

Bai viét da duoc chinh sira n6i dung boi Dinh Xuan Hung: 04-05-2016 - 22:04

tritanngo9og

Pa giri 04-05-2016 - 12:12

Vao lic 02 Thang 5 2016 - 20:05, phamngochung9a da noéi:

CAc déthi thi THPT Quéc gia cia thay Dang Thanh Nam

Bai 56: Vdi a, b, 14 cic s6 thuc thoa man a? + b2 + ¢ < 1. Tim gi4 tri nho nhaf cua biéu thirc:

P=ab+bc+ca+(a+b+3.c)\/1—c12—b2—c2

Bai 57: Cho cicsdthuca, b, cthéamini < a < b < ¢ < 2. Tim gia tri lon nhaf cua bidu thue:

abe 10 ac

b @ Db+t a) i(a2+c‘2 )3

Bai 58: Cho cac s6 thyc khong am a, b, cthéa man ab + be + ca = 1. Tim gia tri nho nhaf cua biéu thue:

8 3 3
P= + +
(@a+b)?2 B+0)? (c+a)?

Bais7:
Taco: (a-b)b-cc-a)>0 o Y ab?> Y ab
(a+b)b+c)c+a) Ta®b+ Tab®+ 2abe . 2¥ ab? + 2abc

Khi do:
abc abc abc
Mit khactalaico: (a - b)(b-c) 20 & ab+ be = ac+ b*> & a(ab + be) = alac + b?)

< a®b+ abc = a®c+ ab® & a®b+ abc + be? = Eab2 = Zab2 < b(a®+ ¢? + ac)

Khido P =

abc 10 ac

@+bb+c+ra) 1 (a2+c2 )3
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. 2Y ab® + 2abc 1 (a2 +c? )3

- abc 10 ac

ob(a®? + c%+ac)+ 2abc 1 [a%?+c? |3
ac

> a®+c?
béndatt = | — |.
ac

3
=>P<flt)=2(t+2)- —.
ft) =2(t+2) o
R . 5 2, 2_5
Tadlchu’ngmmh:tsE & a*+c s;ac

That vay ta co:
o a®+c?
1 < a < ¢ < 2. Nén dé dang suy ra duge: 2 < s;.hay.zsts
ac

Nl

Dén day khao sat ham f(t) trén (2;5/2)

11 .
=>maxP = 1_69 Dau = xdy ra khi a=b=1;c=2.

tritanngo9o

Vao lic 03 Thang 5 2016 - 23:09, pndpnd da noi:

Chox,y,z > ovax? +y?+ z2 = 3. Tim GTNN:

P= L+z2+ 3 +x2+ 3 +y?
x+y)? (y +2)? (x +2)?

Ap dung BDT Mincopxki ta c6:

3 1 )2
" 2\v/(x+y)z+z22 \/S(ZXTH) %

)22L=>P2\/ 243 + (O x?

2¥x 4(2x)?

Ma (Z

xX+y

Bai viét dd duoc chinh stra ngi dung boi tritanngo99: 04-05-2016 - 15:36

Pa giri 04-05-2016 - 15:31

quangtq1998

Vao lic o4 Thang 5 2016 - 08:07, rocket da néi:
Bai 59. Cho ba s6 thuc duong a, b, ¢ thoa man abe = 1. Tim gia tri nho nhaf cua biéu thue:

P=(a+b)b+dc+a)+ \/ 2016

a+b+c

Tacé:(ab+bc+ca)22abc(a+b+c)ﬁ\/§s1/a+b+cs(ab+bc+ca)
2016

ﬁP+12x/(a+b+C>3+\/a+—b+c

2016
Xét fit) = t3 + .

2016

f=3t2- > ovéimoit = /3

Nenfly/a + b + o) = fl/3)
Hay P > fly/3) +1

Bai viét da duoc chinh sira néi dung boi quangtq1998: 04-05-2016 - 19:20

Pa giri 04-05-2016 - 19:16

tritanngo9g

Bai 60: Cho a,b,c thugc [0;1]. Tim gia tri 16n nhaf cua biéu thuc:

P ab b 1 11 a b c
= 1-a)1-b)(2- —+ =+ =
abe + (1 - a) 2t c)+a3+b3+cs+b+c+1+a+c+1+b+a+1

ba gui 04-05-2016 - 21:37
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N . 1
Bai 61 Dé thi du bi THPTQG 2015): Cho cac sb a,b thudc [;; 1]. Tim Min cua:

P = a5b+ abd + -3(a+Db)

a®+ b?

Bai viéf 4 duogc chinh stra noi dung béi Dinh Xuan Hung: 04-05-2016 - 22:01

tritanng099 Pi giri 04-05-2016 - 21:57
Bai 62: Cho x,y,z thugc [1;2]. Tim gia tri lon nhét cua bidu thirc:

2y +yz+2x) . 8 y+z+4
Cxyz+2x+y+z) Y+ +yz+a fyz+t

Dinh Xuan Hung Da giri 04-05-2016 - 21:57

Vao lic o4 Thang 5 2016 - 21:3y, tritanngo99 da noi:

N . 1
Bai 61 bé thi du bi THPTQG 2015): Cho cac s6 a,b thudc [E; 1]. Tim Min cua:

P=a’b+ab’ + 6 -3(a+b)
a?+b?

- Do a, bthudc doan [é,l] =>1-a=20,1-b20=>1-a)a-b)=20=>abza+b-1

Doa,bzl=>a+b—1zl+l—1=o=>a+b—1zo
2 2 2
. m + n)4
Apdungbdtm4+n42¥
Tir do6 ta co:
6

P =a5b+abd+ -3(a+b)=abla*+bY)+ ————— - 3(a+b)

a®+ b? (a + b)® - 2ab

b)* 6
z(a+b—1).(a+ ) + -3(a+Db)

8 (a+b)?-20a+b-1)

b)5 - b)* 6
=(a+ )° — (a + b) . s+ b)
8 (@+b)*-2(a+b)+2
5 - t4 6
=>P=z + — -3t
8 t2-ot+2
(voit=a+b)
. . 5 — ¢4 6
Ta chtng minh P > -1 <=> +————3t2 —1<=> (t-2)2(t5 +t4 + 413 + 10t>+ 16) 2 0
8 t2-ot+2

(Piéu nay luén diang)
Dod6b P> —1=>P,;,= —1<=>(a-1)(b-1)=0,a+b=2<=>a=b=1

tritanngo9g D gii 04-05-2016 - 22:00

Bai 63:Cho x,y,z thudc [1;2]. Tim gia tri l6n nhaf coa:

101 1
F=x+y+2)(-=+-+-)
x Yy z
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Mo rong bai 63: Bai 64: Cho a,b,c,d thugc [1;2]. Chimg minh ring:
2,32, 2, g L L 1 1
(a®+b%*+c +d)(a2+ b2+02+d2)525

Bai 65:Cho ba s6 thuc duong a,b,c théa man: a + b + ¢ < 2.Tim GTNN cia biéu thirc:
a/a by/b cy/e 1

= — + — + — + —
a+yab+b b+yfbctc c+yfcata 27\/abe

Bai viét da duoc chinh sira néi dung boi Dinh Xuan Hung: 04-05-2016 - 22:07

nguyenhongsonk612 DA giri 04-05-2016 - 22:12

Vao lic o4 Thang 5 2016 - 21:3y, tritanngo99 da néi:

Bai 60: Cho a,b,c thudc [0;1]. Tim gi4 trj 16n nhaf caa biéu thuc:
a b c
— 4+ —+ + +
p3 3 b+c+1 a+c+1 b+a+1

P=abc+(1—a)(1—b)(2—c)+i+
a3

N . 1
Bai 61 Dé thi dy bi THPTQG 2015): Cho céc s6 a,b thuoce [5; 1]. Tim Min cua:

P = adb + abd +

-3(a+b)

2+b2

Chd boi xanh sai dé rdi, dé dung phai 1a Y,

1+ a3
Giai:
a b c 1 1 1
P=abc+(1-a)(1-b)+ + + +Q-a@a-ba-0+ + +
b+c+1 c+a+1 a+b+1 1+a3 1+b3 1+¢3
1 3
Viabec €1 = < ——
! = 21+a3\1+abc
a b c
Ta s&€ C/m + + +(1-a)-b)x-c)<1(*)

b+c+1 c+a+1 a+b+1
Giasta>b>c

a b c a b c 1-a
= + + < + + =1-
b+c+1 c+a+1 a+b+1 b+c+1 c+b+1 c+b+1 b+c+1

AnCmA-a)1-b)a-0) - ——% coo@-b-b+c+1)<1
b+c+1

=1

1-b+1-c+b+c+1 )3
3

Ap dung AM - GM ta duwoc (1 = b)(1 - c)(b+c +1) < (

Vay ( * ) dugc C/m

Co(1-a)1-b)=1-(a+b)+ab<1-2yab+ab=(1-+/ab)?< (1-+/abc)?

_ 3 — — 3
P < abc + (1 -+/abc)® + 1+ ——— = 2y/abe(y/abc -1) +2+ ——— < 2+3 =5
\% 1+ abe Vabely/ 1+ abc
ViyMax P =5khia=b=c=0
tritanngo9g ba giri 04-05-2016 - 22:21

Bai 66: Cho a,b,c1a cac s6 thuc duong thoa man: a+b+c=ab+bc+ca. Tim GTNN cia biéu thirc:
a3 b3 c3

+ +
b2-bc+c2 c2-ca+a®? a*-ab+b?
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Bai 67: Cho a,b,c 14 cic s6 duong thoa man: a2 + b2 + ¢2 < 3.Tim GTNN cua biéu thuc:
1 1 1
P= + +
a’?+ab b*>+bc c*+ca

Bai viéf 4 duogc chinh stra noi dung béi Dinh Xuan Hung: 05-05-2016 - 16:57

NTA1907

Vao lic o4 Thang 5 2016 - 22:21, tritanngo99 da noi:
Bai 66: Cho a,b,c 14 cic s6 thuc duong thoa man: a+b+c=ab+bc+ca. Tim GTNN cua biéu thue:

a’ b3 c3
+ +
b>-bc+c®> c*-ca+a®> a®*-ab+b?

Bai 67: Cho a,b,c 14 cac s6 duong thoa man: a2 + b2 + ¢2 < 3.Tim GTNN cuaa biéu thuc:

1 1 1

+ +
a?+ab b%2+bc c%+ca
Bai 66:

Ap dung Svac-xo ta co:

a4 (a? + b% + ¢?)?

>
ab? - abc + ac®  a®b + ab? + b2c + bc? + c2a + ca® - 3abe

(@ + b2+ ¢?)?

a?b + ab® + b?c + bc? + c%a + ca® - 3abc

>a+b+c

Ta chung minh:

o a?(a - b)(a - c)+ b3 -c)b- a)+ c3(c - a)c - b) = o(ludn ding theo Schur)

a3 3(ab + be + ca)
é272a+b+c27=
b2 - be + ¢ a+b+c

Dau=xiyrac®a=b=c=1
Bai 67:
Ap dung Svac-xo ta co:

Pz 9 > 9 zi
a?+b2+c>+ab+bc+ca 2@*+b*+c?) 23

DAu = xay ra\Leftrightarrow a=b=c=1

Bai viéf i dugc chinh stra noi dung béi NTA1907: 05-05-2016 - 13:30

ba gui 05-05-2016 - 13:04

tritanngo9g
Bai 68: Cho a,,b,c 14 cac s6 thuc duong thoa méan: a+b+c=3. Tim Max cia bidu thirc:

a”2b+b”2c+c” 2a+abe+4abe(3-ab-be-ca)

Trang 6 / 11

Tro lai Baf ding thire va cuc tri - Cha dé chua doc tiép theo —

Dién dan Toan hoc — Toan Trung hoc Phd thong va Thi Pai hoec — Bat ding thic va cuc tri

ba gui 05-05-2016 - 15:30
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Dién dan Toan hoc — Toan Trung hoc Phé thong va Thi Pai hoc — Bat ding thire va cuc tri

3

5

v

ot

g:;
[

<>

Tong hop cac bai BDT trong cac dé thi thie THPT
Quobc Gia mon Toan nim 2016

Bit dau boi Dinh Xuan Hung , 18-03-2016 - 21:13

Trang7 /11

tritanng099 Da giri 05-05-2016 - 15:34

Bai 69: Cho 3 56 duong x,y,z théa man: xy + yz + zx = 3. Chung minh ring:

x3

v
Ju—y

x* + 2yz

Bai viét da duogce chinh sira noi dung béi tritanngo99: 05-05-2016 - 15:34

NTA1907 D3 giri 05-05-2016 - 17:42

Vao ltic 05 Thang 5 2016 - 15:34, tritanngo99 da noi:
Bai 69: Cho 3 56 duong x,y,z théa min: xy + yz + zx = 3. Chimg minh ring:

x3
— =21
2
X<+ 2yz

Ap dung AM-GM ta cé:

x3 x3 x3+y3+23

x2+2yz2 x2+y?+22 x2+y%+22
Taco:x3 + x3 +1 = 3x2
Tuong tu cong vé'theo vé:
203+ 2 +23) 2 3(x® +y* +2%) -3 =3(x*+y* + 29 - (xy + yz + zx) = 2(x® + y* + Z7)
>x3+y3+23>2x2+y>+2z°
= dpcm

Diu=xdyra©x=y=z=1
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tritanngo99 D4 giri 05-05-2016 - 18:37

Vao ltic 05 Thang 5 2016 - 17:42, NTA1907 da noi:
Ap dung AM-GM ta c6:

x3 x3 x3+yd + 28
>

2royz TP+ yt+zd XPryt+ 2t
Taco:x3 +x3 +1 > 3x2
Tuong tu cong vé theo vé:
2(x3+y3+23) 23(x2+y?+2z2)-3=3x%2+y%+2%) - (xy +yz + zx) = 2(x2 + y% + z?)
>x3+y3+2z32x2+y?+22
= dpcm
Diu=xiyra®x=y=2z=1
Bai nay minh vira nghi ra, dung holder :
Ap dung BDT holder ta c:

x3
———— ) (2 +2yz)x (1 +1+1) = (x+y +2)3
X2 + 2yz
x3
& Y ——— s (x+y+2)2%33> (x+y+2)3
x> + 2yz
3 +b+
N z X 2Cl C
X2 + 2yz 3
Mat khac (a+ b +c)®2 =23(ab+bc+ca) =>(a+b+c) =23

3

X

=> z— >1
X% + 2yz

D4u = xay ra khi x=y=z=1.

phamngochungoa D4 giri 05-05-2016 - 20:01

Vao ltic 02 Thang 5 2016 - 22:18, ZOT Murloc da noi:

Ta s& ching minh 2 BDT sau

> b?

(a+c)?

- =4
(b+c¢)?

http://diendantoanhoc.net/topic/155623-t%E1%BB%95ng-h%E 1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c%C3%A1c-%C4%91%E1%BB%... 2/10
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Chung minh BPT dau ,BDT sau tuong ty

1 5 (ab+bc+ca)2_ ”

=20

(a+c)? = (a + ¢)2

ac(2ab + 2bc + ac) N

(a +¢)?

BDT trén dung. Vay BDT phu duoc chimg minh

Suy ra

8 3(a + b)?
+

8
P> —— +3a>+3b%>

 (a+b)? (a + b)? 2
c=0
bing thucxayra &4 , - p- 2
V3
c=0
VayMinP = 43/3 0 g = p = 2
V3

Mong cac ban khong ra thém bai lam loang topic.
Con rat nhiéu bai chwa lam & trén

Khong biét c6 spam hay khéng nhung hinh nhu

khong thoa man diéu kién gia thiéf, ban a

Gia thiéf1a ab + be + ca = 1 ma

http://diendantoanhoc.net/topic/155623-t%E1%BB%95ng-h%E 1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c%C3%A1c-%C4%91%E1%BB%. ..
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27/5/2016 Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 7 - Bat déng thirc va cuc trj - Dién dan Toan hoc

Bai viét da duoc chinh sira noéi dung béi phamngochungoga: 05-05-2016 - 20:04

phamngochungoa D giri 05-05-2016 - 20:21

Vao liic 04 Thang 5 2016 - 21:57, tritanngo99 da noi:
Bai 62: Cho x,y,z thudc [1;2]. Tim gia tri 16n nhat caa biéu thuc:

2(xy + yz + zx) 8 Yy+z+4
Xyztoxty+2)  oy+2)+yz+a Viz + 1

Y-2)z-2)z0=>yz+4 =22y + 2z

xyz+2(2x+y+2z)=x(yz+4) +2y+ 2z = x. (2y + 22) + 2(y + 2)
ax(y+2)+yz+ 4 z22x(y+z)+2y+2z=2(x+ 1)y + 2)

2(x+ 1)y + 2)

Viy:
(y+2)*
XYy+yz+zx+4 yY+z+4 1 4 +4 y+z+4 1 (yY+2)2+16 2y+2)+8
- <1- - < - —
(x+1)y+2) ,/yz+1_1 x+1Jr 2(y + z) y_+z+1_2+ 8(y + 2) y+z+2
2

baty + z = t,khidoé: t € [2; 4] va:

t2+16 2t+ 8
+ p—

1
E < -
2 8t t+2

T 7
Khéao sat ham sotrén v6it € [2; 4], ta dugc: E < - 3

Bai viét da duoc chinh sira n6i dung boi phamngochungoga: 05-05-2016 - 20:22

nguyenhongsonk612 D4 giri 05-05-2016 - 20:53

Vao liic 04 Thang 5 2016 - 21:57, tritanngo99 da noi:
Bai 62: Cho x,y,z thudc [1;2]. Tim gia tri 16n nhat cua biéu thie:

2(xy + yz + zx) 8 Yy+z+4
Xyz+ox+y+2)  oy+2)+yz+a Viz + 1

Lam nhu nay c6 duoc khong nhi?
Giai:

Ta co

http://diendantoanhoc.net/topic/155623-t%E 1%BB%95ng-h%E 1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c%C3%A1c-%C4%91%E1%BB%...  4/10
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xyz+22x+y+z)-2x(y+z)-yz-4=x-1)y-2)(z-2)>o0
>xyz+22x+y+z)>2x(y+2)+yz+4
May,ze[1;2] 2 yz< 4 =>2x(y+2) +yz+ 4 > 2(xy + yz + zx)
= xyz + 2(2x + y + z) > 2(xy + Yz + zx)

8 y+z+4
o2x(y + z) + yz + 4 \/ﬁ+1

U
b
N

1+

Cox—-1Dy-1Dz-1)z0oxyz>xy+yz+zx—-(x+y+2z)+1
x-2)Jy-2)z-2)<o0exyz<L20lxy+yz+zx) —4c+y+2z)+8
S>2xy+yz+zx) - 4x+y+2)+8>xy+yz+zx - (x+y+z) +1
Sxy+z)+7-3x>3y+2)
max(y+2z)+yz+7-3x < x(y+2) +yz+4; 3@y + 2) > 6/yz
=>x(y+z)>6\/y_z—yz—4

3 2(/yz + 2)

> E<1- — - —
yz—-12\/yz+4  \fyz+1

Pitt = \/yz = t € [1; 2]

8 ~ o(t + 2)

t2 — 12t + 4 t+1

>FE<1- <_—7
6

& (t - 2)(t* - 21t + 46) < o (Pung)

7

= FE K
6

VeinaxP=%7 eSx=15Yy=2=2

Bai viét da duoc chinh sira noéi dung bi nguyenhongsonk612: 05-05-2016 - 20:56

phamngochungga D giri 05-05-2016 - 21:04

http://diendantoanhoc.net/topic/155623-t%E 1%BB%95ng-h%E 1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c% C3%A1c-%C4%91%E1%BB%... 510
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Vao ltic 04 Thang 5 2016 - 22:00, tritanngo99 da noi:

Bai 63:Cho x,y,z thuéc [1;2]. Tim gia tri 16n nhat caa:

1 1 1
F=x+y+2)(—+—-+-)
X y z

F=3+f+g+z+g+

z
-+
y z x x Y

N | =

Khong mat tinh tong quat, giast2 2 x>y=z=> 1

Xét cic tich sau:

—~
<R
|
-
N —
~—
N <
|
-
N—
v
o
U
|
+
N |
IA
N | =
+
[

—
= I
|
(==Y
——
—
<IN
|
(==
———
v
o
U
=1
+
<IN
I\
= I N
+
Pt

Vay:

+

)

X .
bitt = —, dé ching minh: t € [1; 2]
z

F < 5+2(

N | =

= IN

1
Khi do6: F < 5+2(t+ ;)

Khao sat ham sdtrén véi t € [1; 2], ta duoc F < 10

ZOT Murloc D3 giri 05-05-2016 - 22:36

Vao lic 05 Thang 5 2016 - 20:01, phamngochung9a da néi:

Khong biét c6 spam hay khéng nhung hinh nhu

khong thoa man diéu kién gia thiét, ban a
Giathiétla ab + be + ca = 1 ma

Oops. Cam on ban nhé © Minh 16n mat roi. Ma néu theo 16i ngudi ra bai thi s6 '3 phai thay bing s61 thi ms

chuin déthay Nam :V Néu nt thi daa bing s& 1a c=0,a=b=1. Minh do4n 13 c6 nham lan

http://diendantoanhoc.net/topic/155623-t%E1%BB%95ng-h%E 1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c%C3%A1c-%C4%91%E1%BB%... 6/10
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Bai viét da duoc chinh sira noéi dung bsi ZOT Murloc: 05-05-2016 - 22:36

tritanngo99 Di giri 05-05-2016 - 23:06

Bai70:Choo < ¢ < b < a < 1. Tim min cua biéu thuec:

a b c (a - ¢)?

b+ec c+a a+b 3

Bai viét da duogc chinh sira noéi dung béi tritanngo99: 05-05-2016 - 23:15

tritanngo99 DA giri 05-05-2016 - 23:13
Bai 71:Cho cac s6 thuc duong a,b,c thoa man: a® + b2 + ¢ = a + b + c. Tim GTNN cuia biéu thiec:

2
P=Za

b+c

Bai viét da duogc chinh sira noi dung béi tritanngo99: 05-05-2016 - 23:15

tritanng099 Di giri 05-05-2016 - 23:18

Bai 72: Cho a,b,c1a @6 dai ba canh cua tam gidcvéia + b + ¢ = 3. Tim Min cua:

P = 3a® + 3b% + 3¢® + 4abc

Bai viét da duogc chinh sira noéi dung béi tritanngo99: 05-05-2016 - 23:18

tritanngo99 DA glri 05-05-2016 - 23:20
Bai 73: Cho a,b,c>0 va abc=1. Chimg minh:

z 2

_ >
a?*(b+c) 3

http://diendantoanhoc.net/topic/155623-t%E 1%BB%95ng-h%E 1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c%C3%A1c-%C4%91%E1%BB%...  7/10
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tritanngo99 D3 giri 05-05-2016 - 23:23

Bai 74: Cho x,y,x 14 cAc s6 thuc duvong thoa man: x* + y? + z2 = 1. Tim GTNN cua biéu thuc:

tritanngo99 D4 giri 05-05-2016 - 23:33

Bai 75: Chox, y, z = 1.Tim GTNN cua biéu thic:
x2 8 + x2y?z2
3 L
1+ x3 3

Bai viét da duogc chinh sira noi dung béi tritanngo99: 05-05-2016 - 23:34

nguyenhongsonk612 D4 giri 05-05-2016 - 23:38

Vao ltic 05 Thang 5 2016 - 23:20, tritanngo99 da noi:

Bai 73: Cho a,b,c>0 va abc=1. Chirng minh:

2

a?(b+c)
Giai

bc)®> (ca)®> (ab)?
BDT:}( ) +( ) +( ) >§

—
b+c c+a a+b 2

Ap dung Cauchy Schwarz va AM — GM

ta duoc

(ab + be + ca)? S 3abc(a+b+c) 3
2(a+b+c) g 2(a+b+c) 2

Diu"="khia=b=c=1

Ban nén dang nhitng bai dam chat thi DH thi hop 1i hon véi tén ciia TOPIC nay!! ©

http://diendantoanhoc.net/topic/155623-t%E1%BB%95ng-h%E 1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c%C3%A1c-%C4%91%E1%BB%...  8/10
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Bai viét da duogc chinh stra noi dung boi nguyenhongsonk612: 05-05-2016 - 23:40

tritanngo99 D3 giri 05-05-2016 - 23:54

Bai 76: Cho x,y,z 14 cac s6 thuc duong thoa man: x2 + y2 + z2 = xy + yz + zx + 2. Tim GTNN cua biéu thuec:

_3x(x® +y? + 2%) . 8(y? + z?)
(x+y+2)* 2y? + 2z% + xy + xz

p

tritanng099 Da giri 06-05-2016 - 08:37

Bai77: Chox, y, z > ova xy?z2 + x?z + y = 3z2. Tim max cia

74

1+ z4x% + yd)

NTA1907 Da giri 06-05-2016 - 11:20

Vao ltic 06 Thang 5 2016 - 08:37, tritanngo99 da noi:

Bai 77: Chox, y, z > o vaxy®z® + x°z + y = 3z°. Tim max cua

74
P= ——
1+ z4x% +yh)
R x2 oy
Doz > onéntuxy?z® + x?z+y=32>=2>xy* + — + = =3
Z  z
Ap dung AM-GM ta c6:
2 2 2
X 1 x
(x2y2+y2)+(x2+—)+(y—+—)22(xy2+—+i)=6
72 2 52 z 42
z4 1
P= =
1+ 24+ YY) Ly a4
4
V4
= 1 2 2
Data= _7b=x ,C=Y (a,b:c>0)=>P= Y .. 5
z* a?+ b2+ c?

Theo AM-GM ta chung minh dugc:

x2 2
3(a2+b2+c2)22(ab+bc+ca+a+b+c)—3=2(x2y2+y2+x2+—+y—2

1
—+ =+ —)-329
V4 Z Z

2

http://diendantoanhoc.net/topic/155623-t%E 1%BB%95ng-h%E 1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c%C3%A1c-%C4%91%E1%BB%... 9/10
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=>P<

W=

A 1
Diu=xayraoa=b=c=19x=y=-=19x=y=2z=1
z

NTA1907 b gui 06-05-2016 - 12:39

Vao ltic 05 Thang 5 2016 - 23:18, tritanngo99 da noi:
Bai 72: Cho a,b,cla d6 dai ba canh cua tam gidcvéia + b + ¢ = 3. Tim Min cua:
P = 3a® + 3b% + 3¢% + 4abc
Ap dung nguyén i Di-rich-1é ta c6:
(a-1D)b-1)z20eoabza+b-1=>abczac+bc-c=cla+b)-c=c(3-¢c)-c=2c-c?
Khi dé ta co:

c® 2 c-1)%+26
P> §(a+b)2+3c2+4(2c—c2)=§(3—c)2+80—02= e+ Zo (c-1) +26,
2 2 2 2 2

|
[y
w

Dau=xdyraea=b=c=1

tritanng099 Pa giri 06-05-2016 - 19:51

Bai 78: Cho ba s6 thuc a,b,c thay dbi thudc [1;2] va théaman:a + b + ¢ < 4.

2

2
>_

Chémg minh déng thie: Y, berz 3

Bai viét da duogc chinh sira noi dung béi tritanngo99: 06-05-2016 - 19:54

Trang7 /11

Tré lai Bat ding thie va cuc tri - Chu dé chua doc tiép theo —

Dién dan Toan hoc — Toan Trung hoc Phé thong va Thi Pai hoc — Bat ding thirc va cuc tri

http://diendantoanhoc.net/topic/155623-t%E 1%BB%95ng-h%E 1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c%C3%A1c-%C4%91%E1%BB%... 10/10
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27/5/2016 Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 8 - B4t déng thirc va cuc trj - Dién dan Toan hoc

Dién dan Toan hoc — Toan Trung hoc Pho théng va Thi Pai hoc — Baf déng thuce va cyc tri

Téng hop cac bai BPT trong cac dé thi thit THPT Quéc Gia mén Toan nim
2016

Bif dau boi Dinh Xuan Hung , 18-03-2016 - 21:13

Trang 8 / 11

tritanngo9og Pi giri 06-05-2016 - 19:53

Bai 79: Véi cac s6thuc 0 < a, b, ¢ < 2thoamin: a+b+c=3$.

Tim Min cua P = 2\/a+ 1

Bai viét dd duogc chinh sira n6i dung boi tritanngo99: 06-05-2016 - 19:53

quangtq1998 D3 giri 06-05-2016 - 21:18

Vao lic 06 Thang 5 2016 - 19:53, tritanngo99 da néi:
Bai 79: Véi cacsd thuc o < a, b, ¢ < 2théamin: a+b+c=3. TimMincaaP=\sum \sqrt{a+1}$

( Dé thi thir chuyén KHTN 2015)

Khong mét tinh tong quat gidsta =2 b = cnén22a =1

Taco:y\/b+1+/c+12y/b+c+1+1=1/4-a+1(dingvéimoiab = 0)
nénPz=+/a+1++v4-a+1=Afa)
fs) =o,
f2) =fl) =/3+/2+1,
fts) = 1+4/10

DodoP=+/3+v/2+1

Bai viéf dd duogc chinh stra noi dung béi quangtq1998: 06-05-2016 - 21:19

longatko8 D3 giri 08-05-2016 - 05:41

Bai 80: Cho a, b, ¢l cac s6 thuc duong thoa méin ab + be + ac < 3. Tim GTNN cia:

12 \/2(a2 +1)(b%+1)(c*+1) )

4ab+ (a + b)(c+3) * (a+1)(b+1) * oc?

quangtq1998 Pi giri 09-05-2016 - 18:45

Bai 81, Choa,b,c >0
thoa mana2b? + b%c2 +1 < 3b
Tim gia tri nho nhét cia :
1 4b? 8

+ +
(a+1)%2 (@b+1?> (B+0)?

P=

phamngochungoa Pi giri 09-05-2016 - 20:53
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27/5/2016

Pé bai khong sai dau ban. Sau nhiéu thoi gian suy nghi, minh c6 1oi giai nay, ban xem ho minh nhé. @

Vao lic o5 Thang 5 2016 - 22:36, ZOT Murloc da néi:

Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 8 - B4t déng thirc va cuc trj - Dién dan Toan hoc

et 2 N N -, B N
Oops. Cam on ban nhé S Minh 16n mat réi. Ma néu theo 161 nguoi ra bai thi s6 3 phai thay bing $61 thi ms chuén déthay Nam :V Néu nt thi dau bing sé& 1a

¢=0,a=b=1. Minh doén I ¢6 nhain lin

8

c2a? 8
>

3 3 8
+ -

- (a+b)2+(b+c)2 (c+a)? (a+b)2+

bita+b=1t

P>

Néua + b = 2, taco:

(a+b)?

8
+3(a+b)2—6:—2+3t2—628
t

Néua +b < 2 tacod:

3

8
—_— 2 _ 244
P22+3t St > 8

Bai viét da duoc chinh stra noi dung bsi phamngochungga: 09-05-2016 - 21:03

t

(ab + be + ca)? N (ab + bc + ca)? B
(b+0)? '

+3a? + 3b% + 6abc(

+3. + 3. > +3
(b+c)? (c+a)® (a+Db)?

ZOT Murloc

Vao lic 09 Thang 5 2016 - 18:45, quangtq1998 da néi:
Bai 81, Choa,b,c >0

thoa mana?b? + b%c® +1 < 3b

p

Tim gia tri nhé nhat cuia :

1 4b*

8

+
(a+12% (2b+1)2

Moi thi hoc ki xong né @
Boae L+ L 8
x2 Y2 (x+y)?
Chimg minh:
1 1 2 2.4 8
—+— 2> — 2 =
X2 y2 XY (x+y? (x+y?

a?b? + b%c®>+1< 3b

oa?+c+

oW

1
— <
b2

+

(3+0)*

Pa gui 10-05-2016 - 00:42
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v
I~
=9
o SI= A
I
<

Bai toan tuong duong voi

2+ y?+22 <3y

1 4 8
+ +
(x+1)%  (y+2)2  (2+3)?
Ta co

1 4 8
= + +
x+1?* @+2? (@+3)°

1 1 8
= + +
(x+1)? (y )2 (z+3)*
= +1

Ap dung b6 déta co

8 8 64
>

Pz + 32
v s (z2+3) v \2
X+ +2 X+z+5+7

Theo bai ra

y2x2+y?+z22(x-1)+14y-4)+(2z-1)
@x+z+gs3
2

Suy ra

6.
P= 4 =1

T (3+5)?

Ding thirc xay ra

——
[N
I I
[N
I
-

phamngochungoa Di giri 10-05-2016 - 19:31

http://diendantoanhoc.net/topic/155623-t%E 1%BB%95ng-h%E 1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c%C3%A1c-%C4%91%E1%BB%8...  3/7
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Bai 82: (Chuyén Dai hoc Vinh l4n 3 nim 2016 )

Cho x, y, z1a nhiing s6 thuc thugc khoang (1; 4). Tim gi4 tri 16n nhaf cia biéu thue:

2.(y+z—x)2+\/:—3. (z+x—y)272\/:—3. x+y-2)?2

yz zx xy

pP=

HOANG LINH DAN Pa giri 13-05-2016 - 05:46

Bai 83: (Phé Thong Ning Khiéu - Tp.HCM - 2016)

. a? b2 c?
Choa, b, ¢ > 0théa man a2b? + b2c? + c2a? = 3. Tim gid trinho nhatctaP = 4(——+ —— + ——)+2a3 -a+ b4+ b2 - b+ c3 + c2
a+b b+c c+a

Juliel Di giri 14-05-2016 - 17:15

Vao lic 08 Thang 5 2016 - 05:41, longatko8 da noi:

Bai 80: Cho a, b, c1a cac s6 thuc duong thoa min ab + be + ac < 3. Tim GTNN cua:

12 \/2(a2 +1)(b*% + 1)(c® + 1)
2ab+ @+ b)c+3) @+ Db+ e

Loi giai :

Tacod:
(a® + 1)(b* + 1) = (a + b)* + (ab - 1)?
2(c?+1) = (c+1)%+ (c-1)?

Ap dung BPT Cauchy-Schwarz :

\/2(a2 + 1B+ D2 +1) = \/[(a +b)2+ (ab - 1)2], [(c +1)%+ (c— 1)2] >(a@a+b)c+1)+(@-ab)(c-1)=(a+b+c+ab+bc+ca+abc+1)-21+abc)=(a+1)b+1)

Trdo:
2 2 2
\/2(‘1 + (0 + 1)(c* + 1) B (a+1)(b+1)(c+1)- 201+ abc) Cer1- 2(1 + abc)
(a+1)(b+1) N (a+1)(b+1) N (a+1)(b+1)
Theo gié thiéf :
12 12 12 4
= > =
4ab+ (a+b)(c+3) 3a@a+b+ab)+(@+bc+ca) 3ab+a+b+1) (a+1)(b+1)
Trdoéma:
2(1 — abe) ret1+ 1
T (a+Db+1) 202
Chd ¥ ring :
32ab+bc+ca23€/%:>abcs1
1 coc, 1 371 3
t—= -t -+ — 2 - ==
¢ 2¢2 2 2 oe2 3\/8 2
Nhu vay ta duge :
Pz§
2
. 5
MmP=E<:>a=b=c=1
Dinh Xuan Hung DA giri 14-05-2016 - 17:56

Vao lic 10 Thang 5 2016 - 19:31, phamngochung9a da noi:
Bai 82: (Chuyén Dai hoc Vinh 14n 3 nim 2016 )

Chox, y, zla nhimg s6'thue thuoe khoang (1; 4). Tim gia tri lon nhaf cua bidu thue:
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2 2 2
P=2.(y+z—x) +\/§'(z+x—y) _ —'(x+y—z)

2,/3

yz zx xy

Pita = \/3_(; b= \/_1;, c= \/E Khi d6 a, b, ¢ € (1; 2) nén ton tai tam gidc ABC cba canhla a, b, ¢

P=2(b2+c2—a2)2

(c2 + a2 - b2)2 (a2 + b2 - ¢2)2
+4/3. -3 —— =

b2c? c2a? a2b?
= 2(2c0sA)? + \/5(20033)2 - 2\/5(20030)2

1+ cos2A 1+ cos2B

=8 ——+ 4/3. > 8v/3.

1+ cos2C
2

= 4 - 21/3 + 4€0524 + 21/3c052B — 4+/3c052C(1)

Gia sirtam gidc ABC c¢6 va ban kinh duong tron ngoai tiép 1a O va R khi d6:

— — — |2
V30A+20B-0C| =0

- B4t dang thirc va cuc tri - Didn dan Toan hoc

\displaystyle{\Leftrightarrow 8R"2+R"2\left ( 4\sqrt{3}cos\left ( \overrightarrow{OA},\overrightarrow{OB} \right ) \right -4cos(\overrightarrow{OB},\overrightarrow{OC})-2\sc

© 400524 + 24/3c052B - 44/3c052C < 8(2)

Te(1)(2) > P<4-2y/3+8=12-2\/3

Dau bing xayrakhiy = 2x;z = (2 + \/g;)x;x € (1;4(2 - \/5))

tuanyeubeo2000

Bai 84 : Cho a,b,c >0.CMR:

a+1 b+1 c¢c+1 a b ¢

+ + <
b+1 c¢c+1 a+1 b ¢ a

Bai viéf 4 duoc chinh sira noi dung boi tuanyeubeo2000: 16-05-2016 - 21:52

ba gui 16-05-2016 - 21:48

HDTterencez2k

Vao lic 16 Thang 5 2016 - 21:48, tuanyeubeo2000 da néi:
Bai 84 : Choa,b,c >0.CMR:

a+1 b+1 c¢c+1 a b ¢
+ + < -
b+1 c¢c+1 a+1 " b ¢ a

Pa gui 16-05-2016 - 22:15

a a+1 b b+1 c c+1 a-b b-c c-a 1 1 1 1
= - - - - - > = > = - b - b- -
<= (b b+1)+ c c+1)+(a a+1 ) = 0 <= b(b+1)+c(c+1)+a(a+1)>0< > (a )(b(b+1) a(a+1))+( C)(c(c+1) a(a+1))
Bai viéf @a duoc chinh stra noi dung boi HDTterencezk: 16-05-2016 - 22:53
tuanyeubeo2000 D3 giri 16-05-2016 - 22:28
Vao lic 16 Thang 5 2016 - 22:15, HDTterence2k da néi:
a a+1 b b+1 c c+1 a-b b-c c-a 1 1 1
= - - - - > = > = - (— - —— b-o)(—M — — —
<=> (b b+1)+(c c+1)+(a a+1 ) = 0 <= b(b+1)+c(c+1)+a(a+1)>0< > (@ )(b(b+1) a(a+1))+( C)(c(c+1) ala +1

http://diendantoanhoc.net/topic/155623-t%E1%BB%95ng-h%E 1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c%C3%A1c-%C4%91%E1%BB%S. ..
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gia str ¢ = min {a, b, ¢}

Bai viéf 4 duoc chinh sira noi dung boi tuanyeubeo2000: 16-05-2016 - 22:28

Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 8 - B4t déng thirc va cuc trj - Dién dan Toan hoc

Pa giri 16-05-2016 - 22:47

HDTterencez2k

Vao liic 16 Thang 5 2016 - 22:28, tuanyeubeo2000 da noi:

gia st c = min{a, b, c}
oh minh quén chua ghi minh s& swra lai . cdm on ban , do bdt hoan vi nén gia sir ¢ =min (a,b,c ) ta ¢6 dpem

ba gui 18-05-2016 - 18:35

ngothithuynhan100620
Bai 85:Cho x, y, z > 0 théa man: x2 + y? + z2 = 3xy.Tim Min cta:

x?2 y x2+y?

P= +
y2+yz Z+tXx  x2+ 22

Bai viéf i duogc chinh stra noi dung béi Dinh Xuan Hung: 20-05-2016 - 22:23

ba gui 20-05-2016 - 10:24

tritanngo9g
Bai 86:Cho x,y 14 cac s6 thuc thoa man: x, y € [1; 3]. Tim gia tri nho nhaf cua biéu thic:
x y+1 4v5(x+y+1)
= + +
Bxy-20+3 G+2y+2)y+1)-6y+2 25
=5.

Bai 87:Cho x,y 14 cic s6 khong Am thoa man: x? + y? + z>

Tim gi4 tri nho nhat cua biéu thuc:
3% +4y?+822+8 z y
+ t5-7°3

z
P=(X+Z)\/x2+y2 162 2 4

Bai 88:Cho x,y,z 14 cic s6 thuc duong thoa man: 422 + 41 = 9xy(2z + 3).
Tim gi4 tri nho nhat cua bidu thuc:
y 1

P= X + (22 +5)
\/x2 +9yz \/y2 +ozx  2y/10

a®b® + b%c® + c®a® + 12abc + 72 1
= - —abe
2

ab + be + ca

Bai 89:Cho cic s6 thuc a,b,c thudc doan [1;3] théa man: a+b+c=6. Tim gia tri 16n nhéf cua biéu thic

Bai 90:Xét s6 thyc x. Tim gia tri nho nhaf cua bidu thue:

\/3(2x2+2x+1) 1
P= + +
3 '\/2x2+(3—\/§)x+3 -\/2x2+(3+\/§)x+3

1

Bai 91:Véi cac s6 thue duong a,b thoa man: a2 + b2 = ab + 1. Tim GTLN cua biéu thirc:
p e a-2 . b-2
=\7-3a
a?+1 b%+1

Bai 92:Cho cic s6 thuc duong x,y,z thoa méan. Chimg minh BDT:

ZX+1 SZ)_(
y

y+1

Bai viéf dd duoc chinh stra noi dung béi tritanngo99: 21-05-2016 - 18:39

ba gui 20-05-2016 - 19:52

ineX

Bai 93 (THPT Bim Son 14n I)

http://diendantoanhoc.net/topic/155623-t%E1%BB%95ng-h%E 1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c%C3%A1c-%C4%91%E1%BB%S. ..
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Chox,y,zthugc [0; 2] théa:x + y+z =3
Tim min:

p=3 + 2

x2+y%+2

Bai viét da duoc chinh stra néi dung boi Dinh Xuan Hung: 20-05-2016 - 22:24

Dinh Xuan Hung ba gui 20-05-2016 - 22:27

Chit §j: Myi nguoi dang bai thi phaii danh sé thir tu ai khéng danh sé thir tu sé bj phat 1 diém nhdc nhé ! Giri nhiéu bai thi cho hét vao mgt bai viét tranh viét

méi bai méi bai viét lam loang Topic.
Mong myi nguoi doc va chap hanh ngi quy! Than

P/s:Ai gianh vé PDF cé thé téng hep débai va loi gidi ¢ TOPIC dugc khong?

ineX ba gui 20-05-2016 - 22:45

Vao lic 20 Thang 5 2016 - 22:27, Dinh Xuan Hung da noéi:

P/s:Ai gianh vé PDF c6 thé tong hop débai va loi giii ¢ TOPIC dwpc khéong?

minh c6 thé téng hop duoc topic nay thanh dang PDF

tuanyeubeo2000 Da gl 21-05-2016 - 00:34

Vao liic 20 Thang 5 2016 - 19:52, ineX dd néi:
Bai 93 (THPT Bim Son 1an I)

Cho x,y,z thugc [0; 2] théa:x + y+z = 3

Tim min:
1
P=Zﬁ+2vxy
x2+y*+2
1 z*+3 Sx2+9 >x*+9 — Yx*+9 Yxy+3 (x+y+2)*+33-
(x2+y2+1+1)(1+1+1+22)z(x+y+z+1)2=>2 < = =>Px< +2\/xys + =
x2+y?+2 (x+y+z+1)>? 16 16 16 2 16

Bai viét da duoc chinh stra néi dung boi tuanyeubeo2000: 21-05-2016 - 00:35

Trang 8 / 11

Tro lai Baf dang thire va cuc tri - Chu dé chua doc tiép theo —

Dién dan Toan hoc — Toan Trung hoc Pho théng va Thi Pai hoec — Baf déng thuc va cyc tri
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Dién dan Toan hoc — Toan Trung hoc Pho théng va Thi Pai hoc — Baf déng thuce va cyc tri

07\
LS

Téng hop cac bai BPT trong cac dé thi thir THPT Quéc Gia mén ToAn nim
2016

Bif dau boi Dinh Xuan Hung , 18-03-2016 - 21:13

Trang 9 / 11

phamngochungoa DA gii 21-05-2016 - 19:03

Vao lic 21 Thang 5 2016 - 00: 34, tuanyeubeo2000 da noi:

1 z2+3 Yx2+9 Sx2+9 Yx2+9 Yxy+3 x+y+z)
X%+ 2+1+1)(1+1+1+z2)z(x+ +z+1)%=> < = =>P< + ) Vxy < + =
( v v zx2+y2+2 (x+y+z+1)2 16 16 LV 16 2
Hix, @& bai yéu cau tim GTNN ma ban ????
phamngochungoa DA gii 21-05-2016 - 19:39

Vao lic 20 Thang 5 2016 - 10:24, tritanngo99 da néi:

Bai 86:Cho x,y 1a cac s6 thyc thoa man: x, y € [1; 3]. Tim gia tri nho nhat cua biéu thiec:
X y+1 4V5(x+y+1)

= + +
WBarxy-20+3 @+2y+2)Yy+1)-6y+2 25

Bai 87:Cho x,y 14 cac s6 khong Am théa man: x2 + y? + 2% = 5.
Tim gi4 trj nhé nhaf cua biéu thue:

z 3x2+4y°+822+8 z y 1
P=(x+z)\/ + +E—Z——

x2+y? 162 8

Bai 88:Cho x,y,z1a cac s6'thue duong théa mén: 422 + 41 = 9xy(2z + 3).

Tim gi4 trj nhé nhaf cua biéu thuc:

P= X + Y M (z% +5)
\/x2 +9yz \/y2 +9zx  2y/10

Bai 89:Cho cic s6 thuc a,b,c thudc doan [1;3] thoa man: a+b+c=6. Tim gia tri 16n nhaf cia biéu thue:

a’®b® + b%c® + c®a® + 12abc + 72 1
pP= — —abc
ab + be + ca 2

Bai 90:Xét s6 thuc x. Tim gia tri nho nhaf caa biéu thuc:

\/3(2xQ+2x+1) ) 1
P= + +
3 \/2x2+(3—\/§)x+3 \/2x2+(3+\/§)x+3

Bai 91:Vdi cic s6 thue duong a,b thoa man: a2 + b2 = ab + 1. Tim GTLN cia biéu thirc:

a-2 b-2
P=+/7-3ab+ > +

a?+1 b%+1

Bai 92:Cho cac s6 thuc duong x,y,z thoa man. Chimg minh BDT:

zx+1sz>_c
y

y+1

Bai 88:

X
PitA = Y, —————.Theo BDT Holder, ta co:

\/x2 +9yz

AQ[x(x2 + gyz) + y(y2 + 9zx) + z(z2 + 9xy)] >(x+y+2z)3=>A%2>

(x+y+2)°
x3+y3 + 28 + 27xyz

N x+y+2)3 9  x3+y3+2z3+30(x+Y(y+2)(z+x) - 243xyz
Ma: — = >0

x3+y3+2z3+27xyz 10

(x3 +y3+2z3+ 27xyz)
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\/? x y 9 z
=2A= el — -
10 \fx2+oyz  fy?+ oz 10 /2% + oxy

Ta s& chimg minh: z2 + 9xy > 10, that vay:

5 . 472°+ 41 (z-1)2(11z + 2)
z>+9xy—-10=2z"+ -10 = >0
27+ 3 27+ 3
Do d6:
o e 1o
1 1
J I _(z2+5)—i_= 2., _(z2—2z+5)2—
10 2y/10 V10 10 2y/10 2
Y10
VayminP=T=>x=y=z=1

Bai 89: Chinh 1a déthi THPT Quéc gia nim ngoai ma @ Len Google search ca dong
Bai 90: Trong dé d4u tién cia An phim Ba ciu phan loai.... cua dién dan.

Baio1:

ab(a+b)+a+b—2(a2+b2)—4

1
P=-.2.\/7-3ab+ " < s
2 a’b*+ab+2 4 a’b*+ab+2

11—3ab+ab(a+b)+a+b—2ab—6

Trdebai:1 = a2 + b2 - ab > 4l(a+b)2:a+b52

11 - 3ab 4

4 a?b? +ab+ 2

Viay: P <

(a+b)?

bitt = ab < < 1, khi d6:

11 - 3t 4
< 7t
4 t2+t+2

Khao sat ham so6trén véit € (0; 1], ta duge P < 1
Baig2:

Vira c6 nguoi giai ¢ trén ma. Tuy nhién, ta ciing c6 thé tdng quat hoa bai toan la:

a+t a
Z m < Z E Vt=o0
P.s: Sao dao nay khéng thay bbi @6 may bai lam réi nhi. Nhin khé qua, khong biéf bai nao giai roi, bai nao chua giai @

Bai viéf da duoc chinh stra noi dung béi phamngochungga: 21-05-2016 - 19:56

tien123456789 Pa gui 21-05-2016 - 22:46

Minh ciing xin déng gop mot s6 bai
Bai 93:cho a,b,c1a cac s6 thuc dwong thoa man abe=1.CMR

1 1 1 4

+ + + >1
(@a+1)? (@+b?* (@+c)?* (@+a+b+c)?

Bai 94:cho ba s6 thyc a,b,c sao cho ¢ = min{a; b; ¢} = 1.hdy tim GTNN caa biéu thic

6
Ed 3 +va+b+c-1

= +
(2a + b)®>  4(2b+ a)? + 45(c — 1)?

Bai 95:cho 3 s6 thuc x,y,z théa man xyz=x+y+zvaf z>0.hdy tim GTLN cua biéu thic

1 1 6z
M= -

e
X*+1 y*+1 \/(Z2+1)3

Bai 96:cho a,b,c>0 va a+4b+9c=1 chimg minh ring

1
ad+b3+c3 >
1296

Bai 97:cho a,b,c 14 cac s6 thyc khong Am thoa min a+b+c=1.Tim GTLN cua:
P=9xy + 10yz + 112x
Bai 99:cho x,y,z 14 cic s6 thuc duong théa man x2 + y2 + z2 = xy + 2z.Tim GTNN:

x y o, 823
P=( 2 2+ 2 2) + 2 2 2 2
y2+z2 x2+z (O +z%)Y?* + z%)
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Bai viét dd duoc chinh stra noi dung boi tien123456789: 23-05-2016 - 20:12
Lan sau ghi dting STT

tuanyeubeo2000

Bai 100 : Chox,y,zla cac 56 duong thoa mén : xyz=1.Tim min coa :

» x3+1 8Y xy
N N (Zxy) +1

Bai viét da duoc chinh sira néi dung boi Dinh Xuan Hung: 22-05-2016 - 16:59
Bai BDT Thtr 100 :)

ba gui 22-05-2016 - 02:11

tuanyeubeo2000

Vao lic 21 Thang 5 2016 - 19:03, phamngochung9a da néi:
Hix, débai yéu cau tim GTNN ma ban ????

vang cam on ban nhé, minh xin 15i khong doc ki

Pa gui 22-05-2016 - 02:13

tuanyeubeo2000

Vao lic 20 Thang 5 2016 - 19:52, ineX da néi:
Bai 93 (THPT Bim Son 14n I)
Chox,y,z thuoc [0; 2] théa:x + y+z =3

Tim min:

PeY ot 3Ve

x2+y%+2

Thue ra hom truée minh c6 doc dé bai 1a tim max , con néu tim min thi minh thir gui cach nhu sau ( Léi gidgi béi bac Trién - FB :Dinh de Tai) :

Khéng mat tinh tong quat gia st : x>2y=z=>22x21 VA Yy+z=1- >Xxy> 0.

Pa gui 22-05-2016 - 13:29

1

> ; > .
x2+y?+2 xX2t(y+22+2 y?+z2+2 (y+2)%2+2

Mat ]

tpdtthltvp

Vao liic 21 Thang 5 2016 - 22:46, tien123456789 da néi:

Bai 96:cho a,b,c>0 va a+4b+9c=1 ching minh ring

ad+b3+c3 >
1296

Ap dung BPT Holder:

(@+b+c)a3+23+3)3+23+3% 2 (a+4b+9c)

©1296(ad + b3 +¢3) 2 1(doa+4b+9c=1) a3+ b3+c3 >

. 1 1 1
Diau"="xayrakhia = —, b= —,c= —
36 18 12

Bai viéf da duogc chinh stra noi dung boi tpdtthltvp: 22-05-2016 - 16:42

ba gui 22-05-2016 - 16:41

chidungdijiyeon
Vao lic 04 Thang 4 2016 - 23:00, tungteng 532000 da noi:

Ban diing bdt nay 1a lam denhé: Y x = Y, x2y2véi D,x2 = 3

bai nay gia trj cua n6 1a may vay ban?

ba gui 22-05-2016 - 18:56
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yeutoanmanhliet

Vao lic o4 Thang 5 2016 - 21:57, tritanngo99 da néi:
Bai 62: Cho x,y,z thudc [1;2]. Tim gi trj 16n nhat caa biéu thic:
$E=\frac{2(xy+yz+zx)}{xyz+2(2x+y+2z)}+ \frac{8}{2x(y+z)+yz+4}-\frac{y

céc ban chi minh cach g& dc ko minh c6 dap 4n nhung ko biét g& Pe@®

Pa gui 22-05-2016 - 20:50

tuanyeubeo2000

Vao lic 22 Thang 5 2016 - 20:50, yeutoanmanhliet da néi:

céc ban chi minh cach gé dc ko minh ¢6 dap 4n nhung ko biéf g6 P@e®

ciu ding c4i nay hogc diing ngay phan mém go LATEX cua dién dan chi § né : trude c6 (saukéithiceo()

Bai viéf dd dugc chinh stra noi dung boi tuanyeubeo2000: 23-05-2016 - 02:46

ba gui 23-05-2016 - 00:05

tien123456789

bai 101:(chuyén thai binh lan 5)
cho a,b,c1a cac s6 thuc duong thoa man a+b+c=1.CMR

a4 + b%c? b4 + a?c? c* + a?b?

+ +
112\/b2 +c? bQ\/a2 +c? 02\/112 + b2

ba gui 23-05-2016 - 16:27

Dinh Xuan Hung

Vao lic 23 Thang 5 2016 - 16:27, tien123456789 da noi:
bai 101:(chuyén thai binh 1an 5)
cho a,b,cla cac s6 thuc duong thoa man a+b+c=1.CMR

a* + b%c? b* + a%c? c* + a®b?
+ +
aQ\/b2 +c? bz\/a2 +c2 c2\/a2 +b?

2\/5

Loi giai cia Thay Tang Hai Tuan (https:

Pa gui 23-05-2016 - 17:38
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27/5/2016 Téng hop cac bai BDT trong cac d@ thi th THPT Quéc Gia mén Toan nam 2016 - Trang 9 - Bét déng thirc va cuc trj - Dién dan Toan hoc

http://diendantoanhoc.net/uploads/monthly 05 2016/post-12, -0-12581500-146 880.j

tritanng099 Pi guri 23-05-2016 - 17:56

Cho a, b, cla cac s6 thyc duong thoa mén: abe = 1. Chimg minh ring:

Ya2+9>.abz10)a

(Cht y: giai bang PP ham sb).

tuanyeubeo2000 Di gui 23-05-2016 - 18:23
I Vao liic 23 Thang 5 2016 - 16:27, tien123456789 da noi:
bai 101:(chuyén thai binh 14n 5)

cho a,b,c14 cac s6 thuc duong thoa man a+b+c=1.CMR

a* + b%c? b4 + a%c? ct + ab?
+ + 2 /2
az\/b2 +c? bz\/a2 +c? 02\/a2 + b2
by po @S (e ey ey V@O 0-3 Py adbs L e
H = —0 = =
az_\/b2+c2 za_\/azbz + a2c? '\/2(2(12)(Za2b2 \/3(202)3 ‘/E ‘/5 c2 /az b2 a2b2cev/a2c? + b2c? 2(121)2: /azcz + b2c?
3
phamngochungga ba gui 23-05-2016 - 19:52

I Vao liic 21 Thang 5 2016 - 22:46, tien123456789 da néi:
Minh ciing xin déng gop mot s6 bai

Bai 94:cho ba s6 thuc a,b,c sao cho ¢ = min{a; b; ¢} > 1.hdy tim GTNN cua biéu thirc

6
2 3 +ya+b+c-1

= +
(2a + b)®  4(2b + a)? + 45(c - 1)?

a-=
Anh Bi xem lai @& Bai 93 nhé, BDT sai véi{ b =

W wir =

Cc=

Con Bai 95 thi hinh nhu gia thiét g6 sai dau cua y thi phai @

http://diendantoanhoc.net/topic/155623-t%E1%BB%95ng-h%E1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c%C3%A1c-%C4%91%E1%BB%8...  5/8
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27/5/2016 Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 9 - B4t déng thirc va cuc trj - Dién dan Toan hoc
Bai94:
Ta sé chimg minh: 4(2b + @)? + 45(c - 1) < 4(2b + a + 3¢ - 3)*
That vay, BDT trén tuong duong véi:

24(2b + a)(c - 1) = 9(c - 1)2 & 3(c - 1)(16b + 8a — 3c + 3) = o(TRUE)

Suy ra:
9 9 72 8 Va+b+c-1 a+b+c-1 a+b+tc-1 a+b+
> + +ya+b+c-12 —————  +\Ja+b+c-1= + + + +
(2a + b)2  (2b+a+3c-3)? (3a + 3b+ 3¢ - 3)? (a+b+c-1)? 4 4 4 4
phamngochungoga P gii 23-05-2016 - 20:11

Vao lic 21 Thang 5 2016 - 22:46, tien123456789 da noi:
Minh ciing xin d6ng gop mot sb bai
Bai 97:cho a,b,c 14 cac s6 thuc khong Am thoa man a+b+c=1.Tim GTLN cua:
P=9xy + 10yz + 112x
ThéZz = 1 - x - yvao P, ta co:
P=o9xy+10y(1 - x-y)+ 11x(1 - x - y) = - 11x2 + x(11 - 12y) + 10y — 10y>

Coi biéu thue trén 14 tam thie bac hai d6i véi x, ta co:

_ 2 — 1ou?
- A (1 - 12y)% + 44(10y el ) -296y2 + 176y + 121 495
- Pisa)

P< = = <
4.(-11) 44 44 148
25
x=—=
74
A _ 4% -2
Viy max P = 148 y 3
27
z==
74
tien123456789 Pi giri 23-05-2016 - 20:13

Vao liic 23 Thang 5 2016 - 19:52, phamngochung9a da noi:

a
Anh Bi xem lai 48 Bai 93 nha, BPT sai vsi{ b =

W wi= R

c=

Con Bai 95 thi hinh nhu gia thiéf gé sai dana cia y thi phai @
Bai 94:

Ta s& chimg minh: 4(2b + a)? + 45(c - 1)2 < 4(2b + a + 3¢ - 3)?
That vay, BDT trén tuong duong voi:

24(2b+ a)(c - 1) = 9(c - 1)%2 & 3(c - 1)(16b + 8a - 3¢ + 3) = o(TRUE)

Suy ra:
9 9 72 8 Vat+b+c-1 Ja+b+c-1 yJa+b+tc-1
> + +yva+b+c-12 ———  —+/Ja+b+c-1= + + + + —
(2a +b)2 (2b+a+3c-3)2 (3a + 3b+ 3¢ - 3)? (@a+b+c-1)2? 4 4 4
nhin nham dé
phamngochungga Pa giri 23-05-2016 - 21:21

Vao lic 21 Thang 5 2016 - 22:46, tien123456789 da noéi:
Minh ciing xin déng gop mot s6 bai

Bai 93:cho a,b,c 14 cac s6 thyuc duong thoa man abe=1.CMR
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27/5/2016

1 1 1 4

(a+1)2+(1+b)2+(1+c)2 (1+a+b+0)?

Chac chi c6 cach trau bo ni méi xoi dugc:

— =X
a+1
1

b b+1 v
c+1

Ta co:

1 1

z

=21

1
abe = (——1)(——1)(——1)=1<=>2xyz=1—x—y—z+xy+yz+zx
x

Yy
Khi dé:

A+xy+yz+zx-x-y-2)*

VI=x>+y?+2z%+
x+y+z-1)°

, ta can chimg minh:

p=x+y+z
biat
q=xy+yz+zx

2 (1+q-p)?

Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 9 - B4t déng thirc va cuc trj - Dién dan Toan hoc

pil-2q+ ——————z10p*(p-1°>-2qp-1)2+1+p2+qg°>+2q-2pq-2p=2p°-2p+1p3*(p-1)>-2p°q+4pq-29+q>+2q-2pq= 0= p3(p-1)>-2p(p-1

-2

Bai viét da duoc chinh sira ngi dung boi phamngochungga: 23-05-2016 - 21:21

tien123456789

Vao liic 23 Thang 5 2016 - 21:21, phamngochung9a da néi:

Chiic chi ¢6 cach trau bo ni mai xoi duoe:

— =X
a+1
1

by b+1 =y
1
—_— =z
c+1

Ta co:

z

1 1 1
abc = (——1)(——1)(——1):14:»2xyz=1—x—y—z+xy+yz+zx
x

y

Khi d6:

Q+xy+yz+zx-x-y-2)>2

VI=x>+y?+22+
x+y+z-1)?

, ta cAn chimg minh:

{ p=x+y+z
Dat
"l g=xy+yz+zx

N (1+g-p)*

Pa gii 23-05-2016 - 21:44

pP-2q+ —————>10p*(p-1)*-2qp-1)*+1+p*+¢°+29-2pq-2p 2 p*®-2p+1p*p-1)°-2p°¢+4pg-29+q*+2q-2pg= 0 & pAp-1)°-2

(p-v?
cach khac
dat p=a+b+c va g=ab+bc+ca,khi d6 ta co

(1+a)(1+b(1+c)=p+g+2va

1 X+ a’+b)? - [Ta+a)a+b]*-2(p+q+2)a+b+c+3) _1_(2p+q+3)2—2(p+q+2)(p+3) _49+8-(p-1)*

1_2(1+a)2=1

p+q+2)?
Kkhi @6 ta cAn ching minh

4 49+8-(p-1?
(p+1)2  (p+qg+2)?

c»(pz—zq—g)on

dang thirc xay ra khi a=b=c=1

P+q+2)?

@+q+2)?

+q+2)?

http://diendantoanhoc.net/topic/155623-t%E 1%BB%95ng-h%E 1%BB%A3p-c%C 3%A1c-b%C 3%A0i-b%C4%91t-trong-c%C3%A1c-%C4%91%E1%BB%8...  7/8



27/5/2016 Téng hop céc bai BDT trong céac dé thi thdr THPT Qudc Gia mén Toan ndm 2016 - Trang 9 - B4t déng thirc va cuc trj - Dién dan Toan hoc

tuanyeubeo2000 P giri 23-05-2016 - 22:30

Bai 102 ( Thi thi Chuyén Nguyén Hué 1an 3)

1

Cho x,y,z> 0 théa man: 5(2x2):9(xy+ 2yz + zx)Tim max cia P= -
y?+2z2 (x+y+2)3

Trang 9 / 11

Tro lai Baf dang thire va cuc tri - Chu dé chua doc tiép theo —

Dién dan Toan hoc — Toan Trung hoc Pho théng va Thi Pai hoc — Baf ding thuce va cyc tri
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27/5/2016 Téng hop céc bai BDT trong cac dé thi thtr THPT Qudc Gia mén Toan ndm 2016 - Trang 10 - Bt déng thirc va cyec tri - Dién dan Toan hoc

Dién din Todn hoe — Toan Trung hoc Phé thong va Thi Pai hoc — Baf ding thic va cuc tri

W Téng hop cac bai BDT trong cac dé thi tht? THPT Québc Gia mén Toan nam
=84 2016

Bit dau boi Dinh Xuan Hung, 18-03-2016 - 21:13

Trang 10 / 11

Pa giri 24-05-2016 - 10:26

tien123456789
Vao lic 23 Thang 5 2016 - 22:30, tuanyeubeo2000 da néi:
Bai 102 ( Thi thir Chuyén Nguyén Hu¢ lan 3 )
Cho z,y,z>0 thoa méan: 5(2 z%) = 9(zy + 2yz + zx)
1
Tim max cla P = za: 5~ 3
Yy t+z (x+y+2)
taco 5(z% + y* + 2%) = 9(zy + 2yz + 2z)
& 9z(y + 2) — b = 5(x? +y?) — 18yz > —2(y + 2)* = 2(y + 2)? + 9z(y + z) — 5x?
>0 2y+z2) >
khi d6 P=
T 1 _ 2(y+ 2) 1 4 1 at t3
y2+22 (z4y+z)? T @) 27(y+2)*  y+z 27(y+2)3 27
2
1
voi t=
y+z
dén day xét ham 1a xong
ba gii 24-05-2016 - 17:13
tuanyeubeo2000
Vao liic 24 Thang 5 2016 - 10:26, tien123456789 da noi:
taco 5(z% + y? + 22) = 9(zy + 2yz + 2x)
& 9z(y+2) — bz? =5(2? +y?) — 18yz > —2(y +2)* = 2(y+ 2)> + 9z(y + 2) — 52> > 0
S2y+2) >z
1 2(y+ 2 1 4 1 3
khi d6 P= - 5 < W+s) - = - 3:4t_t_
2422 (z+y+2) (y+2)? 27(y + 2) yt+z  27(y+2) 27
2
1
véi t=
Y+ z
dén day xét ham 1a xong
max =16 ({5, cach ban ding rol @
Bai viéf da duoc chinh sira néi dung boi tuanyeubeo2000: 24-05-2016 - 17:13
. ba gui 24-05-2016 - 19:24
tien123456789

Bai 103:cho cac s6 thue duong a,b,c thoa man 9ab+17bc+14ac+12¢-18>0 Véa2 + b2 + c2 = 14.Tim gi4 trji nhé
nhaf cua biéu thie:
8(7 + ab)\/5 N 36

P=
3v9ab + 17bc + ldac+ 12¢— 18 +Va+b+c+3

Bai viéf da duoc chinh sira néi dung boi Dinh Xuan Hung: 24-05-2016 - 20:27
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http://diendantoanhoc.net/forum/258-b%E1%BA%A5t-%C4%91%E1%BA%B3ng-th%E1%BB%A9c-v%C3%A0-c%E1%BB%B1c-tr%E1%BB%8B/
http://diendantoanhoc.net/user/125595-dinh-xuan-hung/
http://diendantoanhoc.net/user/125595-dinh-xuan-hung/
http://diendantoanhoc.net/user/135654-tien123456789/
http://diendantoanhoc.net/user/153664-tuanyeubeo2000/
http://diendantoanhoc.net/user/135654-tien123456789/

27/5/2016 Téng hop céc bai BDT trong cac dé thi thtr THPT Qudc Gia mén Toan ndm 2016 - Trang 10 - Bt déng thirc va cyec tri - Dién dan Toan hoc

ba gui 24-05-2016 - 19:53

phamngochungoa
BAi 104:Cho @, b, €13 nhitng s6 thyc duong the ~0<ab+bc+ca_abc<1
a1104:Cho @, 0, C la nhirng s0 thuc duong thoa man abtbctca—1 =
Tim gi4 tri nho nhaf cua biéu thuc:
a+b+c—abc 2
P=(a®>+2) (1®»+2) (+2 2
(a* +2) (0° +2) (¢ +2) ab+bc+ca—1 "
Bai viéf da duoc chinh sira ndi dung boi Dinh Xuan Hung: 24-05-2016 - 20:27
phamngochungga Pa gui 24-05-2016 - 21:07
Vao liic 24 Thang 5 2016 - 19:24, tien123456789 dd noi:
Bai 103:cho céc s6 thye dwong a,b,c thoa man 9ab+17bc+14ac+12¢-18>0 véa2 + bZ + c2 = 14Tim gia tri nho nhaf cua biéu
thue:
N 8(7 4 ab)V/5 N 36
3v/9ab + 17bc + 14ac + 12¢ — 18 Va+b+c+3
Gap bai nay méi thay ré duge tAim quan trong cia viée lya chon diém roi....
Tir gia thiéf, ta co:
(a®> +b?) (1 +4) > (a + 2b)°
a + 2b)?
> %
(a+2b)° 5, 4,
= 18> ——— + — — 4
= 5 + 9 c+ 9 ¢+
2 4
> —c 2b) + —c
23 (a+ 2b) + 3
= c(a+2b) +4c <27
= 12¢ < 81 — 3ca — 6bc
Vay:
4 [(a +b)? + 02] V5 36
P>
3v9ab+ 11bc + 1lca+ 63 Va-+b+c+3
2v5(a+ b+ c)’
. V/5( ) N 36
3\/%(a+b—|—c)2+2c(a+b) Va+b+ec+3
2v5(a+ b+ )’
. V/5( ) N 36
b 2
3\/%(a+b+c)2+—(a+2+c) Vatbte+3
2 36
=—(a+b+c)+
3 Va+b+c+3
bita + b + ¢ = t vaxéthamla ngon roai =)
a=1
viymin P =16 & ¢ b= 2
c=3
Bai viéf da duoc chinh sira néi dung boi phamngochungoa: 24-05-2016 - 21:12
taituelty ba gii 24-05-2016 - 23:25

Vao lic 18 Thang 3 2016 - 22:49, tritanngo99 da noi:

Bai 3:
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27/5/2016 Téng hop céc bai BDT trong cac dé thi thtr THPT Qudc Gia mén Toan ndm 2016 - Trang 10 - Bt déng thirc va cyec tri - Dién dan Toan hoc

1
Khong mAf tinh téng quat: giasta > b > ¢ = ¢ < g
=a+b>a+c>b+tec

4 1
;st?)( —>
a+b c

12 3
1—c c

=>T>

12 3
——wil<e<

1
Datf(c)_ 1-c¢ c - 5;

1
Khio sat ham s6f(0) véi 0 < ¢ < g ta co f(c)=> o;

=>T=>9.Dan'='xayrakhia = b =c = —. ok

~— le

Bai nay ban giai bi nhAm thi phai, sao f(c > 9 duoc nhi

ba giri 25-05-2016 - 08:36

tien123456789
Vao liic 24 Thang 5 2016 - 19:53, phamngochung9a da néi:
. ab + bec + ca — abe
Bai 104:Cho a, b, C la nhirng s6 thyc duong thoa man 0< < 1.
ab+bc+ca—1
Tim gi4 tri nho nhaf cua biéu thee:
a+b+c—abe \°
P=(a®+2) (®+2)(+2 _— ) +2
( ) ( ) ( ) ab+bc+ca—1
101 giai cua dinh de tai
AN Lia , X 1 . . 2 3A® N 2 2 2 2
dau tién chting ta dé dang ching minh b6 dé quen thugc (a + 2)(b + 2)(0 + 2) > 3(a +b+ C)
Neiab + be + ca > 9thi6(a + b+ c)? > 18(ab + bc + ca) > 18.9 = 162 > 81
) (ab + be + ca)?
Neaab + be + ca < 9thitaco abe(a + b+ ¢) < 3 taco
2
3[(a—|—b—|—c)2 _ abc(a—l—b—I—C)] 6(at bt o)
+6(a+06+c
- (ab+ bc+ ca — 1)?
2
[9(ab + bc + ca) — (ab+ be + ca)?]
> + 18(ab + bc + ca
- 3(ab+ bc + ca — 1)? ( )
tir gia thuyéf ta d& dang suy ra duwgcabe > 1 = ab + be + ca > 3.batt=ab+be+ca
dén déay xét ham 1a xong
MinP=81 ding thirc xay ra khi a=b=c=1
Bai viétf da duoc chinh sira néi dung boi tien123456789: 25-05-2016 - 14:43
phamngochung9a ba gii 25-05-2016 - 09:26

Vao lic 25 Thang 5 2016 - 08:36, tien123456789 dd noi:

d4u tién ching ta d& dang ching minh b dé quen thuoe (a2 + 2)(()2 + 2)(62 + 2) > 3(a +b+ 0)2
Newab + be + ca > 9thi 6(a + b+ ¢)* > 18(ab + be + ca) > 18.9 = 162 > 81
(ab + bc + ca)?
Neaab + be+ ca < Ymitacvabe(a + b+ ¢) < — taco
[9(ab + be + ca) — (ab + be + ca)?] 2

3(ab+ bc+ ca —1)?

- f:‘»[(a—i—b—l—c)2—abc(a—l—b—i—c)]2
- (ab+ bc+ ca —1)2
+ 18(ab + bc + ca)

+6(a+b+c)?>

tir gia thuyéf ta da dang suy ra dugc abc > 1 = ab + bc + ca > 3.bat t=ab+be+ca
dén day xét ham 1a xong
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27/5/2016 Téng hop céc bai BDT trong cac dé thi thtr THPT Qudc Gia mén Toan ndm 2016 - Trang 10 - Bt déng thirc va cyec tri - Dién dan Toan hoc
I MinP=81 ding thire xay ra khi a=b=c=1
Liic dAu tui ciing giai cach ni né, nhung cach ni sai rii
Chd
(ab+ be + ca)2
3

(a4b+c¢)® —abe(a+b+c) > 3(ab+ be+ ca) —

Ta khong thé suy ra duwoc ring:

2 b b ]
[(a+b+c)2—abc(a+b+c)} > |3 (ab+be+ca) — - §+ca)
b+b 2
vita chua biéf daa cia 3 (ab + be + ca) — lab+ §+Ca)

Mot vi du don gian. Chang han
5> —9 = 52> (=9)°?7?
Néu mudn binh phuong duge, ta phai ching minh cho
(ab+ bc + ca)®
3

3 (ab+ bc+ ca) —

< ab+bc+ca <9
biéu nay khong hé dtng

. F—— oo
tien123456789 A giri 25-05-2016 - 09:45

Vao lic 25 Thang 5 2016 - 09:26, phamngochung9a da néi:
Lic dau tui ciing giai cach ni né, nhung cach ni sai rui
Chd
2
(ab + be + ca)

(a+b+c)* —abc(a+b+c) > 3(ab+be+ ca) — 3

Ta khong thé suy ra dwoc ring:
2
(ab+ bc + ca)
3

2
(a—O—b—l—c)Z—abc(a—l—b—i-c)} > {3(ab+bc+ca)
(ab+ be + ca)?

3(ab+ bc+ ca) — 3

Mot vi du don gian. Ching han
5> —9 = 52> (—9)2?777
Néu muén binh phuwong dugc, ta phéi chirng minh cho
2
ab+bc+ ca
3 (ab+ bc+ ca) —% >0

< ab+be+ca <9
Piéu nay khong hé ding

b+b 2
ché3(ab + bc + ca) — (ab+ §+ca) > 0vsiab +bc+ca <9

sai & chd 1a chua bié dai cua (@ + b + ¢)? — abe(a + b + ¢)

Pa gui 25-05-2016 - 09:59
phamngochungoa &

Vao lic 25 Thang 5 2016 - 09:45, tien123456789 da noi:

(ab + be + ca)?
3
sai & chd la chua biét daii cia (@ + b + ¢)® — abe(a + b+ ¢)

ché(ab + be + ca) — > 0vsiab+bc+ca <9

Ui, t6i nham ti, ban giai ding rol do:
Ta ching minh duoc

ab + be + ca)?
(a+b+c)’ —abc(a+b+c) > 3(ab+ b+ ca) — % >0
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thi hién nhien (@ + b + ¢)? — abe(a + b+ ¢) > 0w

ba gui 25-05-2016 - 10:57

tien123456789
bai 105:(Truong THPT Cao Ba Quat)cho céc s6 thye duong x,y,2.Tim GTNN cia bidu thire
9 1
2
+5@+y+2)°+2
Te+y+4,/zy+ 18yxyz 2 ( )
ba gii 25-05-2016 - 11:14
tuanyeubeo2000
Vao liic 25 Thang 5 2016 - 08:36, tien123456789 da noi:
dau tién chiing ta d& dang chang minh bé dé quen thuoc (CLZ + 2)(b2 + 2)(02 + 2) > 3(a +b+ C)2
Netab + be + ca > 9thi6(a + b + ¢)* > 18(ab + be + ca) > 18.9 = 162 > 81
(ab + be + ca)?
Neaab + be+ ca < 9thitacoabe(a + b+ ¢) < 5 ta o
- 3[(¢z—i—b—i—c)2—abc(a—{—b—l—c)]2 6(at bt ) > [Q(ab—i—bc—i—ca)—(al)—l—bc—i—c¢1)2]2
+6la+b+c
- (ab+ bc+ ca — 1)? - 3(ab+bc+ ca —1)?
+ 18(ab + bc + ca)
tir gia thuyéf ta d& dang suy ra duoc abc > 1 = ab + bc + ca > 3.bitt=ab+be+ca
dén dy xét ham 14 xong
MinP=81 déng thirc xay ra khi a=b=c=1
sau nho nguoi khac thi ghi ngudn vao nhé ban @
tuanyeubeo2000 Pi giri 25-05-2016 - 11:16
Vao lic 25 Thang 5 2016 - 11:16, tuanyeubeo2000 dd noi:
Vao lic 25 Thang 5 2016 - 08:36, tien123456789 da néi:
dau tién ching ta d& dang chang minh bé dé quen thuoc (a2 + 2)(b2 + 2)(02 + 2) > 3(a + b+ 0)2
Neiab + be + ca > 9thi 6(a + b+ ¢)? > 18(ab + bec + ca) > 18.9 = 162 > 81
ab + be + ca)?
Neaab+ be+ ca < 9thitacoabe(a + b+ c) < % taco
. 3[(a+b+c)?—abe(a+b+c)’ Slatbs e > [9(ab + be + ca) — (ab + be + ca)?]’
z +6(a+b+c)” >
(ab+ bc+ ca —1)? 3(ab+ bc + ca — 1)?
+ 18(ab + bc + ca)
tir gia thuyéf ta da dang suy ra dugc abc > 1 = ab + bc + ca > 3.bat t=ab+bc+ca
dén day xét ham 1a xong
MinP=81 dang thirc xay ra khi a=b=c=1
véi lai 1an sau ghi 16 ra sao c6 abe > 1 dwocban nhé , vi diéu kién véy ban chura chirng minh mau Am hay dwong
Bai viéf da duoc chinh sira néi dung boi tuanyeubeo2000: 25-05-2016 - 11:19
ba gui 25-05-2016 - 11:21
tuanyeubeo2000

Bai 106 : (THPT NAM SACH- HAI DUGNG)
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Cho a,b,c>0 thoa man : xz+y+z=3 .CMR:

z(y + 2)
P = Z 1 > 2xyz

Dién dan Toan hoc

ba gui 25-05-2016 - 15:26

tungteng532000
Vao lic 25 Thang 5 2016 - 11:21, tuanyeubeo2000 da néi:
Bai 106 : ( THPT NAM SACH- HAI DUONG)
Cho a,b,c>0 thoa man : a+b+c=3 .CMR:
z(y + 2)
P= >2
> g, 2w
Bdt can chirng minh twong duong:
b+c
S JELELIEY
be(4 — be)
2v/be
La1c0b+c>2\/ =T > Z Z
be(4 — be) Vbe(4 — be)
2
patvab = x,v/bc =y, /ca = zsuyrax +y + 2 < 3, taco: T > _—
’ ’ Z :I:(4 _ :B2)
Ta chirng minh:
1 o1 1( 1)<:>(x—1)(m—1+\/ 0)(1++10 —m)
—_— = = _— w p—
z(4—2%) 3 9 9z(4 — z?)
dingvei0 < . < 3
2
Tuongtytaco: T > 2 — 6(% +y+z— 3) > 2 (dpem)
Ding thire xay ra khi a=b=c=1.
Bai viét da duoc chinh sira néi dung boi tungteng532000: 25-05-2016 - 15:32
tuanyeubeo2000 Da gui 25-05-2016 - 16:12
Vao lic 25 Thang 5 2016 - 15:26, tungteng532000 da néi:
Bdt can chirng minh twong duong:
T_ Z b+c 59
be(4 — be)
2+/bc 2
b te>ahemT> Y 2V y
be(4 — be) vbe(4 — be)
paitv/ab = x, Vbe = Y,v/ca = zsuyrax +y+ 2z < 3,taco: T > Z _
_ 262)
1 1 1 (m—l)(m—l—i-\/ )(1+\/ —:r)
Ta ching minh: —————— > — —(33 — 1) 4
z(4 — z?) 9 9z (4 — z2?)
dungvei 0 < ¢ < 3
2
Tuong ty taco: T > 2 — §($ +y+z— 3) > 2 (dpem)
Ding thirc xay ra khi a=b=c=1.
doan sau ban ¢6 thé xir 1y bing C-S ma , sao phai diing tiép tuyén cho phic tap n6 nhi
tien123456789 Pa gui 25-05-2016 - 18:10

Bai 107:Chirng Minh Ring v6i moi a,b,c dwong,ta déu co:
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a’ + b + ¢ 8abce
4 > 2
ab+bc+ca  (a+b)(b+c)(c+a)

tien123456789 DA giri 25-05-2016 - 19:05

bai 108:Cho cac s6 thye khong Am thoa man a+b+c= 5 .Tim GTNN ciia biéu thire

p=(a® + 1)(B* + 1)(c* + 1)

Pa gii 25-05-2016 - 21:14

nguyenhongsonk612

Vao lic 18 Thang 5 2016 - 18:35, ngothithuynhani100620 da néi:
A \ < 2 2 2 _ L
Bii 85:Cho &, Y, 2 > 0 thoaman: z° + y~ + 2 = 3Ty.Tim Min cia:
972 y 1‘2 + y2
o y2+yz ztz 2422

Bai toan 85
Ap dung BBT AM — GM ta c6
3:vy::132+y2+z2 2233y+z2 = 22 <zy=2< /7Y

_;’_2
z? + y? - ($2y) Czty 14

224227 2242y 2z 2
Theo BBT AM — G M thi

z? Y z2y 2z Az
5 + = 2 = =
Yy +yz z+z yz+z)(z+y)  J(ztaz)(zty) 2ztzty
S 4z B 4z - 4
“2/ryt+T+y 2 2

T W (1)
Tir cac diéu trén ta co

P>1+% 4
Z 5 + =
(1+y2)
Y
it =,/ —(t>0
bt .'13( >)

1+ ¢ 4
= P> f(t) = 5 + (1507

Khao sit ham f(t) trén (05 +00) ta duge f(t) > f(1) = 2
ViyMinP=2&z=y==2

Bai viéf da duoc chinh sira néi dung boi nguyenhongsonk612: Hom qua, 08:27

. ba gii 25-05-2016 - 21:18
Dinh Xuan Hung &

Bai 109: (Pé thi thir SD va PT tinh Ninh Binh 2016)

1 2 2
Cho céc s6 thye duong @, b, ¢ théamdn: — = — + — . Tim gi trj nho nhaf cia :
2 at b
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a b c
P= + +
b+2¢c a+2 VLt
Trang 10 / 11 Tré lai Baf ddng thirc va cyc trj - Chu dé chwa doc tiép theo —

Dién dan Toan hoc — Toan Trung hoc Phé thong va Thi Pai hoc — Baf déng thue va cuc tri
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Dién dan Todn hoc — Todn Trung hoc Phé théng va Thi Pai hoc — Baf ding thuc va cue tri

%ﬂ Tdng hop cac bai BDT trong cac dé thi thor THPT Quédc Gia mén Toan nam

=84 2016

Bif dau boi Dinh Xuan Hung, 18-03-2016 -21:13

Trang11 /11

Pa gui 25-05-2016 -22:04

tien123456789
Bai 109: (Pé thithw SDva PT tinh Ninh Binh 2016)
Cho céc sé thyc duong $a,b,c$ thoa mian : $\frac{1}{c 2}=\frac{2}{a”2}+\frac{2}{b”2}$. Tim gi4 trinho nhaf cva :
$$P=\frac{a}{b+2c}+\frac{b}{a+2c}+\frac{c}{\sqrt{a”2+b"2+c"2}}$$
taco $\frac{1}{c"{2}}= 2(\frac{1 }{a"{2}}+\frac{1}{b"{2}})\geq (\frac{1}{a}+\frac{1}{b})"{2}\ Leftrightarrow
\frac{1}{c}\geq \frac{1}{a}+\frac{1}{b}\Rightarrow ab\geq c(a+b)$
$P=\frac{a}{b+2c}+\frac{b}{a+2c}+\frac{c}{\sqrt{a*{2}+b" {2} +c"{2}}}\geq \frac{(a+b)"{2}}
{2ab+c(a+b)}+\frac{1}{\sqrt{\frac{a”{2}+b"{2}}{c {2} }+1}}\geq \frac{(a+b)"{2}}{4ab}+\frac{1}
{\sart{\frac{a”{2}+b"{2}{c {2}}+1}}$
ma theo gia thiét $\frac{1}{c"{2}}= \frac{1}{a"{2}}+\frac{1}{b"{2}}\Rightarrow c*{2}=\frac{a”{2}b"{2}}
{2(a"{2}+b"{2})}$ nén suy ra
$P\geq \frac{a"{2}+b"{2}}{4ab}+\frac{1}{2}+\frac{1}{\sqrt{2(\frac{a”{2}+b"{2}}{ab}) {2} +1}}$
dat $\frac{a”{2}+b"{2}}{ab}= t$ sau d6 xét ham la xong
Bai viéf da duoc chinh sira noi dung boi tien123456789: 25-05-2016 -22:07
phamngochungga ba gui 25-05-2016 -22:26
bai 108:Cho cac s6 thue khong 4m thoéa man a+b+c=$\frac{3}{2}$.Tim GTNN cia biéu thuc
P=g(a"{2}+1)(b"{2}+1)(c"{2}+1)$
Ta s& chirng minh:
$\left (a”{2}+1 \right )\left (b~{2}+1 \right )\left (¢*{2}+1 \right )\geq \frac{5}{16}\left (a+b+c+1 \right )*{2}$
That vay:
$\left (a”{2}+1 \right )\left (b~{2}+1 \right )\left (c~{2}+1 \right )\\=\left (a~{2}b"{2}+a”{2}+b"{2}+1 \right
Nleft (¢~ {2}+1 \right )\\=\left (a”{2}b"{2}+\frac{1}{16}+a”{2}+b"{2}+\frac{15}{16} \right )\left (c"{2}+1
\right )\\\geq \left (a”{2}+\frac{1}{2}ab+b {2}+\frac{15}{16} \right )\left (¢~ {2}+1 \right )\\\geq \left [
\frac{5}{8}\left (a+b \right )*{2}+\frac{15}{16} \right ]\left (c"{2}+1 \right )$
Vay ta chi can chirng minh:
$\left [ \frac{5}{8}\left (a+b \right )*{2}+\frac{15}{16} \right ]\geq \frac{5}{16}\left (a+b+c+1 \right
)23\ \ Leftrightarrow \left [ 2\left (a+b \right )*{2}+3 \right ]\left (¢~{2}+1 \right )\geq \left (a+b+c+1 \right
)*{2}$
Pat $a+b=x$, bing bién déi trong dwong, dé chirng minh:
$2x"{2}+3\geq \left (x+1 \right )*{2}+1$
$\Rightarrow \left (2x*{2}+3 \right )\left (c"{2}+1 \right )\geq \left [ \left (x+1 \right )*{2}+1 \right ]\left (
1+c™{2} \right )\\\geq \left (x+c+1 \right )*{2}\rightarrow Q.E.D$
tungteng532000 ba gui 25-05-2016 -22:53

Bai 107:Chung Minh Ring véi moi a,b,c duong,ta déu cé:
$\frac{a”{2}+b"*{2}+c"{2}}{ab+bc+ca}+\frac{8abc}{(a+b)(b+c)(c+a)}$$\geq 2$
Taco: $(\frac{a”2+b”2+c”2}{ab+bc+ca}-1)+(\frac{8abc}{(a+b)(b+c)(c+a)}-1)=(a-b)*2(\frac{1}{ab+bc+ca}-
\frac{2c}{(a+b)(b+c)(c+a)})+(a-c)(b-c)(\frac{1}{ab+bc+ca}-\frac{1}{(b+c)(c+a)})$
Giastr $a\geq b\geq c$

| Pang i [MathJax]/jax/output/SVG/config.js {$\frac{l}{ab+bc+ca}-\frac{2c}{(a+b)(b+c)(c+a)}\geq \frac{1}{ab+bc+ca}-\frac{a+b}{(a+b)(b+c)
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(c+a)}=\frac{1}{ab+bc+ca}-\frac{1}{(b+c)(c+a)}=\frac{c”2}{(ab+bc+ca)(b+c)(c+a)}>0$
$\frac{1}{ab+bc+ca}-\frac{1}{(b+c)(c+a)}=\frac{c”2}{(ab+bc+ca)(b+c)(c+a)}>0$
Bdt dugc ching minh, ding thire xay ra khi a=b=c.

Bai viéf da duoc chinh sira noi dung boi tungteng532000: 25-05-2016 -22:54

ba gui Hom qua, 01:16
nguyenhongsonk612

Bai109: (Péthithw SDva PT tinh Ninh Binh 2016)
Cho céc sdthyc duong $a,b,c$ thoa man : $\frac{1}{c 2}=\frac{2Ha 2} +\frac{2}{b*2}$ . Tim gi4 tri nho nhaf cia :
$$P=\frac{a}{b+2c}h+\frac{b}{a+2ch+\frac{cH\sqrt{ar2 +b 2 +c 2} §$

Céch giai bai $109$

http://diendantoanho...raccsqrtacbac2/ (http://diendantoanhoc.net/topic/139622-

pfracabcefracbacfraccsqrtazb2c2/)

Minh thiy day 1a bai toan khong phai méi nén ludi gd

Bai viéf di dwoc chinh sra noi dung boi nguyenhongsonk612: Hém qua, 01:17

ba gui Hom qua, 11:31

Dinh Xuan Hung
Bai 110 (D& thi thir 14n 2 chuyén Luong Thé Vinh - Pong Nai nim 2016)

Cho $x,y$ duong thoa man : $x°4+y "4 +\frac{4 H{xy}=9xy-3$ . Tim GTLN cua biéu thirc : $P=\frac{1}{(x"3+y"3)
(x"2+y”~2)}-\frac{1}{1+2xy}$
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