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1 Deé bai

Cau I (2 diém)
1) Khdo sat va vé do thi (C) ctia ham sb

202 4+3x—3

y= r—1

2) Tim cac diém thuoc (C) cach déu hai tiem can.
Cau II (2 diém)
1) Giéi phuong trinh lugng gidc

9sin® x — V3 cos z + sin z cos z(cosz — V/3sinz) — 6sinz = 0
2) Tim a dé v6i moi b he phuong trinh sau c6 nghiem

(a—1ad+9y° =1
e 4 (a + 1)by* = a?

Cau IIT (2 diém)

1) Tinh thé tich khoi tron xoay nhan dugc do quay quanh truc Oy hinh phang hitu han duge gisi
han béi cac duong y> =z va 3y — x = 2.

2) Tinh téng sau theo n

S =0 —302 +9Cs —27CS +---+ (=3)"C"

Cau IV (3 diém)
1) Trong khong gian véi hé toa do Dé cac vuong géc Ozyz, cho hai dusng thang (dy), (d2) co
phuong trinh tham s6

dy:¢ y=t ; dy:{ y=1-1t
z = —t Z:t/

a) Viét phuong trinh cac mat phing (P), (Q) song song véi nhau va lan lugt di qua (dy), (dz).

b) Chiing minh ring hai duong thang (dy), (d2) chéo nhau. Tinh khodng céch giita hai dutng thang
do.

2) Goi I 1a tam duong tron noi tiép tam gidc ABC, R va r lan lugt 1a ban kinh duong tron ngoai
tiép va noi tiép tam giac d6. Chitng minh réng

TA.IB.IC = ARr?

Cau V (1 diém). Cho a,b,c la ba s6 thyc duong thay déi théa man diéu kien a + b + ¢ = /3.
Tim gia tri nhé nhat cla

P=va2+ab+b2+ Vb2 +bc+ 2+ 2+ ca+a?



2 Loi giai téom tat

Cau 1.

1) Diém cyc tiéu (0;3), diém cyc dai (2;—5). Tiém can ding r = 1, tiém can xién y = —2z + 1.
(Ban doc tu vé do thi)

2) Xét diém M (z0; =220 + 1 — -27) 1a mot diém thuoc do thi ham s6. Diém M cach déu hai tiem
can khi va chi khi

o —0—1] [2z0—2x0+1— ;25 — 1

val V5

4 4
($0—1)2:\/;<:>x0:1i</;

Vay cac diém can tim 13 cac diém thudc (C) va c6 hoanh do z = 1 £ {1/%.
Cau II.
1) Phuong trinh da cho tuwong duong véi

hay

sinz — /3 cos x + sin x cos z(cosz — V3sinz) = 2(3sinz — 4sin® z)

. ™ .
& sin (ac — g) = sin 3x

z— 2% =3z + k27 T T
3 _r n
<z>[:c—§=7r—3x—|—l27r S 3+k:2 k,leZ.

2) He da cho c¢6 nghiém v6i moi b nén khi cho b = 0 hé ¢6 nghiém. Khi b = 0 hé trén tuong duong

vii
1. a = 1. Hé trén tré thanh

Cho b =1 thi hé trén khong c¢6 nghiém, vay loai truong hop a = 1.

2. a=-1. Hé trén trd thanh
—2x° +19° =1
et =1
R6 rang hé nay luoén c6 nghiem z =0,y = 1.
Vay a = —1.

Cau I11.
1) Xét phuong trinh tuong giao y? =3y — 1< y =1,y =2. Ta c6

2
V= 7r/1 ((By — 2)2 —yt) dy = %W(d.v.t.t)



2) Xét khai trién
2n
(L+iv3) =3 O, iV3)"
k=0

= (an - 302271 +eet (_3)121n2n) + Z(\/gin - 3\/305)71 et (_3)7171\/50227?_1)

Msit khac, theo dinh 1i De Moirve, ta co

2 2
(1 +iv3)?" = 22"(cos % + isin %)
Dong nhat phan thyc, ta thu duge
2
S = 22" cos %

Cau IV.
1) a) Cac dudng thing (d1), (d2) 1an lugt c6 vector chi phuong

u = (-1;1;-1),u3 = (2, -1;1),

Vector ' = [u,u3] = (0;1;1) vuong géc véi ca hai vector trén. Vay cac mit phang (P), (Q) c6
cting vector phap n = (0;1;1) suy ra phuong trinh cia chiing ¢6 dang y + z +d = 0

I

e Diém M(1;0;0) € (dy) nén né ciing thuoe (P) suy ra d = 0.
Vay mp (P) c¢6 phuong trinh y + z =0

e Tuong ty nhu trén ta ¢6 N(0;1;0) € (Q) nén phuong trinh cia (Q) lay+2z=1

b) Vi uj # kni Vk # 0 nén (dy), (d2) khong song song véi nhau. Vi nj.nz # 0 nén (d), (da) khong
vuong goc v6i nhau. Ta can ching minh (dp) khong cit (da).
1—t=2t
Ta c6 (dy), (d2) cat nhau khi va chi khi ton tai ¢,¢ sao cho ¢ t=1—1¢ nhung hé nay vo nghiém.
—t=t
Vay (d1), (d2) chéo nhau.
Khodang céach gitta (dy), (d2) chinh 1a khodng cach gitta (P) va (Q) va bang

L1
N/(P)_ﬂ_ﬂ
A B C A B C
2) Taco r = [Asin =~ = IBsin — = [Csin — = r® = TA.IB.IC.sin — sin — sin —.
. 2 2 2 2 2 2
Doprzi—lg:Snén
. A. . B . C A B C
abe 2Rsin Asin BsinC 16Rs1n581n§sm§cos5(:055(3085 AR A B C
r = = = = 4Rsin — sin — sin —
4Rp sinA+sinB+sinC 4 A B C 2 2 2
€08 7 COS - €08



. . . r
= sln—sin —sin — = —

- 83— JAIB.IC.—— = IAIB.IC = 4
5 5 5 1R =7 C iR = C Rr
Cau V. Véi moi z,y > 0 ta c6

VEF =P =[Sy a2 2

w

Dau ding thic xay ra < = = v.
Ap dung bat ding thic tren ta thu dugc

V3

P27[(a+b)+(b+c)+(c+a)]:3

Dau ding thitc xdy ra < a =b=c =

Sl

2



