www.VIETMATHS.com

Oun thi F68G gidi todn trén mdy tinh Casio . N Bé Vin Lim - Truong TICS TT Tan Uyéin
CHUYEN DE 5 - PHAN HINH HOC
1. TAM GIAC VUONG

*Dangl. Tinh dé dai trung truyén, phdn gidc tir dinh géc vuong.
Bai 1. Cho AABC vuong tai C, AB=7,5cm; A =58%5'". Tir C ké phan giac CD va trung truyén CM.

a. Tinh do dai cac canh CA va CB
b. Tinh d¢ dai duong trung tuyén CM va phan giac CD.

c. Tinh dién tich AABC va ACDM.

Loi giai
a, AC = AB.CosA = 7,5.Cos58°25' = 3.928035949(cm) M
CB = AB.SinA = 7,5.5in58°25'~ 6.389094896(cm)
b,CM = AB/2=7,5:2=3,75 H
Tir A ké AE // CD (E U BC) = DCA = CAE= 45(so le trong)
= ACAE vuong can tai C = CE = CA

B

Mit khac CD // EA = ABEA ~ABCD = ¢b_BC = CD= EA.BC
EA BE BE
_ op_J2.CABC_J2.AB.cosAABsINA_  2AB.sin A.cos -
BC+CA ABsinA+ AB.cosA sin A+ cosA
_ \/5.7_,5.sm 58 25'.cos88 2 _ 3,440098294 (cim)
sin58 25+ cos58 25'
¢ Tacg: Smeo ADAH _AD . AD _EC
Suse ABAH AB AB EB
Smen - EC_ CA  _ ABcosA 2 COsA
Susec EB CA+CB ABcosA+ ABsinA cosA+ sinA
Trong d6: Sp,pe = %CA.CB = —; AB.cos A.AB.sin A= —; AB .cosA.sin /= 12.54829721(cm?).
s - __CcosA _ AB?cos’ A.sinA
AT CosA+ sinAT M T 2(cos A+ sinA)

1 1., . AB?cos’ A.sin A 5
=S = — Saspc - S = —AB“.cosA.sin A- = 1,496641828 (cm
ADM Ty Phame T SBaen Ty 2(cosA+ sinA) (cm?)
Bai 2. Cho AABC vuong tai A c6 AB = 14,25cm; AC = 23,5cm. AM va AD theo thu tu 1a trung
tuyén va phan giac cua tam giac.
a. Tinh BD va CD

b, Tinh dién tich tam gidc ADM A
Loi giai

a, BC = YV AB’ + AC® ma 4p dung tinh chit dudng phan gidc ta c6:

AB_DB_ DB . ABBC _AB AB’ +AC?

AC DC BC-DB AB+AC AB+AC B - ¢

14,25,/(14,25)" +(23,5)’
= DB = = 10,37435833 = DC = BC - DB = 17,10859093
14,25+23,5

DBAH DB AB 1
= = ma Spapp = Saams - Saapm = E Saasc = Saapm

b, Ta co: Suep - = =
Suoc DCAH DC~ AC

1
Saapc = Saamc + Saspm = E Snasc + Saapm

Saapc “2Sppm _ AB Siapc(AC—AB _ AB.AC(AC-AB)
= = = Saapum = =
Spasc 7280 AC 2(AC+ AB) 4(AB+AC)
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s Sy = 23,5.14,25(23,5-14,25) ~20.51386589
4(23,5+14,25)
*Dang?2. Tinh do dai trung truyén, phdn gidc tir dinh géc nhon.
Bai 1. Cho AABC (K =90"), AB = NE) , ACB = 60°. Cdc duong phan gidc BM va CN cit nhau tai
a. Tinh BM va CN
b, Tinh dién tich AIMN

Loi giai B
a. AC= ﬂ ma NC = AC = AB = 0\/5 ~=1,154700538 (cm)
tgC C C  tg60° cos30
cos— tgC.cos—
2 2 "
(ﬁ =90° -C =30)=>BM = AB _ 3 5= 3 5=1,793150944 (cm)
30 Cosl5
cosS— Cos— Al C
2 2 M
b, Sapn = Sanmce - Same = %AN.MC —%r.MC (r 1a ban kinh duong tron noi ti€p tam giac ABC):
+AC+
S = pr = LABAC=ABYACTBC [ ABAC
2 AB+AC+BC
1 AB.AC
= Saun= —(AN- ———— ) (AC- AM
o = AN B ac+Bc )
-1 (ACtg30° - ﬂ)(AC - ABtg15°) (trong d6 AC=1,BC=2, AB= \/g)
2 AB+AC+BC

1, ., B
= —(tg30°- ——=
2 3+43
Bai 2. Cho AABC vuong tai A v6i AB =4,6892; BC=5,8516
a, Tinh géc B (do, phiit, giay)
b, Tinh dudng cao AH
¢, Do dai phan giac CI

)1 =+/3tg15%) = 0,056624327 (cm?)

Loi giai ' H
a, CosB = AB _4,6892 — B= 36"44'25,64" A c
BC 5,8516

b, AH = AB.sinB = 2,805037763
AC _VJAC’-AB’
90° -B

c, IC= = 3,915754262

C
Cos 2 Cos

Bai 3. Goi G la trong tam AABC vuong tai A, AB =23,82001, AC = 29,1945. Goi A', B' C' lan luot
1a hinh chi€u ctia G xu6ng cac canh BC, AC, AB. Goi S va S' 1a dién tich hai tam gidac ABC va A'B'C’
a, Tinh S'/S (=2/9) B
b, Tinh S' (= 77,26814244) ]
Loi giai \
. 1 h 1 1 \
a,KeAHDBC(HEBC):>GA'=gAH:E;GB':gAB; GC'=§AC \

Mé.t khé.C SAA;B'C' = SAGA'B' + SAGA'C' + SAGB’C‘ \\\ \ / A’

-
= %(GA'.GB’.sin(A'GB') + GA'.GC'sin(A'GC') + GB.GC) G~ ¢

=l(l.lh.AB.sinC+ l.lh.AC.sinB+ l.lAB,AC) A \ "\ ¢
233 373 33 Y

= % (h.ABsinC + h.ACsinB + AB.AC) = % (HB + HC + AB.AC)
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! 1 2 Sy 2
= E (BC’h + AB’AC) = 5 (SAABC + Sa ABC) = §SAABC = SAA BC = 5

AABC

b, Saasc = %sAABC = éAB.AC = % 23,82001.29,1945 = 77,26814244

* Bai tdp dap dung
Bail. Cho tam giac ABC vuong tai A. Ké phan gidac AD va trung tuyén AM va duong cao AH (D, B,
H € BO)
a. Cho AB = 3,74cm; AC =4,51cm. Tinh do dai cac doan thelmg AD, AM va AH
b. Cho BC = 8,916¢cm; BD= 3,178. Tinh AB; AC, AM
Bai2. Cho AABC vuong tai A; AB=2,75cm; C= 37°25'. Tur A ké cac duong cao AH, phan gidc AD
va trung tuyén AM. (D¢ thi Khu vuc 2007)
a. Tinh do dai cdc doan AH, AD, AM
b. Tinh dién tich AADM
Bai3. Cho AABC vuong tai A v6i AB =4,6892; BC =5,8516
a, Tinh géc B (do, phiit, giay)
b, Tinh dudng cao AH
¢, Do dai phan giac CI
Bai 4. Cho AABC vuong tai A. AB = 15, BC = 26 ké phan giac trong BD. Tinh DC (D € AC)
Bai 5. Cho mot tam gidc vuong c6 do dai hai canh tam gidc vuong la Y4 va 3. Tinh téng binh
phuong do dai cac duodng trung tuyén B
Bai 6. Cho hinh vé: Biét
\AE=CD=1,5cm
\ED = 10cm
\ KBA =45°39"; KBC=5f49'12
a, Tinh gan ding BH K
b, Tinh dién tich AABC
Bai 7. Cho AABC vuong tai B. canh BC = 18,6cm. Hai trung tuyén BM va CN E D
vuong goc v6i nhau. Tinh CN

I1. TAM GIAC THUONG
Tinh canh, phdn gidc trong, trung tuyén, dién tich trong tam gidc.
Bail. Cho AABC, B= 120°, AB = 6¢cm, BC =12cm. Ké phan gidc BD (D € AC)
a. Tinh d¢ dai duong phan giac BD
b. Tinh ti s6 dién tich cta hai tam giac ABD va ABC.
c. Tinh dién tich AABD.

a, Qua A ké AE // BD cét BC tai E = AABE déu

E
= AB=AE =BE =6cm. ViBD // AE = BD _CB
AE CE B

= BD = AE. @ = AB. CB = ABCB o\ 60
CE CB +BE CB + AB

—6'12 =4 cm. C
6+12 A b -

I
o Suw 2™ _AD_EB_ AB _ 6
Saanc ;hB.AC AC EC AB+BC 6+12

BD =

-1
3

C, Sanpe = %hA.BC = %AB.sin60°.BC = % 6.12.5in60° = 31,17691454 (cm?)
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= Spapp = %SAABC = 10,39230485(cm?)

Bai2. Cho AABC; AB =4,71cm; BC = 6,26cm; AC = 7,62cm. Phan giac trong BD

a. Tinh d¢ dai duong cao BH, trung tuyén BM cua géc B.

b. Tinh dién tich ABHD. B

Loi giai
a, +) Tinh do dai duong cao BH.
1
Saanc = - ACBH =yp(p-a)(p-h)(p-0)

b= BH <2V P(P-a)(P-b)(P-C)

AC A H D M C
= 3,863279635(cm)
+) Tinh dé dai duong trung tuyén BM .
Theo dinh 1y Pitago trong tam giac vuong HBC ta c6:
BC’ = HB*+ HC? = HB® + (HM + MC)* = HB® + (% + HM)*
2 2 2 2 2 2 AC 2
AB° =HB" + HA* = HB" + (MA - HM)" = HB +(7 - HM)
2 2 2
= AB’* + BC* =2HB’ + AC +2HM? = 2(HB* + HM?) + AC =2BM* + AC

2 2 2
—BM = \/Af +B§ -Af ~ 4,021162767(cm)

b, Tinh dién tich tam giac BHD
AB’ BC* AC’ AB> BC® AC’
+ - = AH = - +
2 2 4 2 2 4

AH’ = AB’ - BH’ = AB’ -

Mat khac. Do AD la tia phan gidc = BA _Da = BA ___ DA = ba__Da
BC DC BC+BA DC+DA BC+BA AC
2 2 2
A_ ACAB o o\ ap. ACAB _\/AB _BC’ , AC
BC+BA BC+BA 2 2 4
2 2 2
= Sy = L BHHD = YP(R=2(P-)(p=0) (ACAB \/ AR _BC AT < 1115296783 o’
2 AC BC+BA 2 2 4
Bai3. Tinh dién tich AABC biét AB = 18cm, A :éﬁ =—;6 N
Loi giai
Ap dung dinh 1y vé tdng ba géc trong mot tam gidc ta c6:
A +B+C =180 ma theo gi thiét A :gé :—;6
9~ - - . Al L \g
=_A=180 = A=40 = B=60",C= 80 o P
BH _ ABsinA

K¢ hai duong cao BH va CD khi d6: BH = ABsinA vaBC= ——= -
sinC sinC
2 . -
— Sppe= SAB.CD = £ ABBCsin= 2B SNASINE _ g, 57178586 (cm?)
2 2 2sinC

* Bai tdp dp dung

Bail. Tam giac ABC céanh AC = b = 3,85 cm ; AB = ¢ = 3,25 cm daong cao AH = h =
2,75cm.(Dé thi khu vuc nam 2007)
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a, Tinh céac goc A, B, C varth BC aia tam giac.
B=57°47°44,78", C = 45°35°4,89”, A=76°37°10,33")
b, Tinh d6 dai aia trung tugn AM (M thusc BC)
c, Tinh din tich tam giac AHM.
(goc tinhdén phat ;do dai va dén tich By két qua véi 2 chir sb phin thap phan
Bai 2. Cho AABC c6 dudng cao AH = 12,341. C4c doan thang BH = 4,183, CH = 6,748.
a. Tinh dién tich tam giac
b. Tinh géc A(do, phut, giay)
Bai 3. Cho AABC c6 dudng cao AH = 21,431cm, cdc doan thang HB = 7,384cm, HC = 9,318cm
a, Tinh cac canh AB va AC (AB = 22,66740428; AC = 23,36905828
b, Tinh dién tich AABC (S=178,9702810)
¢, Tinh géc A(do, phut, giay) (;‘1 = 42°30'37")
Bai 4. Cho AABC c6 AB =1,05; BC =2,08; AC =2,33.
a, Tinh dién tich AABC (S = 1,0920)
b, Tinh dudong cao BH (= 0,9383)
Bai 5. Cho AABC c6 BC =10, dudng cao AH = 8. Goi I va O lan luot 1a trung diém ctia AH va BC.
Tinh dién tich cac tam giac IOA va IOC

Bai 6. Tam giac ABC c6 enh BC = 9,95 cm, g6@BC =114 4312, goc BCA=20746'48". Tir A
vé cacduong cao AHduong phéan giac trong Alphan giac ngoai AE va duong trung tugn AM.

a) Tinhdo dai dia cac canh con lai ciia tam giac ABC va cac doan thing AH, AD, AE, AM.

b) Tinh dién tich tam giac AEM.

II1. TAM GIAC PEU - PUONG TRON NOI TIEP, NGOAI TIEP

Bail. Cho tam gidc ABC déu canh a = 3,36cm .
a, Tinh do dai dudng cao, tinh dién tich tam giac.
b. Tinh ban kinh dudng tron noi ti€p va ngoai ti€p tam giac déu.
¢, Tinh mién dién tich tao bdi (O;r) va AABC va mién dién tich tao
bdi (O;R) va AABC

Loi giai
a. Goi AH la duong cao ha tir A xuéng canh BC
2
— AH= VAB’-BH’ = |AB’ —(%) = gAB = %a =~ 2,909845357 (cm)

Sanpc= %AH BC =

1

— £a a= ﬁaz ~ 4.888540199 (cm?)

2 2 4

b. Goi O Ia giao cua 3 duong trung tuyén trong tam gidc déu, R va r 1an luot 1a ban kinh dudng tron
ngoai ti€p va noi ti€p tam giac ABC:

2 23 3

R=0A=—-AH=——a=—a=1,939896904 (cm)
3 3 2 3

1. 13 3

r=OH= 2 AH=1 Y35 =Y3 < 0,969948452 (cm)
3 32 6

¢, +) Goi S, 1a phan dién tich gi6i han bdi (O;r) va AABC
V3 V3,01
4

= S, = Sanpc - S = ——a’ - TP = T Erra ~ 6.82147003 (cm?)

+) S, 1a phan dién tich giGi han bdi (O; R) va AABC
M3 1 o 3

=S, = Si0.r) - Saapc = TIR? - 4 3rra -0 =2,045361075 (cm?)
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Bai2. Tinh dién tich tam gidc déu noi ti€p va ngoai ti€p dudng tron (O; R); v6i R = 4,25 cm

+) Tinh dién tich AABC déu ngoai tiép duong tron(O; R)
Goi AABC va AA'B'C' 1an luot ngoai ti€p va noi ti€p duong tron (O; R)
Trong AABC ba trung tuyén AE, BM va CN cit nhau tai O

1 13 V3

= OE=R=_AE —E—BC——BC:>BC 23R

= Saypc = %AE.BC = %.BR.Z V3R = 34/3R? = 93,85550314 (cm?)

+) Tinh dién tich déu AA'B'C’ ni tiép (O; R)
1 1 BC AE _ 1 3R _ ﬁ
Sprne= —BCh, = — — 22 f A
Bame = 5 AT T

~23,46387578 (cm®) F

* Chu y: Ta cé thé s dung cong thirc: Sp,pc = %; Sarpe = Pr
Bai3. Cho AABC; BC =8,571cm; AC=6,318cm; AB = 7,624cm
a. Tinh dién tich tam gidc ABC va ban kinh duong tron ngoai ti€p AABC.
b. Tinh dién tich phan hinh trdon nam ngoai AABC

ooooo

Loi giai A
a, Ap dung cong thitc Herong ta c6: Spype = Jp(p-a)(p-b)(p-c)
= $=23,28705703 (cm?)
Mat khc: S = 22 = R = 2% _ 4 43220058 (cm)
4R 48 . i .
w

b, Goi S' 1a phan dién tich hinh tron nam ngoai AABC
= S'=TR*- \/p(p-a)(p-b)(p-c) =38,42765192 (cm’)
Quy trinh dn phim lién tuc:

an tiep: (| ALPHA | A[+[ALPHA|B[+]ALPHA | C[)[ +[2[SHIFT]STO[D|

an tiép: |V _[(JALPHA[D][(JALPHA[D[-[ALPHA[A])[(JALPHA[D[-[ALPHA[B])]
|(|ALPHA|D| - ALPHA |C|)|)|SHIFT|STO|E| ta tim duoc dién tich AABC
an tiép: [ALPHA[A[x|ALPHA B[ x| ALPHA [ C[ <[ (4[ALPHA[E])|SHIFT[STO[ | ta tim duoc R

an tiep: [SHIFT|EXPx[ALPHAJF]x*[-[ALPHAJE[Z] Két qua tim dugc S

Baid4. Tir diém M nim & ngoaiduong tron (O;R) k hai tiép B
tuyén MA, MB véi duong tron. Bét AOB = 120 va R = 4,23cm .

a. Tinh dién tich t gidc AOBM

b. Tinh dién tich mién trong ti gidc (phan mau trang) o >
A

ooooo

a, Sponm = 2-Saa0m = AO.AM =R. R.tg(AOM)
=R%1g60" =31,43256524 (cm®)
b, Goi S' Ia dién tich phan mau trang ndm trong ti gidc AOBM.
oo A 1S s o . 120.2t_
Dién tich phan hinh quat nam trong tit gidc AOBM la: 360 = 3

= S'=R%g60° - 2?“ = 29,33817013 (cm’)

Bai 5. a, Mot tam giac c6 chu vi 12 49,49cm, céac canh ty 1€ v6i 20:21:29. Tinh ban kinh duong tron
ndi ti€p. (r=4,242)
Loi giai
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a_b_wc at bt c _ 49,4

Theo gia thiét ta c6: —=—=—= =
20 21 29 26- 2% 29 70

=a=14,14cm ; b =14,847cm; ¢ =20,503cm
(p=a)(p= b)(P~ C. _ 4 545 (em)

p
Bai 6. Tinh khoang céach giita hai dinh khong lién ti€p ctia mot ngoi sao 5 canh, noi tlep trong duon

tron ban kinh R = 5,712cm
Loi giai
Ta phai tinh d6 dai doan théng AC.Ké OH O AC tai H € (AC) khi d6 c H A

0
OAH = lCAD ll dCD-l 360 =18°
2 2°2 4

Ap dung cong thitc: r = § = \/
p

= AC =2AH =2.(OA.cos18°) = 2.5,712.cos18" = 10,86486964 (cm)
Bai7: Cho tam giac ABC can tai C; ':—: =k (k#1)

S
V& céc phan gidc CM, AN, BP. Chitng minh —22¢
MNP
Ap dung tinh S, bi€t Sy 12 2,3456 cm? va k = 1,2345
Loi giai

3]

GoiPNn CM=H; bat CM=h, MH =h, . dp dung tinh chit duong phan giac

. AC NC NC
Ta cé: = = =
CB NB NB
Ma AABC can = APAB = ANBA(g.c.g) A

:>PA:NB:>NP//AB:>NPDCM:>H—C=k:> h_hl=k:>—h=k+1 (*)
HM h, h,
Mat khic PN _ CH_h—hlj PN:l—ﬂzl— 1_ k N AB k+1 ()

AB CM h AB h k+1 k+1 PN

2
Tir (¥) va (**) = Suse - 1B - (K +1) (\/_ K j (dpcm)
SAMNP hl - N P \/_

Ap dung: Sy 12 2,3456 cm® va k = 1,2345 = Sp,pc = 9,486883702 (cm?)

Bai8. Cho AABC déu canh a. MNPQ 1a hinh chit nhat noi ti€p tam gidc. M, N thuoc BC, P va Q
tuong tng thuoc AC va AB.

a, X4c dinh diéu kién dé MNPQ c6 dién tich 16n nhat.

b, Tinh dién tich 16n nhét cta hinh chit nhat MNPQ trong truong hop: a = 18,17394273

Loi giai A
Goi H 12 hinh chiéu clia A xu6ng canh BC, K 1a giao diém ctia AH vé6i PQ
bat AK=x; PQ =y. AH =h; Ta c6 S,pc = Sygp + Spope

ah xy (y+a)(h-x)
=22 "7 — ah=xy+yh-xy+ah-ax
> 5 ) y+y y Q K P

ax ax
:>yh=ax:>y=F.VaySMNPQ==y.(h—x)=(h—x).F

=%x(h—x)méx(h—x)l(’mnhéftkhix=h—x:>x=g

a, MNPQ c¢6 dién tich 16n nhat khi P, Q 12 trung diém cia AC va AB

2
b, Max Syxpg = x(h x)= - a’V3
4 8
Bai9. Cho duong tron tam O dudng kinh AC, B 1a mot diém ndm trén duong tron, H 12 hinh chiéu

cua Blen AC

= 71,51035775 (dvdt)
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a, X4c dinh vi tri ctia B dé dién tich tam gidc OBH 16n nhat
b, Ap dung tinh khi R = 1,94358198 (cm)

Loi giai
baitBH=h,AH=x (0<x < R,0< h<R)

Tacé: h* = AH.HB = x(2R- x) = h = \/x(2R —x)

OH.HB _ (R —x)4/x(2R —X)
2 2
Mat khac: (R - x) 1/x(2R —x) 16n nhat khi R - x = {/x(2R —x)

= Sopu =

= [R-x?=2Rx-x* = 2(R-x)’=R*=>R-x= R :OH—_ X H o]

N A

— h= OB —OH” =% — ABOH can tai H

NG

a, Néu B cach AC mot khoang % thi Syp dat gid tri 16n nhat

HOHB 1 R R R2

2 2¢2 2

Bail0. Cho ntra duong tron duong kinh AB = 2008
trén tia doi clia tia AB 1ay diém P sao cho AP = 1004.
Qua P ké cét tuyén PCD (C nam giita P va D)
sao cho CD =1004/ 2

b, Max Sypy = = (0,944377728 (cm®)

a, Tinh do dai doan thang PCvaPD » : S H_'
b, Tinh do dai cac doan thang CA, AD, BD
Loi giai
. PB PC
a, Vi APBC ~ APDA (g.g) = E = a = PA.PB = PC.PD = 1004.2008 = PC(PC + 1004\/5)

= PC?+ 1004~/2 PC - 2016032 =0 = PC = - 502~/2 +/252004C = 877,5281771

— PD = PC+ CD = - 502+/2 +/252004C + 1004+/2 = 502/2 + +/252004C = 2297,398597
b, Ta tinh duong trung tuyén DA trong APDO. Ta cé:
PD? = DH?+ PH = DH* + (PA+ AHY = (AH+ AO)? , , , , ,
= PD" + OD” =2DH" + 2AH" + 2A0
OD? = DH?+ OH? = DH?+ (AH- AO)?

_ 2
= PD’- AO*>=2(DH’ + AH?) < 2AD’=PD’- AO* = AD =, /PDZTPA = 1461,168077

Gén: 5022 + /252004C [SHIFT| ST A; 1004[SHIFT| ST B sau d6 tinh AD
_ DA2 2 _
— DB = vAB%?-AD? :\/4PA2 _PD’ 5 PA :\/9PA2 PO = 1377,335054

Ta thdy: APAC ~ APDB = % _AC_ ac=PADB_PA |OPA-PD _

DB PD PD 2

= 601,9174896

* Bai tdp dp dung:

Bail. Mot ng6i sao nam canh c6 khoang cach giita hai dinh khong lién ti€p 1a 9,651cm. Tinh ban
kinh dudng tron ngoai ti€p(qua 5 dinh)

Bai2. Cho mot tam gidc noi ti€p mot dudng tron. Cac dinh cta tam giac chia duong tron thanh ba
cung c6 do dai ti 1é 3:4:5. Tinh dién tich tam giac d6

Bai 3. Cho AABC noi ti€p duong tron tam O, phan gidc trong clia géc A 14n luot cat canh BC tai D va
E. Gia sit AD = AE

Hay tinh AB* + AC® theo R
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IV. TINH CANH, DIEN TICH HINH THANG, HINH CHU NHAT, HINH BINH HANH.

Bail . Biét dién tich hinh thang vuong ABCD la 9.92cm’. AB =2,25cm; ATB\D = 50°. Tinh do dai céc
canh AD, DC, BC va s6 do cac goc ABC va BCD.
Loi giai A 23om B
500
+) AD = AB.tg50° = 2,25.tg50° = 2,681445583(cm).
AB+DC 2S 2S

+)S= 2~ = AD=CD=->-AB=——"__-AB
2 AD ABig50

C
— CD = 5,148994081(cm) P

2
io - 2AB] = 3,948964054 (cm)

+) BC = \/AD? +(DC - AB)* =, |AB’tg*50° +
) BC = {AD? +( ) \/ e ABies0
ABtg50°
28
ABtg50°
— CBD = 180" - 50° - 42°46'3,02" = 87°1356,98"
Bai 2. Cho hinh thang can c6 hai dudng chéo vuong géc v6i nhau nhau. Hai day c6 do dai 15,34cm

= (0,924957246 = C= 42°46'3,02"

+) tgC =

va 24,35cm. A B
a. Tinh d¢ dai canh bén cuta hinh thang. v
b. Tinh dién tich hinh thang.
Loi giai %

a, Goi K,H 1an luot 1a trung diém ctia AB va CD, O = AC n BD
= Vi ABCD la hinh thang can = AOAB can tai O
AB CD

= OB=0A = —, Tuong tr OC=0D = —
N 2
2 + 2
= AD =BC= +VOB*+0C? = AB 2 CP° 5 CP° ) 20,34991523 (cm)

b, Vi ACUBD = S, = %AC.BD = %AC2 :% (OA + OC)* = i(AB2 + CD’) = 207,059525 (cm®)

Bai 3. Cho hinh thang vuong ABCD nhu hinh vé:
a. Tinh chu vi hinh thang ABCD (54,68068285)
b. Tinh dién tich hinh thang ABCD (166,4328443)

c. Tinh cac géc con lai cia AADC
Loi giai
a, K& AE 0 CD = DE = AE.tg(DAE) = BC.tg33° D
= DC = DE + EC = BC.tg33° + AB
Mat khac: AD = .AE 5= .BC 5
sin57°  sin57

= Cupep = AB + BC + CD + DA =2.12,35 + 10,55 + 10,55tg33" +

12,35cm B

L]

1055cm

A

|

|

|

|

|

:

|

570 i
E

10,55
sin57°

_2.12,35+10,55tg33°

= 54,68068285 (cm)

AB+DC AB+AB+DE

2AB + BCtg33°
b, Sypep =~ BC= = g>°

2

BC BC 10,55

~ 166,4328443 (cm®)

o ta(CAE) = 2B 1235 o 4019'39.69" = DAC = 82°19'36,69"

BC 10,55
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te(ACE) = € 21055 XGR _ 403020317

AB 12,35
Bai 4. Cho hinh thang ABCD(AD//BC) c6 @&rdng chéo &t nhau 4i O.Hai tam giac AOD va BOC

c6 dién tich An luot 1a +/2;4/+/3 .Tinh din tich hinh thang ABCD. , c b
Loi giai ]
Qua O ké duong thang vuong géc va cat AD tai E, cat BC tai F.

2

Soap — OE.AD :OEZ _ OE_ \E k= OF — KOF
Soxe OFBC OF*  OF 3

bat Sayop = Si; Sagoc = S EF =h

SABCD = Sl + SAODC + Sz + SAOAB B ] C
=S+ (Sacap - S) + S, + (Sagap - S)) F
=S,-S, + Sagap + Sacap =S, - S, + h'$+h'—':D =S,- S, +h.AD
OE

=S,-S,+(OE+OF)AD = S, - S, + (OE + )AD:52_51+251+%

k-

:sz+sl+2.\/ﬁslzx/ﬁ+\/ﬁ+z\/ﬁm

= VB + V2 + 2By 2= (\/\/ﬁ W2 j2=5,00734793s (dvdt)

Bai5. Mot hinh thoi c6 canh bang 24,13cm, khoang cich gitta hai canh 1a 12,25cm
a. Tinh cé4c géc clia hinh thoi(do, phit giay) ( A =30°30'30,75"; B= 149°19'29,2")
b, Tinh dién tich cta hinh tron (O) noi ti€p hinh thoi( chinh xdc dén 4 chit s6 thap phan) (S =
194,9369057)

Loi giai
Ké BE OCD (E U CD)
BE 12,25

B
a, SinC= ——=>==" = C= A=30"3030,75" A - ©
BC 24,13
— B=D=180"- C=149°2929 2" ok
D

b, Ti O ké OF 00 CD = OF la ban kinh duong tron noi ti€p hinh thoi

X BE ’ .
D¢ thay OF = > (tinh chat duong trung binh trong tam giic)

BE?

= S0 = T(OF)* = = = 1178588119 (cm’)

Bai6. Cho dudng tron tam O, ban kinh R = 11,25cm. Trén dudng tron da cho, dat cic cung
AB = 9(° ,BC = 120 saocho A va C nim cung mot phia doi véi BO.
a) Tinh céc canh va dudng cao AH cua tam giac ABC .
b) Tinh dién tich tam gidac ABC (chinh xdc dén 0,01).
Loi giai

ﬂé/\
‘ ro- ¢ H 5
a) Theo hinh vé:
sd AC =sd BC-sd AB = 120° - 90° = 30". 0
Tinh cdc gbc nai tiép ta dugc: ABC= 15%; ACB=45".
Suy ra: BAC = 120% CAH =45 BAH = 75"
Tacé: AB=RJ2; BC=RV3.

Vi AAHC vuong can, nén AH =HC (dat AH =x).
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. PR . P 2 2
Theo dinh 1i Pitago ta c6: AH? = AB?-HB?. Do d6: x° +(R\/§—x) =(R«/§) hay 2x2 - 2RJ/3+R?= 0. Suy
- +
ra:x1=R\/§ R; 2=R\/§ R
2 2
RV3+R R+3-1)

Vi AH < AC<R, nén nghiém x, = bi loai. Suy ra: AC = AH+/2 =

2 72

Goi dién tich AABC 1a S, ta c6:

S=%AH [Bcz_ldr‘)*/?’T_Rm\/izww—:/%).

2
dn phim: 11.25[Min] [x| 27| [2 [21(15.91) Vay AB =15,91cm.
dan tiép phim: 3 [=] Két qud:19.49 Vay: BC =19,49cm.
dn phim:[MR] ¥ [ 3V | [F 1[E F 2V ] [E(5.82) Vay Ac=5,82cm.
dn tiép phim: (3N H1EF2[E#12) Vay: AH =4,12em.
dn tiép phim: Ll W33V [E F 4[]
Két qua: S=40,12cm?.

Bai7. (Thi tric nghiém hoc sinh gioi todn toan nuéc My, 1972)
Cho hinh vuong ABCD canh bang 12. V& doan AE véi E la diém trén canh CD va DE=5cm.

Trung truc ciia AE cit AE, AD va BCtai M,P va Q. Ty s6 do dai doan PM va MQ Ia:
(A) 5:12; (B) 5:13; (©) 5:19; (D) 1:4; (E) 5:21. E

C
Loi giai
~ £ .. MP _MR
V& RS qua M song song v6i canh AB,CD. Tacé: —=——.
MQ MS P
. N S iy A DE R M S
Vi RM 1a duong trung binh cua tam gidc ADE nén MR =
DE
Ma: MS=RS-MR. Vay: MP _MR_ ZDE Q
MQ MS RS 2 \ B

dp dung bdang s6'véi DE =5cm, RS=12cm:
s[aJ2 (5] [Min [ [ 12 MRI[E] () Déps6 (C) la ding,

Chu _y: Néu khong st dung phan s6 (52) ma ding (5[<]2) thi mdy sé& cho dap s6 dudi dang s6
thap phan.
Hay tinh: 5[] 2[2] [+ 12[H (0.2631579)

So sénh: 5 [a¢] 19[sHIFT] [a¢] [a”] Két qud: 0.2631579
Nhu vay, hai két qua nhu nhau, nhung mot két qua duge thuc hién dudi dang phan so6 (khi khai bao
5 2), con mot két qua duoc thuc hién dudi dang s6 thap phan (khi khai bdo 5[+ 2).
Bai 8. Trén duong tron tam O, ban kinh R=15,25cm, nguoi ta dat cac cung lién tiép:
AB=60°, BC=90°, CD = 120".
a) Tt gidc ABCD la hinh gi?
b) Ching minh AC OBD.
¢) Tinh cac canh va duong chéo cia ABCD theo R chinh xac dén 0,01.
d) Tinh dién tich t& gidc ABCD .
Loi giai
a) sd AD = 360° - (sd AB +sd BC+sdCD)
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=360° - (60° + 90° + 120% = 90°. A o
o U— B
Suy ra: AD = BC, ABD = BDC= 45’ (vi cung béng 97 ).

Turdé tacé: AB//CD. Vay ABCD la hinh thang.

Mat khéac, ADB = BCD (ciing bang 60 ;rgd’ ). B o
Vay ABCD la hinh thang can (dpcm). ¢
b) Vi ABD = BAC = 45° (vi cling bing % ). D C
Suy ra AEB = 90", vay AC OBD (dpcm). 120°

c¢) Theo céch tinh canh tam gidc déu, ti gidc déu, luc gidc déu noi ti€p trong dudng tron ban kinh R, ta
co:
AB=R; AD=BC=RJ2; DC=R/3.

Céc tam giac AEB, CED vudng can, suy ra AE = AB ce=CP

N AN
vay: aE=R . cE- RV3 R+RV3 _ R(+y/3)

J2° 2 V2 2
1 1ER (1+f3f R? (/3] _ R(Jj-f3)2

d) Susco :EACIZDB— 2Ac2 2 5
Tinh:[MR] 1H3[V]E E 2[3] [sHiFT] [x¢] [MODE] [7] [2] (433.97).
VAay S,uep =433,97cm’.

dn tiep: 15.25[Min] [x|2[V"][F] Két qud: 21.57
Vay AD =BC =21,57cm.

dn tiép phim: 3[V][E(26.41) Vay: cp =26,41cm.

dn tiép phim: 1BV E FH2 [V [E 29.46)

Vay AC = BD = 29,46cm.

Suy ra AC=AE+EC=

Bai tdp ap dung.

Bail. Cho hinh thang can c6 hai duong chéo vudng goc véi nhau, day nho dail5,34cm, canh bén dai
20,35cm. Tinh d¢ dai day 16n.
Bai2. Cho hinh thang can c6 hai duong chéo vuong géc véi nhau. Day nho dai 13,724 canh bén dai
21,876. Tinh dién tich hinh thang
Bai3. Mot hinh thoi c6 chu vi 1a 37,12cm. Ti s6 gitta hai duong chéo 1a 2:3. Tinh dién tich cta hinh
thoi (S=79,4939)
Bai4. Cho hinh thang vuong ABCD(AB U CD), F 1a diém chinh giita cia CD, AF cat BC tai E. Biét
AD = 1,482; BC =2,7182; AB = 2. Tinh dién tich ABEF
Bai5. Cho hinh can ABCD c6 hai duong chéo AC va BD vuong géc véi nhau tai H. Biét diy nho AB
=3 va canh bén AD = 6.
a, Tinh dién tich hinh thang ABCD
b, Goi M 1a trung diém ctia CD. Tinh dién tich AAHM
Bai6 Cho hinh thang ABCD(AB//CD), c6 dudng chéo BD hop véi canh bén BC mot géc bang goc
DAB (xem hinh) Biét. AB = 12,25; DC = 28,5
a, Tinh do dai duong chéo BD
b, Tinh ti s6 dién tich hai tam gidc ABD va BDC (chinh xac dén 6 chit s6 thap phan)
Bai7. Cho hinh thang vuon ABCD c¢6 BCD = 65° ngoai ti€p dudng tron tam O ban kinh R = 3,25.
a, Tinh cac canh cta hinh thang ABCD
b, Tinh dién tich phdn mat phang gidi han boi hinh thang ABCD va (O)
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IV. DIEN TICH HINH QUAT, VIEN PHAN - PA GIAC CONG.
*) Ly thuyét: Pa giac, hinh tron:

a A
1, Pa gidac déu n canh, dé dai canh la a:

21T _ 360
+ G6c 6 tam: @ =— (rad), hoidc: a° =—— (do)

n n

-2 -2
+ Géc & dinh: A ——7T (rad), hoac A=—-2180 (do)
n

+ Dién tich: S= —Cotg—

2. Hinh tron va cdc phdn hinh tron:
+ Hinh tron bdn kinh R:
- Chuvi: C=21R
- Dién tich: S = TR?
+ Hinh vanh khdn:
- Dién tich: S=Tm(R?-1%) = T2r + d)d
+ Hinh quat:
-bo dai cung: 1=0R ; (a: rad)

: 1 mR*a
-Diéntich: S==R’a (a:rad) = (a: do)
2 360
*) Phdn bai tdp.
Bail. Ba duong tron c6 cung ban kinh R = 3 cm do1 mot tiép xic ngoai (Hinh ve)
Tinh dién tich phan xen gitta ba duong tron dé ?

Loi giai |
Sucnxee = Sao,0 03 - 3 Sy - Tam gidc O,0,0; déu, canh bang 3 nén: vA'
Si00, = 6 34/3=9/3 Y
o - nRa:n.9.60:iT
360

360

= Sgachxoc = SAO 0,0, - 3 Squat = 9\/:_3_9777-:18\/_%7-: 1 45129032

Bai2: Tinh dién tich phan duogc to6 dam trong hinh tron don vi (R = Icm) e’
Loi giai v?

Goi O, O,, O, 1a tam cua 3 duong tron bén trong duong tron don vi, goi a A'

la do dai ban kinh ctia 3 duong tron d6, O la tam duong tron don vi &

= O la trong tam AO, 0,0, déu = 00, = 00, =00, = 243

N

Mt khdc O 1a tam dudng tron don vi = a + 23 _ 1

2 +J§
2 2
m300 [ /3 NG
Sg@ChXQC = S(O) - 3 Squ;_i[ l6n ~ SAOIOZO3 = T[.lz - 3 ( J - —\/g ( ]

360 | 2+4/3 2+4/3

5Tl'. x/§ ’ \/5 ’
=TI 3| ——1| =0,646073543
T (2_’_\/—} \/_(24_\/5} (cm)

Luu y: Néu cidc duong tron O,, O,, O, déu c¢6 bdn kinh bing 1 = dudng tron 16n cé ban kinh

+2 +
3 3*/5 = S,mee = S0~ 3 Syion - Sao00, = n[3 ?/_J 3? - 3 =4,999547847

Bai3: Tinh ty 1& dién tich cua phan dugc t6 dam va dién tich phan con lai trong hinh tron don vi.
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Tacé: AOB =360 :5= 72= MON =36 va OAH = 18"

= OH=0ON=0Ain18"=1.5in18" = NA=1-ON=1 -sinl8’ m
\NM = AN.tg18" =(1 - sin18%tg18°
= Spaavx = AN.MN = (1 - sin18” )(1- sin18%)tg18° = (1- sin18°)’tg18"
\ Sy = ON.NM = sin18%(1- sin18%)tg80°
\Spon) = TION + NM?) = T1( sin’180 +(1 - sin18°)’tg?18)
B
&N A

2
= Dién tich hinh quat AMBla: S, = le% - Saamk - Svvon

=S, = AL sin18%)°tg18° - sin18°(1- sin18°)tg18°
5

*) Dién tich phan mau trang la:
S=58, + Soom = T - 5(1- sin18"tg18° - 5sin18°(1- sin18%)tg18" .
+ T( sin*180 +(1 - sin18°)*tg*18°)
*) Dién tich phan mau den la:
S'= T~ 58, - Spow = 5(1- sin18%tg18° + 5sin18’(1- sin18°)tg18’
- T[sin*18° +(1 - sin18°)’tg*18]
g D E

= §= 0,268113538

Baid. Cho dudng tron tam O, bdn kinh R=3,15cm. Tir mot diém A & ngoai dudng tron vé hai tiép
tuyén AB va AC (B, C la hai ti€p diém thuoc (0)).

Tinh dién tich phdn mat phing gidi han bdi hai ti€p tuyén va cung tron nhé BC

biét rang AO =a=7,85cm (chinh xdc dén 0,01 cm).
Gidi: Ta c6: cosa =22 =R_31°

Sagoc = 2S,0s = aR.sINT
_R2a  nR%a
SqutOBC =360 " 180

Ra

S gach xoc— SABOC - Squal OBC — aRsina -

Tinh trén mdy: 3.15[]7.85[=] [SHIFT] |cos®| [SHIFT] |Min|
7.85[x|3.15[] [SHIFT] [ [x|3.15[SAIFT] [x?] [x] [MR] [] 180[=] (11.16)

Pdp so° S =11,16 cm’.

gach xoc

Bai5. Tinh dién tich hinh ¢6 4 canh cong(hinh gach soc)
theo canh hinh vuong a = 5,35 chinh xac dén 0,0001cm. A N B
Giai: Dién tich hinh gach xoc MNPQ

(Sypo) bang dién tich hinh vuong M b

ABCD (S,pcp) trir di 4 1an dién tich cta % hinh tron ban kinh R =g.

2 2 2 _ _ Q
SVINPQ:aZ_477R _p a4 m _535 (4 )
4 4 4 4

dn phim: 5.35[SHIET] [x*] [ [[( 4[] [ =] [ 4[] [2(6.14)
Két lugn: Sypo = 6,142441068cm’.

Bai6. Tinh dién tich phan hinh phéng (phidn gach xoc) gii han bdi cdc cung tron va céc canh cla

tam gidc déu ABC (xem hinh vé),
biét: AB=BC=CA=a=5,75cm.
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Gidi: R=0A=0l =1A=2aH = 23 A
3 3 2
V3

Suyra:R:aT vad AOl =60°.

Dién tich hinh gach xoc bang dién tich tam gidc ABC trir dién tich hinh hoa 3 14
(g6m 6 hinh vién phan c6 ban kinh R va géc & tam bing 60°).

B H C
_ai3 | _RW3_(av3) 4/3_ai3
Smec =0 Sow == | T | B E o
2 2 2 2 _
Dién tich mot vién phan: R —R—\/g R ]—T—ﬁ :R(2n—3/_3)'
’ 6 4 213 2 12
2(077—
Tinh theo a, dién tich mot vién phan bang: 21(27;—63\/73) ;
2 2 _ 2 ) —
Sgachxqcz a \/é —6[4a (277 3\/_3)2 a (g/_s il ); Sgachxoc =M)
4 36 12 12
Ba tiép: 5,75[SHIFT| [¥*] (4 [ 9B 3[V] (141 [ i 122
Két qud: Sy, 0 = 8,33 cm’.
Bai7. Vién gach canh a=30cm c¢6 hoa van nhu hinh v€ .
a) Tinh dién tich phan gach xoc cua hinh A N B
da cho, chinh xdc dén 0,01 cm.
b) Tinh ti s6 phan tram giita dién tich phan
gach xoc va dién tich vién gach. M p
Giai: a) Goi R la ban kinh hinh tron.
Dién tich S mot hinh vién phan bang:
nR* R® _R? a’
s="" = =" (7-2)="(m-2 D C
4 2 4 ( ) 16( ) e

2
Vay dién tich hinh gom 8 vién phan bing %(n— 2).

2( 204
Dién tich phan gach xoc bang: a’- a (Z 2) _a (2 ”) .

Tinh trén mdy: 30[SHIFT]| |x*| [Min] 45 [ D1l [=]2[2]
[21(386.28) Vay S, = 386,28 cm’,
dn phim tiép:  |[+] (42.92)
Ti s6 cua dién tich phan gach xoc va dién tich vién gach 12 42,92%.
Pdp s56: 386,28 cm?; 42,92 %.
Bai8. Nhan dip ky niém 990 nam Thang Long, nguoi ta cho lat lai dudng ven hé Hoan Ki€m bang
céc vién gach hinh luc gidc déu. Duéi day 1a vién gach luc gidc déu c6 2 mau (céc hinh tron cing mot

mau, phan con lai la mau khéc).
Hay tinh dién tich phan gach cting mau va ti s6 dién tich gitra hai phan do,

biet raing AB=a=15cm. /,, <7~B
Giai: Ban kinh dudng tron ndi ti€p tam gidc déu /A(‘//A

12 (D L2200 4
-
. X

la: R= % . 3. L‘f’ Dién tich mi hinh tron 1a: 7R =

2

Dién tich 6 hinh tron 1a: ”Z‘ .

Tinh trén mdy: 15[SHIFT] [A [ 2[5] [Min] (353.4291)
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2\/§ 3a2\/§.

Dién tich toan b vién gach la: 6% =

2 2
Dién tich phan gach xoc la: 3a2\/§ - 77'21 .

Bdm tiép phim: 3[x| 15[SHIFT| 3 [+] =] [ [=](231.13797)
dn tiép phim: [+ Két qud: 65.40
Pdp s6: 353,42 cm® (6 hinh tron); 231,14 cm? (phin gach xoc); 65,40 %
Bai9. Vién gach hinh luc gidc déu ABCDEF c¢6 hoa van hinh sao nhu hinh vé, trong d6 cdc dinh hinh
sao M, N, P, Q,R,S Ia trung diém céc canh cta luc giéc.

Vién gach duoc to bang hai mau (mau cia
hinh sao va mau ctia phan con lai).
Biét rang canh ctlia luc gidc déu la a = 16,5 cm.
+ Tinh dién tich méi phan (chinh xdc dén 0,01).
+ Tinh ti s6 phan tram giita hai dién tich do.
g\f_\/é _ 32%/3
4

2

Giai: Dién tich luc gidc ABCDEF bang: S,=6

Q D

Luc gidc nho c6 canh 1a b :g, 6 canh sao la cdc tam gidc déu ciing cé canh 1a b :%. Twr d6 suy ra:

3b%/3 322V3

2 8

dién tich luc gidc déu canh b 1a S, bang: S, = , dién tich 6 tam gidc déu canh b 1a S;:

2
S,= 3‘""8[3.

Tinh trén mdy: 3[x] 16.5[SAIET] [x] [<|3[v] [£] 8[| 2[2 [2(353.66) [Min]
dn tiep phim: 3[x] 16,5[SAIFT] [x] (X 3[v'] [£]2[E [F] [MR] [2] (353.66)

dn tiép phim: [ Két qua: 100.
Vay dién tich hai phan bang nhau.

Loi binh: C6 thé chitng minh méi phan c6 12 tam gidc déu bang nhau, do d6 dién tich hai phin bing
nhau. Tir d6 chi can tinh dién tich luc gidc déu va chia doi.

Bail0. Cho luc gidc déu cdp 1 ABCDEF c¢6 canh AB=a=36mm. Tir cic trung diém clia mdi canh
dung mot luc gidc déu A'B'C'D'E'F' va hinh sao 6 cdnh ciing c6 dinh 1a cic trung diém
A, B, C'D'E"F '(xem hinh vé&). Phin trung tam cta hinh sao 1a luc gidc déu cap 2 MNPQRS .Véi
luc giac nay ta lai lam tuong tu
nhu doi véi luc giac ban dau ABCDEF va duoc
hinh sao méi va luc gidc déu cap 3. Daéi véi

\Vi

VS

luc gidc cép 3, ta lai lam tuong tu nhu trén
va dugc luc gidc déu cap 4. Dén day ta dimg lai.
Céc cénh hinh sao cung dugc to bang mot mau

(gach xoc), con cac hinh thoi trong hinh chia thanh E D' D

2 tam gidc va to bang hai mau: mau gach xoc va mau "trang". Riéng luc gidc déu cap 4 ciing duoc td
mau trang.

a) Tinh dién tich phan dugc to6 bing mau "tring" theo a.

b) Tinh ti s6 phan tram gitta dién tich phan "trang" va dién tich hinh luc gidc ban dau.
Giai: a) Chia luc gidc thanh 6 tam gidc déu c6 canh 12 a bang 3 duong chéo di qua 2 dinh doi xing qua

2 2
tam, trdétacé S=6 Ga?\/é = 3aT\/§ .Chia luc gidc ABCDEF thanh 24 tam gidc déu c6 canh biang %.
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Mbi tam gidc déu canh % c6 dién tich bang dién tich tam gidc "trang" A'NB' (xem hinh vé). Suy ra

dién tich 6 tam gidc tring vong ngoai bang 2—64 =%1 dién tich luc gidc cdp 1 ABCDEF .

2
Vay dién tich 6 tam gic trang vong ngoai la: %BSaT\/?S . (1)
b) Tuong tu véi céch tinh trén ta c6: MN =b =g i C =g .

Dién tich 6 tam giéc trang cua luc gidc cap 2 MNPQRS la: —E—IEb— (2)

2
Dién tich 6 tam giéc tréng cta luc giac cdp 3 la: %Bs% . 3)
2

Dién tich luc gidc trang trong cling bing (v6i d =§): 3 2\/5 . 4)
Toém lai ta c6:

1 3%/3  3%/3 . _1 Dsb 3_1 Lgazﬁ 32?3

S] = = 3 5 = 5 5
4~ 2 2 T4 2 2
_1 E;sc V3 _ 1 Egazfe, 3a2\/?3 3d%/3 _ 3a%/3 _ 33?3
T4 2 7 T 208 2"
2 4 2
S =S HS48,45, =3 3L+ L 2) BN 20 Ze2

dn phim: 3[x 36[SHIFT] EmlEzEME [2(3367.11)[Min]
Vay S,pepge = 3367,11 mm’.
dn tiep phim: 2[SHIFT] [x']4[+] 2[SHIFT| [x] [+] 2[=] [] 2[SHIFT]

[x'|6[x [MR][Z] (1157.44)  Vay S,.,, =1157,44 mm’.

rang

dn tiép phim: =] [MR] [SHIFT] [%] (34.38). Vay _Stang =34,38%.

ABCDEF
Ddp s6° 1157,44 mm® va 34,38%.
Baill. Cho hinh vuong cip mot ABCD v6i d0 dai canh 1a AB = a = 40cm. Lay
A B, C,D lam tam, thi tu v& cdc cung tron ban kinh bang a, bon cung tron cit nhau tai M, N, P, Q.
T gidc MNPQ ciing 1a hinh vuong, goi 1a hinh vuéng cép 2. Tuong tu nhu trén, ldy M, N, P, Q lam

tam v& cic cung tron

ban kinh MN , dugc 4 giao diém E, F, G, H

la hinh vuong cap 3. Tuong tu lam ti€p duogc

hinh vuong cdp 4 XYZT thi dung lai (xem hinh vé).
a) Tinh dién tich phan hinh khong bi

t0 mau (phin dé tring theo a).
b) Tim ti s6 phan tram giira hai dién tich t6 mau va khong t6 mau.

Giai: a) Tinh dién tich 4 cdnh hoa trang cdp 1 (bang 4 vién phan trir di 2 14n dién tich hinh vuong

cap 2).

2 2
S, = 4[-{% 12 -2 (b la canh hinh vuong cap 2).

Tuong tu, tinh dién tich 4 cénh hoa trang cap 2 va cép 3:
2 2
S = 4(ﬂ -b—) 2¢® (¢ la canh hinh vuong cap 3).

2
S, = (T_E) -2d? (d la canh hinh vuong cap 4).
Rit gon: S, =a*(m-2)-2b% S,=b*(m-2)-2¢* S,=c*(m-2)-2d*;
Sine=S+S,+S; = (a’> + b* + c)-4(b* + ¢*)-2 (a’ + d?).

tring

Tai Ligu b6 Aucomg boc vink gk - Clugin A2 Hinb Hoe


www.vietmaths.com
http://www.vietmaths.com/

www.VIETMATHS.com

Oun thi F68G gidi todn trén mdy tinh Casio Bé Vin Lim - Truong TICS TT Tan Uyéin
b) Ta c6: MCQ= 30" b = OM = 2MK = 2a.sin15° = a(2sin15°).
Tuong tu: ¢ = 2b.sin15° = a(2sin15°)*; d = 2c.sin15" = a(2sin15°)°.
Ky hiéu x = 2sin15° tacé: b = a.x; ¢ = axX’; d = ax.
Thay vao cong thiic tinh dién tich S, ta dugc:
Suing = (@ + a° x* + 2> x¥) - 4(a’ x* + a” x*) - 2(a’ + 2> X°)
= ma (1 + x> +x%) - 42%(x* + x*) - 2a’(1 + x%)

i phim: 15[o. (s [< 2[5 [oin] [SHIET] [7]4[5] [ [SHET] ]

[+] 1[=] [ [SHIFT] [ [x] 40[SHIFT] [x¢] [=] 4 <] 40[SHIFT]

Q) () (ST 5 ) (] (ST o ] ]2 < 40 S o]

ORI x]6[=] (2] (1298.36) [Min]
Vay S, =1298,36 cm®.

trang

Bdim tiép phim: 40[SHIFT] [x?] [] [=](301.64)  Vay S, ~301,64 cm’.
L S .
Bdm tiép phim: [+ (23.23) Vay Z8hx¢ 223 23%. Ddp s6° 1298,36 cm?;

rang

23,23%.
Bail2. Cho tam gidac déu ABC c6 canh 1a a=3333m va tam la O. V& cic cung tron qua hai dinh va
trong tam O cla tam gidc duoc hinh 3 14. Goi A', B', C ' 1a cdc trung diém cdc canh BC, CA va AB.
Ta lai vé& cdc cung tron qua hai trung diém va
diém O, ta ciing dugc hinh 3 14 nho hon.
a, Tinh dién tich phan cét bo (hinh gach xoc) clia AABC dé duoc hinh 6 14 con lai.
b, Tinh ti s6 phan tram gifta phan cat bo va dién tich ctia tam gidc ABC.
Giai: A'B'C ciing 1a tam gidc déu nhan O lam tam (vi AA', BB, CC"
cling 1a cac dudng cao, duong trung tuyén ctia A A'B'C'). 6 chiéc 14 chi

Q)
NNV

4////1“}/11’.:\

c6 diém chung duy nhat 1a O, nghia 1a khong c6 phén dién tich chung. B

Mai vién phan cé géc & tam bang 60°, ban kinh bing % dudng cao tam gidc déu. Goi S, 1a dién tich 1

2 2 3
MOK ONV3 _OK® ) 3 ) Tacé: oA=2
2 12 3 2 3

2 2
Goi Sladien tich 3 14 16n, S 1a dién tich 3 14 nho. Khi dy: S =6S, =OTA 27343 )=% Q7-33).

vién phan. Khi 4y S, =

2 2
Goi canh tam gidc déu A'B'C' la b, tuong tu ta ciing c6: SE% (27-33) =%r 2m-343).

2 2
Téng dién tich 614 1a: S+ S = (2 7-3/3 )(%+%1 ).
Dién tich phin gach xoc (phan cat bd) 1a S.
273 5

5 a3 2 2 75
S=Suec-(S+S)= 2 -(2ﬂ-3\/§)(?+§)—(—8 TZIT)aZ.

Tinh Syee: 33.33[SHIFT] 3[V7] [E 412 (481.0290040) [Min]
Tinh S : 71 3[V"| [ 8[F 5 [F 12[x] [ [=] X 33.33 [sHiFT] [¢] [=] (229.4513446)

Vay S =229,45 cm’.
dn tiép phim dé'tinh SS" : [5] Két quad: 47.70

ABC

DPdp s6: S =229,45 cm?;

g"

=47,70 %.

‘ABC
Bail3. Tinh ti s dién tich phan t6 dam va khong t6 dam
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biét rdng ABCD Ia hinh chit nhat, céc tam gic 1a cdc tam gidc déu.
Loi giai
GoiDC:DQ:QC:a(a>0):>PQ:#
a a3 a’\3
:>SAADQ+SBCQ—DPPQ—————=SAQDC
2 2 4
2
3 a’ PQ
\Soopm=TOP=1t| 22 | =2, s =T n—
©on (3.2} 127 oW ( 6 j 48
1 DC PQ 1 a a3 _a’\3
\Sppgp = == & AV2 -
2 2 2 22 4 16

*) Téng dién tinh phan mau trang:

a’\3 a’ 2\/_ a’ 5432’ ] 5a°T

S, = Sagpe - Sio.0r) + Saper- S0 0m = (—— - _) ( m—)=

4 48 16 48
*) Téng dién tich phéin to dam:
a’\3 2\/_ a> 33> salm
S, = + (T—- + T— = +
4 16 48 16 48
2 2 2

:iz(sﬁa , 5 n):(S«/ga s 33 s_n)(sf_ 5”)~3046532985

s, = 16 = 48 " 16 48 16

Luu y: Néu tinh ty s6 ngugc lai thi: S;: S, = 0,328241973
Bai tdp ap dung.
Bail. Cho 3 hinh tron c6 cung ban kinh Rv-@,tiép xac ngoai nhauat A;B;C.Tinh dén tich tam
giac cong ABC.
J6-2

J2+6y5

cua hinh vudng.Tinh dn tich hinh hoa th4 canh.
Bai3. Qua 1diém tly y rim bén trong tam giac ABC,tardg 3duong thing ln lwot song song &
3 @mnh aia tam gidc.Caduong thing d6 chia tam gidc thanh sauiphtrongdé c6 ba phn 1a ba tam
giac co dén tich An luot 1a: 772; 777 +1; 717 + 3.Tinh dién tich tam giac ABC.
Bai 4. Tinh dién tich phan nam trong tam gidc nhung ndm ngoai céc hinh tron
béng nhau ¢6 ban kinh 3cm

Bai2. Cho hinh vuénganh a=———=, ngroi ta ding 4 duong tron coduong kinh 1a bn canh
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