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Bai lam
Céu 1:
1.1} i
*Mip xdc dinh: D=R  0.25 diém
*}L:hiéu bién thién:
+y dao ham va cuc tri:
dao ham:y'= (=3 6x
e tri: () =0ex,=0ve,=-2 025 diém
n=0=y =4

e £7(x) doi dau qua x = -1

+) diém udén: f(x) - -6x-6
Mx)=lex==1= y=2
Suy ra diém udn la v-1;2)
+) gid1 han & « : lim f(x) = lim(—x") = - ;
him f(x)= lim{(-x")=+mx .

1) bang bién thién :
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)
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0.25 diém
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)y nhan xét :

Ham s6 dong bién trén (-2 :0) (0,+00)
Ham a{:} n :-L_,hin,h bién trén (-o; —E}H
am -.l‘.r 16i trén (-1 ; o)
am -.r.r lom lrm (-e0 :-1)
am so ¢6 diém uén U(-1 ;
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) do thj :

[

0.25 diém

dtftr thi giao von Ox tai 2 diém (1:0)va(-2:0)
do thi giao va1 Oy tan diém (0 ;4)

bay la vecto J

201 2 diém cuc tri cua ham s6 14 a(0,4) va v(2:0) £0h1 phuong cua MN

thi vecto phap tuyén ctia MN 14 : nuw = (-2;-4) q

suy ra phuong trinh cia MN : 2x—y+a-0.  0.25diém
duomg tron (C) cO tdm 7(m;m+1) ; ban kinh z- 5.

MN la tiép tuyén cua (C) e d,,,, =R =5 0.25 diém

o ldnt Bt 1+4 | ﬁ - F 025 didm




EmtIEs

am=2vm=-K

vily vi1 m=2 hoac m=-8 thoa man dé bai. 0.25 diém
Caull1:

Phuong trinh da cho trong duong vin:

Qoo "‘{7_”:.-.' ¥)—1=cos(xsin2x)

> cos(m cos x) = cos(m.sin2x)

s w8 x =nsin2x +k2a(k e ZX1)

hodc: meos™s = —msin2x +k2x(k' e Z)2)
xet oy hop (1):

moos'x = nsin2x +k2.a(k e Z)

<> cos X =sin2x+2k

Vi cos'x,sin2x e[ —1;1] nén k=0 hodc k=1
Khi k=0 thi PT tr¢r thanh:

5 )
oo x = xin2x
s coxx = (v oosx = 28inx

+Hleosx=0=x %+m.m[\mc.}'f]l

; | 1 ;
ooy x = 25mx = fanx ;{_b_r :m'ﬁm{;}+n_ﬁ{nc £)

Khi k=1 thi PT té thanh:
corx =sin2x +2

Vi cos®x,sin2x e[ —1;1] nén ta co hé sau:

sinlx=—1]
{ cos x =1 ,
hé nay vé nghigm  0.50 diém
xet o hop (2)
(2) <> cos"x = —sin2x + 2k’
Vi cos™x,sin2x e [ —1;1] nén k™=0 hodc k=1
khi k=0 thi phuong trinh tré thanh :
cos'x =—sinlx

3 corgx = 0w cosx = —2 8inx

H)eosx=0es x = §+m_m[m e Z)



+) cos x = —25In x <> fanx = —%-:_:- x= umtun{—%]+f.m[f L)

Khi k'=1 thi PT tré thinh :

¥ -
corx=2—sinl2x

Vi cos®x,sin2x e[ — ;1] nén ta co hé sau:

sin2x=1
i 4
cosx =1

day la dicu va i nén hé vo nghicm
vay PT cd 3 ho nghiem la :

1 ] A
b §+mﬁ';_\: = Hﬂ.‘!’{m{;]+ﬂﬁ;1’ = arctan— ;}+Fr{f,m,n E ) 0.50 diém

i J_J.E i ) )
diéu kién : xe[-22]

thue hién phép nhin lién hop véi 2 bicu thire & vé trii ta duge

2y +4—B+4x ) 12x—%
V2x+4 +242—x :F*}.t"" +16
1 2
o (bx—4) e )=10
V25444242 -x Jox?416
2 1 2
o X

= =

3 J2x+d44242—x  JOx 116

. I Al . % z ; P %
dé thay x - % thod min dé bai, xét treomg hop con lai :
1 | 2

u'rlr +4 + EJE—I ) Jq_r'-'- +16

o 22x+4 +4L2-x =Jox* +16 CI}S nay can phai xac dinh*
_ diéu kién cho VP 2 0, r61 médi

thuc hién binh phuong 2 vé ta duge : binh phuong 2 vé duoc, néu
khong két qua sé thira nghiém

Ox* +16=8x+16+32 -16x + 168 - 2x°

e 0x" HBx—32 =168 24"

tiép tue binh phuong lin nita ta ¢éd phuong trinh sau |
Blx* +64x° +1024 +144x" —576x* —512x =—-512x* + 2048

< Blx* +144x’ —512x— 1024 =0
Xét thay x—0 khing phai la nghiém, chia ca 2 vé cho « ta duge :
- 512 1024

Ble’ + 144y — —— —

X X

32 32

S Ur—— 9 +—+16)=0
X X

=1}

Chd nay bién doi
khong Qu’(_)’c tu nhién
(bi quyét g ch dng?)




" Pl O E (thoa min) f Nghiém am khong thoa man

x ———— haythulsi o chd diéu kién*

32
Yx+—+16=1)
'l'} X
<O +16x+32=0
PT nay v nghicm

z gt ; wE g 32 8
Viay phuong trinh di cho ¢d 3 nghicm la « o t Y 0.25 diém
Ciéu 11 :
trurde het ta chirng minh cong thire sau :

] ]
Ij'{.tﬂt jj'{.th—_ﬂ.:irI[*]
dit x=a+b—u=sdx=—du
khi do -
] ] ]
[ Serde =— [ £ @ +b—w)edu = [ f(a+b—x)dx
viy la co dicu can chimg minh
trey lan vin ban wan 111 :
ap dung cong thoe () ta co :
XSIRX e (m—x)sin(mw—x) ¢ sinxdy ¢ xsinxdx
f * . ¥ 52 ¥
J-I+;m X 5 ltcos™(m—x) '£I+¢'n.4.'".t '£1+¢'u.1.'".t

JTJ' sinxdy
=
=g

+HH "L'
. t sinxd ! bt

Xét J j urmf j”‘”“” j - = j —= arctan{ 1} — arctan{—1) =

" |+ oo™ x l+eos®™ : 1+ 1+£ 2
T i W

2 4

\.,';:j}l f IL”I.II!T JT_"_ 1.00 dlém

o | tcos'x 4
Cau lV:

trrde hét ta chirg minh b dé sau:
cho ur diecn MNPOQ vén MN MP MO doi , mot vadng #oc, go1 MH la
dudmg cao ke tir M cua tr dign,(H thuge (NPOQ)). ching minh rang;
| 1 l |
+

r ¥ F + F
MH® MN® MP* MQ* R
B0 dé nay cting kha

quen thudc




Hinh v€ minh hoa nay
khong dep (du sao th
M ciing la dinh cua hnh h §p)

chimg minh bo dé:

MN | MO

MN | MP

= MN | (MIP())

— MN LPO

Ma NH li hinh chiéu cia MN trén (NPQ)

Nén ~Nif L PO

goi K 1 giao diém coa NH va PQ

tachd : PO L(MNK)= PO LMK

mit khic, MN | (MPQ) = MN | MK

Xt aMNK vudng tai M cd MH | NK nén :
1 1 1

= rL g :

MH?* MK* MN?

Xét aMPQ vuong tai M co MK | PQ nén :
1 1 1

T * + ¥
|HFI:“ |H':_.li-. |HI'."

la co

. i - ] ] ] ]
tr 2 dicu trén ta suy ra — = = e -
MH™  MNT MPT MO




viy bo dé duge chirng minh
try lan ban wan 1V

Vi (SAC) L {SED) nén La co;
AC L BD, 80 L AC, 50 L 8D

Cidc tr dién O.SAB; 0.5BC; 0.SCD; 0.SDA déu thoa man bo dé da

chirng minh & trén nén ta co:

1 ] ] 1
_'l- ¥ + ¥ + 'r;
P04 ot os?
1 1 1 1
— —t—t—
g oct ot st
o B oo B oo I o
& Oct  obt o’
S R .
v o4 opt o5t
1 1 1 .1 1 1 1 1

e—t s s ——p— p— p—— p ——
o g v A 08 O OO oD

Viy ta cé dicu phai chirng minh

CHn ¥

Phuong phap nay rat hay!

1.00 diém



x ¥ z I
vy o—=a==p—=cla,pce|=;3])
dF.I!.lZ > o = = ofa, fra lj, |

= abe = | .
khi do, bat diang thie can ching munh e thanh ;

1.1 1 26
d4brer=r=—F=—5—
a b ¢

Xétham s6 - fla) -u+h+;-+l+l+]__
a b ¢

o S Tt
o

fla)=0c>a=1
Vi fa) d6i diu tir dwong sang am tai a=1 nén fa) dat cue dan taa=|

| .
Hay : fla) = f(D=2+b+c+ E+_
A
5 g ] 2
Mavil a=1=hb=—= fla)<2+2c+=
i i}
T ; AIER Al S ]
Ta sé chirmg minh 2+ 20+ — < —~ v cc l?-"-'l
c - -

thiit viiy, bat dfmg thire ren rong duong van -

3t —10c+3 <0

(e -3 e ——_:I] < ()

Diy la diéu hién nhién dang vi ¢« [%;u

vay bit ding thire duge chimg minh, diu « = » xiy ra khi a 1,5 3

| '

2o
.-'!I 2

hodc cac hodan vi hay khi x =y =1;2 = 3 v cic hodn vi tuong ing, 1.00 diém

Ciu V1.a.l;

Vi B thude Ox va B thude BC nén toa do B la nghiém cuoa he:

p=l bl
{ﬁr—y—ﬁﬁ 0 Q{y 0
= B(;0)  0.25 diém
GOt A(k; 0)
Vi aABC vudng ta A nén phuong trinh AC la: x= &
x=K

\ﬁ.t— ¥ ﬁ {0

Suy ra toa do C la nghiem cua hf__‘:{

K=k
Ck 3k —3)
Q{JJ NN ﬁ



Khidé, A8k -1

AC =+3|k-1|
BC=2|k-1| Ok

Ap dung cong thire tinh dién tich tam giac & = pe v p la nra chu v var
la ban kinh dudmg tron ndn Gep am #@ac ta co:

AB +BC +CA I+443) k-1 -2
8 pe = pF 5 ¥ { ‘J__: | |_2 3+ -\E}_H— L 0.25 diem
Ma tam giac ABC vudng tai A nén:
_— vl m: 5o
S g =5 ABAC == (k1)

= GBIk 1= k-1 (%)

Xét khi k=1 thi A tring véi B nén dicu nay khéng thé xay ra
Xctkht k#1:

Phurong trinh (*) tuong duong vin:

|k—1|=243+2

—k=2+3vk=-25-1 0.25 diém

+) khi & = 2+/3+ 3 thi:

A3 +3:0)
B(1;0)
C +36+24d3)
.
tr diy suy ra i;{41'i+? :b+;ﬁ} .

+) khi & =-243-1 thi:

A(-243-1;0)

B(1;0)

C(-23-1:-6-243)

=3 <1 =6 zﬁ}
—

3

Suy ra G(

¥ 2
viy xdc dinh duge 2 diém G g véi 2 tam gidc 1a .f;ﬁ‘i” ;*"*;’*ﬁ; vi
GhB1 628 0.25 diém
3 3
Bai V1a.2:
Ta thiy M va N nam khic phia doi vin (a)




fl : l dinh huéng dlung!

Khi d6, goi N” la diém dbi ximg véi N qua (@) thi | IM —IN || iM — IN'|< M (khéng dbi)
dau biing xay ra khi va chi khi N* nam giira I va M, hay 1 1a giao diém cia MN’

VO (er).

Ta sé di tim diém N va diém 1

aon H la hinh chiéu vudng goc cua N trén (o) va (d) 1a dudmng lhﬁng diguaNvaH

khi do, un: rz [

dudmg thang (d) di qua N(-9 24 :9) va ¢d u, —(2:-1:1) nén (d) ¢6 phuong trinh 1a :

x=2-9
(d):q y=4-1
=9+

Vi H 1 giao diém cia (d) va (e) nén toa dé H la nghicm cua heé :

x—2=-4 x==-5
y+i=4 y=2

—
z—t=9 g=1]
2x—p+z+l =0 t=12

= B8 L)

Ma H 1a trung diém coa NN’ nén ;



= N{-16:13). Ok
—:"H |'1-"f||'ﬁl'rl| {_4;_]:]-'”
dmmg thing MN” di qua M(3 ;1 ;0) va ¢é vecto chi phuong u,, - (—4;-1;13) nén

x =344
¢O phuong trinh la : MA':{ y=1-¢
=13
vi | la giao cua MN7 va (o) nén toa dig | la nghiem caa hé :
2x—y+z+1=0 [1=-1
x=3-4 X=q
o
y=1=¢ y=1 Dinh hudng bai lam dung
z=1% z=-13 két qua chinh xac
= [{7;2;~13) B
viy v 107 ;2 1-13) thi [IM-IN| dat gid tri 16n nhét. 1.00 diém
Bai VIIA:

ool cdc diém thoa min la M(2)

Trén ruc a0 xét 2 diém £ (); F(-i).

Khidothi FF, =2 va MF, - z—i|; MF, |z +i |

Matheobatratacé: |z—i|+|z+i|=4

<> MF, + MF, = 4., 0.25 diém
diém M c¢é ong khoang cach i 2 diém £, ¢ dinh la mét s6 khong
ddi nén M thuée elip ¢é 2 tidu diém 1a 7,7,

¥

eo1 phuong trinh chp co dang r—+ﬁ— I
)

khi d6 ta c6 MF, +MF, = 2a (2a 14 truc 16n nam trén truc ao Oy)
ma MF, +MF, =4 = a=2
mit khic, néu 2¢ 1a tiéu cu caa elip thi FE =2 =¢=]

ma <a =b"+¢°

—h=va —¢ = \.ﬁ X2 y2
3 J'.': — + —_—= 1
Suy ra phuong trinh cua elip la {.’:}:%+‘1T 1 3 4

¥ ¥

vily tip hop cac diém thoa min la elip U-."J:%+% 1.

Téng két diém: 8.50 diém

Nhén xét: Bai lam cta em rét tot, tuy nhién ¢ n mot vai sai
sot nho trong trinh bay. Néu em trinh bay bai lam trén glay
thi chac chan bi trir diém (bai lam nay khong bi trir diém).

C6 gang phat huy nhé!

ChAm bai: hxthanh




